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Chapter 1

Research Activity

« Il suivait son idée. C’était une
idée fixe, et il était surpris de ne
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CHAPTER 1. RESEARCH ACTIVITY

Following my thesis work on the propagation of elastic waves in heterogeneous me-
dia with continuously variable properties, I chose to study the interaction of ultrasound
with bone tissue. In this first chapter, we will begin by describing the work I have done to
characterize the bone quality of adult bone affected by fragilizing diseases such as osteo-
porosis. Healthy adult bone is a documented and well known material. The challenge is
therefore to build a tool for assessing bone quality and monitoring its evolution over the
course of life : a diagnostic tool.
When considering ultrasonic modalities for living organisms, it is stressed that they are
non-invasive, non-irradiating, non-ionizing, and that they can be used to develop inex-
pensive, portable devices for the patient’s bed. These criteria are important for the pa-
tient and take on an additional dimension in the case of paediatric patients for whom
the other diagnostic protocols (X-rays, MRI) are heavy (sedation, anaesthesia, dose). In
addition, it is now known that the growing bone has specific pathologies and its own me-
chanical behaviour. You can’t just look at child bone as a miniature adult bone. Howe-
ver, in order to diagnose pathologies, however, a reference healthy state must be defined.
Non-pathological growing bone is a poorly known material. That’s why I found it very
interesting to contribute to the development of a reference database on childhood bone
by developing high-resolution imaging tools and dedicated mechanical characterization
protocols. The idea is to make a link between the organization of the fabric and its me-
chanical properties at different scales. The challenge is certainly to characterize the me-
chanical behaviour of the child’s bone but also to relate it to morphometric parameters
accessible by imaging.
But ultrasound is full of resources and, diagnostic tool, it can also be therapeutic vector.
This is the subject of the second part of this first chapter. This second part begins with
a study in which bone tissue appears in the backplane. The aim was to study the pro-
pagation of ultrasound waves within the skull to analyze the effect of ultrasound on the
dissolution of a blood clot in the brain. That’s when the theranostic stakes in ultrasound
became apparent in my research. This triggered my interest in ultrasonic stimulation of
bone regeneration, a subject that feeds my current research projects.
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CHAPTER 1. RESEARCH ACTIVITY

1.1 Ultrasound & bone : diagnostic tool

After working on the characterization of heterogeneous materials such as concrete
during my thesis, I applied these developments to the ultrasonic evaluation of bone resis-
tance to improve the diagnosis of osteoporosis. In 2005, I started to work on cortical bone
characterization and I still work on that type of bone, which represents 80 % of the human
bone mass.

1.1.1 Ultrasound and cortical porosity

In October 2005, in the Biomedical Imaging Laboratory (UMR 7371) directed by Pas-
cal Laugier (DR CNRS), I implemented my skills in ultrasonic acoustics in heterogeneous
materials while discovering the field of biomedical. I studied the impact of porosity on the
mechanical behaviour of the cortical bone via propagation of ultrasonic waves in order to
build a numerical model of bone as realistic as possible.

Ultrasonic characterization of the cortical bone

In general, the relevance of ultrasound for assessing bone in vivo is now well establi-
shed, particularly in the area of diagnostic support for osteoporosis, an osteopathy asso-
ciated with an increased risk of fracture. Ultrasound devices for trabecular bone exami-
nation thus have very good performance in terms of prediction of fracture risk, which is
equivalent to that of the X-ray absorption technique. Although more recent and less well
documented, ultrasound systems for cortical bone examination also have proven ability
to predict bone strength and the risk of osteoporotic fracture.

The prospect of a bone quality assessment breaks with current practice, at least in
the area of osteoporosis diagnostic support. Currently, the ultrasonic index used to pre-
dict fracture risk is the speed of elastic waves or the variation in wave attenuation as a
function of frequency. Cortical bone has benefited from upstream studies which, as part
of experimental studies or more or less refined academic models, have established that
the speed of elastic waves observed results from the combined effect of several properties
such as cortical thickness, porosity (ratio of volume occupied by pores to total volume)
and mineralization. The cortical bone allows the propagation of several guided modes in a
sufficiently wide frequency range (Lamb wave type). These waves are, in current practice,
observed in axial transmission configuration, transmitters and receptors aligned along
the direction of the bone axis. The velocity of each of these waves has a specific depen-
dence on bone properties. The exceptional diversity of the ultrasonic response of cortical
bone suggests the possibility of a multiparametric characterization of bone quality, but
this requires the construction of relevant models that take into account the complexity
of bone tissue : anisotropy, multi-scale porosity, complex geometry. Improving the repre-
sentativeness of models is a major challenge.

Numerical simulation of ultrasonic wave propagation in reconstructed bone samples

During my post-doc, my involvement in the project coordinated by Maryline Talmant
(CR CNRS), mainly focused on the numerical aspect and the construction of a virtual bone
model. The virtual bone model is constructed by numerically simulating in vitro axial
transmission experiments performed on human radius samples. These simulations are
based on a finite difference calculation code developed in the laboratory (www.simsonic.fr)
[BOSSY et al., 2004]. Bone tissue samples are obtained from microtomographic images
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CHAPTER 1. RESEARCH ACTIVITY

(pixel size 10 microns) at a sufficiently high resolution to reconstruct the vascular pore
network. Parallelepiped blocks are then extracted from these reconstructions to be in-
tegrated into the calculation code (Figure 1.1). The mechanical properties, i. e. stiffness
cœfficients and density, used in input data are themselves measured experimentally.

a. b.

FIGURE 1.1 – Simulation of plane wave propagation (b) through a reconstructed block (a).

Cortical bone is modelled at this scale by a fluid/solid biphasic medium : pores filled
with a supposedly perfect fluid and assimilated to water ; a solid, elastic and anisotropic
bone matrix. Each of the two phases is characterized by its mechanical properties : cœffi-
cients of elasticity and density. In axial transmission, for frequencies less than or equal to 1
MHz, the wavelength is a few millimetres and is larger than the characteristic pore size of a
few hundred micrometers maximum. The propagated ultrasonic plane wave "sees" there-
fore an equivalent homogeneous medium. With reconstituted samples having porosities
covering the porosity range of the cortical bone (up to 15 %), it is possible to study the
impact of porosity, as a volume fraction, on the mechanical behaviour of the bone (stiff-
ness cœfficients and anisotropy) via simulation of propagation of ultrasonic bulk waves.
The simulation of an axial transmission system (transmitter/receivers) records the signals
propagating within the sample blocks. The propagation velocities are then calculated by
detecting the first maximum. From the compression and shear velocity values obtained in
this way along the three spatial directions, the diagonal coefficients of the stiffness matrix
were derived using Christoffel’s equation.

These results highlight the strong relationship between ultrasonic measurements and
porosity and the impact of porosity on bone anisotropy (Figure reffig : CijPoro). The construc-
tion of an ultrasound interaction model with cortical bone must therefore integrate these
factors for a better understanding of the physical phenomena induced.

These results (Figure 1.2) have been the subject of several international communi-
cations and are presented in an article published in the Journal of Acoustical Society of
America [BARON et al., 2007] (see Chapter 4 p. 44).

1.1.2 The cortical bone as a functionnally graded material

The mechanical properties of cortical bone vary according to the anatomical site and
individuals. One of the major challenges of ultrasonic characterization of bone quality is
to determine relevant parameters that would overcome these inter-site and inter-individual
variations. To do this, I proposed to consider a new parameter to characterize the mecha-
nical quality of the cortical bone : the progressive (or even continuous) variation of the
mechanical properties (coefficients of elasticity) along the cortical thickness. The choice
of this endpoint was made by observing the changes induced by osteoporosis. In the case
of this pathology, there is usually a coupled effect : trabecularization of the endostasis
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CHAPTER 1. RESEARCH ACTIVITY

FIGURE 1.2 – Stiffness coefficients evolution with cortical porosity.

which leads to thinning of the wall. In other words, the porosity gradually increases in the
cortical thickness, which decreases (Figure 1.3 a.). In the description of the process itself,
it is suggested that a parameter that integrates both microarchitecture (pore distribution)
and bone geometry (cortical thickness) would be an advantage in the evaluation of bone
quality and especially of its evolution. This is the case of the gradient of mechanical pro-
perties in the radial direction of the long bone.

a.

Endoste

Perioste tissus mous

moelle

b.

FIGURE 1.3 – a. Osteoporosis effects : trabecularization and thinning of the cortex. b. Cortical bone
as a functionnally graded material.

Stroh’s formalism

During my thesis work, I developed a numerical tool to study the sensitivity of elastic
waves to continuous profiles of properties [BARON, 2005]. A waveguide is considered to
have mechanical properties represented by the Cij stiffness coefficients and the density ρ
that vary in a direction perpendicular to the direction of flat wave propagation. The chal-
lenge is to solve the wave equation for rigidity coefficients and density that depend on a
space variable. One of the most commonly used solutions is the modelling of the medium
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CHAPTER 1. RESEARCH ACTIVITY

with gradient of properties by a multilayered medium for which the properties are piece-
wise constant, which makes it possible to solve the wave equation in a classical way on
each of the layers, these solutions being then connected together by the boundary condi-
tions. This therefore provides an exact solution to an approached problem. The objective
of my thesis work was to provide an approach to the exact problem and thus to formulate
an analytical solution of the wave equation by keeping continuous profiles of variation
of characteristic properties and to evaluate this solution numerically. The objective was
achieved using the Stroh’s formalism Stroh1962 and A. Shuvalov’s works [SHUVALOV, 2003;
SHUVALOV et al., 2005].

Application to cortical bone

The idea was therefore to consider cortical bone as a plane waveguide, whose proper-
ties continuously vary in the radial direction of the bone, perpendicular to the direction of
propagation of the waves in the case of characterization by axial transmission (Figure 1.3
b.) [BARON et NAILI, 2010] (see Chapter 4 p.63). This model was then extended to include
cylindrical waveguides that are more representative of the geometry of long bones [BA-
RON, 2011] (see Chapter 4 p. 75). Changes in physiological properties and characteristics
of age-related changes in bone tissue remained to be defined. Based on the results obtai-
ned by BOUSSON et al. [2001] and by implementing the homogenization (micromecha-
nical) models described by GRIMAL et al. [2011], I determined realistic property profiles
for different ages. I thus verified that the ultrasonic waves were sensitive to these phy-
siological profile variations in a frequency range used conventionally for the ultrasonic
characterization of cortical bone [BOSSY et al., 2004; MOILANEN et al., 2007].
This study confirms the relevance of ultrasonic characterization techniques for assessing
bone quality and led to a publicization in Ultrasound in Medicine and Biology [BARON,
2012] (see Chapter 4 p. 84).

Experimental validation

In parallel, I developed an experimental protocol for characterizing a plate with gra-
dient of properties. The principle consists in generating compression waves at an inci-
dence corresponding to the propagation of specific guided modes. The recorded time si-
gnals are then processed by double Fourier transform in order to identify the dispersion
curves (phase velocity as a function of the frequency-thickness product) of the propaga-
tive modes. The assembly and the protocol were validated on homogeneous and isotropic
aluminium plates of different thicknesses (Figure 1.4).

The experimental measurements were carried out at the LMA (UPR CNRS 7051) in
August 2012 in collaboration with the SERM (Service d’ Études et de Réalisations Mé-
caniques). The protocol and assembly were therefore validated for a homogeneous and
isotropic plate. Materials with gradients of controlled properties representative of the ob-
served variations in mechanical properties in the thickness of human cortical bone have
yet to be developed. Within the framework of the DEFI CNRS REPOUSSE (see § 2.1.1 p.
28), I met Laurent Malaquin from the LAAS (UPR CNRS 8001, Toulouse) who develops 3D
manufacturing protocols likely to provide materials with controlled porosity gradient and
morphologically close to the cortical bone [MÉZIÈRE et al., 2016].

6
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FIGURE 1.4 – Dispersion curves : wave number-thickness product (k ×d) function of frequency-
thickness product ( f ×d). a) 5mm-thick aluminium plate, incidence angle of 28◦ : A1 mode. b)
5mm-thick aluminium plate, incidence angle of 12◦ : S1 and A2 modes. c) 2mm-thick aluminium
plate, incidence angle of 37◦ : A0 mode. d) 2mm-thick aluminium plate, incidence angle of 12◦ : S0

mode.

1.1.3 Characterization of human growing bone

Since 2009, I have been working on characterization of the children bone. Children
bone are a material for which the reference values of characteristic properties (mecha-
nical, biochemical, structural) are sorely lacking. The determination of these reference
values is a crucial issue for clinicians in order to develop diagnostic and therapeutic pro-
tocols dedicated to paediatric pathologies. Currently, the most commonly used criterion
for diagnosing bone fragility is the measurement of bone mineral density (BMD), conven-
tionally determined by X-ray scanning. However, this technique requires special protocols
adapted to paediatric practice (anesthesia, radiation dose). In addition, the BMD measu-
rement gives access exclusively to the bone mineral content (quantitative data) and does
not provide any qalitative information on the microstructure or mechanical properties
of the bone. The ambition is therefore to provide reference values for the quality of the
growing bone : mass density, modulus of elasticity, anisotropy, morphometry, collagen
biochemistry. The different methods I used to characterize the child’s bone have been
implemented on samples extracted from surgical waste. The preparation of these small
samples (cutting, surface finish) is delicate and requires precise protocols that we have
developed specifically.

This research was carried out within the framework of an ANR contract (MALICE 2012-
2016), a Carnot financing (CROISSANCE 2016) and two theses that I co-supervised (Em-
manuelle Lefèvre 2012-2015 and Marie Semaan 2015-2018). My contribution focused on
2 questions :

7



CHAPTER 1. RESEARCH ACTIVITY

— high resolution imaging and morphometric study of children bone ;

— ultrasound evaluation of the anisotropy of children bone.

Morphometry of children cortical bone

It is now clearly established that bone architecture and its multi-scale organisation are
determinants of bone quality. One of the challenges is therefore the evaluation of mor-
phometric parameters of bone as a porous material. It is important to note that bone is a
multi-level porosity material at different scales from mesoscopic to nanoscopic. The me-
soscopic porosity is the vascular porosity of the Havers and Volkmann canals.
On the one hand, the aim is to reliably reconstitute the 3D poral network, in order to res-
pect the privileged orientations and pore geometry and deduce the contribution of the
microstructure in the general anisotropy of bone tissue (Figure 1.5) ; on the other hand,
to define the elasticity tensor of the supposed anisotropic bone matrix. I have initiated
work on the study of growing bone morphometry from image analysis of samples collec-
ted in the MALICE project. The objective is to determine characteristic parameters that
may reflect the quality of bone in children.

FIGURE 1.5 – Pore diameter distribution along the 3 directions of space for a parallelepipedic
sample of adult radius.

In collaboration with Yohann Bala (post-doc ANR MALICE), we reconstructed 54 cu-
bic bone samples of children and adults from RX images obtained by micro-CT (Skyscan
1174, Skyscan NV, Kontich, Belgium)(Figure 1.6). The voxel size has been set at 8.14 µm).
Morphometric analyses were performed using a semi-automatic method (CTAnalyser Soft-
ware V 1.14.4, Skyscan NV, Kontich, Belgium).

8
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FIGURE 1.6 – 3D reconstruction of the vascular pore network on 3 samples : effect of ageing.

FIGURE 1.7 – Effect of the filter in the detection of small canals in images of children bone (voxel
size 19.1 µm). Porosity with and without filter estimated respectivly at 7.2% and 2.8%.

We have thus evaluated the evolution of the poral structure as a function of age : the
small number of pores but large diameters in childhood give way to a more compact
structure (numerous pores but small diameter) in adolescence, leading to a more porous
structure (numerous pores and large diameter) with aging. Unfortunately, our study does
not cover the 20-50 age group.

To go further in mastering the evaluation of these parameters, I contacted Jérôme Vi-
cente free software developer iMorph (http ://imorph.sourceforge.net/). The GROWTH
project funded by the Carnot Institute has enabled the recruitment of Pierric Mora (post-
doc 1 year) who has developed specific image processing tools for morphometric analysis
of the growing poral network of cortical bone. These advances are based on the use of a
filter developed as part of the vascular network reconstruction [FRANGI et al., 1998] and
implemented by Pierric in the iMorph software (Figure 1.7). The results showed the im-
portance of using this filter to obtain a correct estimate of porosity in images with a reso-
lution of less than 10µm and in the presence of small channels. In the case of 19 µm child
bone images, for example, the relative difference in the estimate of filtered and unfiltered
porosity can reach more than 150% (Figure 1.7) !

This improved volume porosity estimation and improved geometric parameters of the
vascular pores. This work was presented at the European Society of Biomechanics (ESB)
congress in July 2017 in Seville and is the subject of a publication to be submitted to Cal-
cified Tissue International in the near future.
These analyses were carried out both on anatomical pieces harvested from operating
theatres or on corpses (tubular pieces Figure 1.7) and on parallelepipeds extracted from

9



CHAPTER 1. RESEARCH ACTIVITY

the same pieces on which mechanical characterization tests will be carried out (see §1.1.3).
This will allow us to :

— estimate the representativeness of the extracted blocks and the spatial heteroge-
neity of the poral network ;

— correlate the morphometric and mechanical properties of the tissue.

Anisotropy of the children cortical bone

One of the challenge in MALICE project and in the PhD thesis of Emmanuelle Le-
fevre, was to characterize the anisotropy of growing bone at mesoscale and microscale.
The parallelepipedic samples are extracted from surgical waste. Due to their very little di-
mensions, the mechanical characterization of these samples by ultrasound methods or
mechanical testing is thorny.
The parallelepipedic samples are tested through 3 different protocols :

— ultrasound transmission in the 3 directions of space ;

— resonant ultrasound spectroscopy ;

— nanoindentation.

Sample preparation and cutting is a major concern as the quality of the measure-
ment depends strongly on the geometry and the surface states. We designed a dedicated
sample holder adapted to the low-speed diamond-saw we used (Isomet 4000 - Buelher).
This sample holder guarantees the parallelism of the opposite faces and the perpendicu-
larity of adjacent faces.

Characterization by ultrasound transmission - A new experimental set-up has been vali-
dated to characterize millimetric parallelepipedic bovine bone samples (Figure 1.8, left).
To deal with the small dimensions of the samples, we used pinducers mounted on a
sample holder dedicated to small samples. The cortical bone samples were extracted from
bovine bone. Several parallelepipeds were cut (between 2- and 10mm side). The set-up is
immerged in a water tank and we evaluate the compression wave propagation velocities
in the three dimensions of the sample and deduce the 3 first diagonal stiffness coeffi-
cients (C11, C22, C33 ; 1=radial,2=circumferential, 3=axial). Another experimental protocol
was tested to assess the three stiffness cœfficients linked with the shear waves propaga-
tion generated by shear transducers in contact (Figure 1.8, right).

FIGURE 1.8 – Experimental set-ups for ultrasound characterization of millimetric bone samples.

This prelimanary study on bovine bone validated the experimental protocol to apply
it on human bone samples, adults and children. The 6 diagonal stiffness coefficients were
estimated (Table 1.1) and it seems that adult and children cortical bone tend to be trans-
versely isotropic with C33 > C11 = C22 et C44 = C55 > C66 (1 = radial, 2 = circonferential and

10



CHAPTER 1. RESEARCH ACTIVITY

3 = axial).

Children (n=13) Adults (n=16)
6-18 yo (13 ± 4) 50-95 yo (75 ± 13) p-values

Mean (STD) Mean (STD)

C11 16.1 (2.5) 17.7 (3.6) 0.021
C22 15.3 (2.5) 17.7 (6.1) 0.045
C33 23.6 (4.4) 28.0 (5.1) 0.011
C44 4.1 (0.8) 4.8 (0.6) 0.017
C55 4.0 (0.9) 4.9 (1.1) 0.019
C66 3.0 (0.4) 3.6 (1.0) 0.017

TABLE 1.1 – Stiffness coefficients on fibulae. p-values obtained via Mann-Whitney test

This work was published in an international peer-reviewed journal [LEFÈVRE et al.,
2015] (see Chapter 4 p.95).
These results were put in relation with the morphometry analysis led by Yohann Bala,
this work was published in Journal of the Mechanical Behavior of Biomedical Materials in
2016 [BALA et al., 2016] (see Chapter 4 p.104).

Resonant Ultrasound spectroscopy characterization - During the PhD thesis of Marie Se-
maan, we tried to complete the children bone stiffness tensor. We develop an experimen-
tal set-up inspired from Simon Bernard’s work [BERNARD et al., 2013, 2015, 2016]. It was
made at the LLMA in collaboration with Cédric Payan and Philippe Lasaygues. It was va-
lidated on reference materials and bovine bone samples presentind the same geometry
(parallelepipedic) and the same dimensions (millimetric) as the children bone samples.
Firstly we used RITA software develppped by Pierre-Yves Lebas in Los Alamos based on
the theory described in MIGLIORI et al. [1993]. The theoretical eigenfrequencies of the
sample are calculated from its known dimensions and mass and making an assumption
on the material properties (stiffness tensor Cij). Then a data acquisition was done using
shear transducers (Figure 1.9).

FIGURE 1.9 – Resonant ultrasound spectroscopy set-up.

The signal is analyzed to determine the frequencies of the recorded modes. The in-
verse problem for obtaining the complete tensor of the stiffness coefficients (Cij) is then
solved on the basis of a Levenberg-Marquardt scheme [LEBEDEV, 2002]. Cortical bone is
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a highly heterogeneous material, which makes its resonance modes difficult to measure
and identify, the results obtained with RITA have been found to be highly dependent on
the (Cij) values used to initialize the inverse problem resolution. These values are derived
from the literature for adult bone [BERNARD et al., 2013] and child bone [LEFÈVRE et al.,
2015] and hypothesizes on presumed bone anisotropy : orthotropic for adult bone and
transverse isotropic for children bone.
During his post-doctorate, Pierric Mora developed under Python an ultrasonic resonance
data inversion module incorporating the Bayesian approach to mode identification des-
cribed in [BERNARD et al., 2015]. This probabilistic approach is well suited to small num-
bers and low occurrence, as is the case for our study. It is also called subjective probability,
and is based on the consideration of knowledge. The Bayesian approach has shown that,
despite a lack of information and incomplete data, it can solve many inverse problems. It
differs from the standard statistical approach in that it allows results to be inferred with
little information, at the cost of increased computation complexity.
The results obtained on adult bone are in perfect agreement with the literature and were
presented at the 2017 European Society of Biomechanics (ESB) congress. The validated
protocol was applied for the characterization of child bone. To my knowledge, this is the
first time that complete rigidity tensor has been obtained on non-pathological children’s
bone samples, which represents a significant advance in the knowledge of the mechanical
quality of the growing bone.
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This study confirms the anisotropy of children bone and indicates a trend to transverse
isotropy (isotropic plane perpendicular to the bone axis). These results have been sub-
mitted as a Short Communication in the Journal of Biomechanics.

Nano-indentation - The cortical bone anisotropy is the result of the pore network orienta-
tion but also of the anisotropy of the bone matrix. To know the weight of each contribution
would helps to costruct relevant homogeneization models.
During Marie Semaan ’s PhD, we bought an instrumented nanoindentation device (NHT2

Anton Parr) in order to characterize the growing bone at the microscoic scale. using a tip
of known geometry, we procedd to the indentation of the material by applying a given
force. The Young’s modulus is deduced from the penetration depth using the theory de-
velopped in OLIVER et PHARR [1992]. The test can be done in the three directions of space
giving information on the anisotropy of the bone matrix independently of the pore net-
work. At this scale, the bone tissue is composed of osteonal and interstitial tissues (Figure
1.10). The idea is to relate the mechanical parameters measured at this scale to echani-
cal properties at the mesoscopic scale obtained L’idée est de relier les paramètres méca-
niques ainsi mesurés aux propriétés mécaniques évaluées à l’échelle mésoscopique par
méthodes ultrasonores. Ces mesures nécessitent une préparation des échantillons minu-
tieuse et précise, pour cela nous avons conçu et développé un système de polissage qui
assure à la fois le parallélisme des faces opposées et une qualité de surface suffisante pour
mener les mesures de nanoindentation.
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FIGURE 1.10 – Haversian structure of human cortical tissues. O : osteonal tissue ; I : interstitial
tissue.

We validated the experimental protocol on bovine bone. Tests on adult and pedia-
tric bones were performed. The evaluation of the indentation module requires statistical
analysis on a large number of points, the characterization by nano-indentation of all col-
lected samples took several months. A publication is in the process of being prepared and
is expected to be submitted in early 2018.

Ultrasound therefore appears to be relevant diagnostic tools for bone pathologies.
Their non-invasive, non-irradiating and non-ionizing characteristics are strategic cri-
teria, particularly in paediatrics. Moreover, they are inexpensive and portable devices,
which makes it possible to envisage a rapid use and patient’s bed.
These advantages can also be implemented in therapy, as ultrasound waves can also be
involved in the treatment of biological tissues.

1.2 Ultrasound and biological tissues : therapeutic vector

Two experiments are discussed here : the first concerns the propagation of ultrasonic
waves inside the skull and the second concerns the interaction of ultrasound with bone
during regeneration.

1.2.1 Sonothrombolysis

From November 1,2006 to August 31,2007, I held a position as Temporary Teaching
and Research Associate at Paris 7 University. I carried out my research at the Langevin
Institute in collaboration with Jean-François Aubry (DR CNRS).

My study focused on controlling the safety of therapeutic practices using sonothrom-
bolysis in the treatment of ischemic stroke.

There are two types of Cerebrovascular Accidents :

— 20% are haemorrhagic. Haemorrhage occurs when a cerebral artery bursts and lets
blood flow into the brain, as the artery can be weakened by high blood pressure or
birth defects.

— 80% are ischemic. Ischemia (thrombosis) occurs when a cerebral artery is blocked,
and a blood clot (thrombus) is formed which prevents the brain from being irriga-
ted. Diabetics and hypertensive patients are the main subjects since these diseases
contribute to the thickening of the wall of the cerebral arterioles, sometimes up to
the occlusion.
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Stroke treatment with sonothrombolysis

Thrombolysis is used to treat the second type of stroke. It consists of breaking down
blood clots chemically by injecting an anticoagulant drug (tissue plasminogen activator
or tPA) intra-arterially.

Experimental studies have shown that emitting ultrasound through the cranium can
increase the effectiveness of thrombolysis, i. e., accelerate the effect of the drug injected
and thus the effectiveness of treatment administered to the patient with ischemia. This
is called sonothrombolysis. To confirm these results and assess the risk and practicability
of sonothrombolysis in humans, a clinical study was undertaken in patients with severe
ischemic stroke [DAFFERTSHOFER et al., 2005]. Despite encouraging initial results, the oc-
currence of secondary cerebral hemorrhage in almost all (13 out of 14) patients treated
with low-frequency ultrasound (300 kHz) tPA still raises doubts and raises questions about
the experimental protocol to be adopted (transducer size, emission frequency, duration
of emission, etc.).

The use of a numerical tool to simulate the propagation of ultrasound waves through
the brain makes it possible to understand what causes these secondary cerebral hemor-
rhages and to explore alternative solutions to avoid them in the future.

Numerical simulation for the safety control of sonothrombolysis

The modelling of the acoustic properties of the skull, phase velocity, density and acous-
tic absorption, uses density data provided by X-ray images of cross-sectional sections of
the skull from which a realistic 3D skull model can be reconstructed.

In order to carry out numerical simulations of ultrasonic wave propagation through
the skull, a finite difference diagram is used to implement the wave equation in a fluid,
taking absorption into account. To verify the validity of the modeling, the propagation of a
plane wave emitted by the transducer array was simulated and compared to experimental
signals with success [AUBRY et al., 2003].

The study was based on a comparison of two clinical studies conducted in patients
treated with severe stroke : the first one named CLOTBUST combined an anticoagulant
with ultrasound at a frequency of 2 MHz using a scanner-doppler [ALEXANDROV et al.,
2004], The second, TRUMBI, accelerated the action of the anticoagulant by providing
low-frequency ultrasound (300 kHz) [DAFFERTSHOFER et al., 2005]. In the first case, the
results showed a beneficial effect of ultrasound in dissolving the clot, while the second
case had to be interrupted because of adverse side effects (typical hemorrhages). Using
the numerical tool briefly presented above, we tried to understand the phenomena in-
volved in this treatment by sonothrombolysis. Once the absorption, density and velocity
maps have been reconstructed to generate the 3D model of the skull, the finite difference
code mentioned in the previous paragraph is used to solve the wave equation in an ab-
sorbent medium. Experimental conditions are reproduced as close as possible to reality :
position and size of the transmitters, focal length, frequency and transmission time. By
simulating the two clinical devices, we have identified acoustic cavitation phenomena
(gas bubbles forming in areas of fluid depression) in the brain that may be responsible for
secondary cerebral hemorrhage observed in the TRUMBI protocol. These zones of acous-
tic cavitation do not appear in the CLOTBUST study, at 2 MHz the ultrasonic energy is
strongly absorbed during the skull crossing. Numerical simulations have shown the pre-
dominant role of skull shape in the appearance of stationary waves and the formation of
hot spot (pressure peak). It seems therefore necessary to remain below the cavitation thre-
shold, but it is necessary to know what the impact on the sonothrombolysis phenomenon
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FIGURE 1.11 – Position of the negative pressure peak (red dot) and distribution of the ultrasonic
field through the temporal windows a) right and b) left.

would be. After extensive literature review and discussions with clinicians who participa-
ted in the trial campaign, contradictions emerged regarding the pressure levels generated
and emission parameters. The conclusions of my analysis on this subject are the subject
of an article published in Ultrasound in Medicine and Biology in 2009 [BARON et al., 2009]
(see Chapter 4 p.53).

1.2.2 Ultrasonic stimulation of bone regeneration

In 2012, I decided to do a new job that I had mentioned in my CNRS recruitment pro-
ject. This involves understanding the mechanisms involved in utrasonore stimulation of
bone healing. Most of my work focuses on ultrasound as a diagnostic vector (mechanical
characterization), I wanted to explore the potential of ultrasound as a therapeutic vector.
When ultrasound is mentioned in the biomedical environment, ultrasound is immedia-
tely mentioned as an imaging tool. Ultrasound is also used in clinical routines to destroy
kidney stones or tumor tissue. There is a clinically observed phenomenon that remains
poorly understood : ultrasound stimulation of bone healing. The ultrasounds involved
are low Intensity Pulsed UltraSound (LIPUS). The effect of ultrasound on tissue regene-
ration was demonstrated in the 1950s. Since the 1980s, several publications have studied
this phenomenon in different processes of adaptation of the bone to its environment :
growth [DUARTE, 1983] ; targeted remodeling [CHAN et al., 2006] ; healing [SCHORTING-
HUIS et al., 2003]. In 1994, the FDA approved the use of this modality in clinical applica-
tions. An Exogen (Bioventus) home treatment device is now available on the market. Ho-
wever, although observed clinically and on animal models [HECKMAN et al., 1994; MAYR

et al., 2000] and studied for more than 30 years, the ultrasound stimulation of bone hea-
ling remains poorly understood and the underlying physical mechanisms remain unclear.
It is with the intention of filling this gap that I initiated a project in collaboration with Ca-
rine Guivier-Curien (MCF, IRPHE UMR 7342 CNRS Aix-Marseille Université) to develop a
relevant numerical model that could provide answers on this theme.

Bone is a living material that has the ability to adapt to environmental stresses and re-
pair itself in the event of a fracture through the bone remodeling process : a smart balance
between the actions of osteoclasts (which destroy the bone) and osteoblasts (which build
the bone), all driven by osteocytes (Figure 1.12).

In the case of a fracture, it is placed in diaphysis of the long bones (femur, tibia, ra-
dius etc.). So we always focus on the cortical bone. However, while in my previous work
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FIGURE 1.12 – From [KLEIN-NULEND et al., 2013]

I considered vascular porosity and its contribution to bone mechanics, the issue of bone
remodelling also requires taking into account a second level of porosity. The bone will
therefore be considered as a medium with double porosity (Figure 1.13) :

— vascular porosity : Ø100 µm contains blood vessels and nervesfs (see § 1.1.3.a) ;

— lacuno-canalicular porosity : Ø10 µm contains the osteocytes cbone cells, the cor-
nerstone of mechanotransduction.

FIGURE 1.13 – Cortical bone as a medium with double porosity.

The lacuno-canalicular network is at the heart of our problem. Indeed, among the
strong hypotheses formulated in the literature, the principle of ultrasonic stimulation of
bone healing would be based on the generation of fluid shear stresses within the intersti-
tial fluid bathing the osteocytes, which would trigger the osteocyte response and activa-
tion of bone remodeling.

The objective is to identify the mechanical message that osteocytes perceive as a re-
sult of LIPUS ultrasound stimulation. For this purpose, a two scale numerical model was
developed with the collaboration of Vu-Hieu Nguyen and Salah Naili (MSME UMR 8208
CNRS UPEC UPEM, Créteil) under the commercial software Comsol Multiphysics. The
challenge is to take into account a multiphysical and multi-scale phenomenon.

Two numerical models are implemented :

— the first one is 2D and represents the scale of the tissue (Figure 1.14 left),

— the second is 3D and represents an osteocyte lacuna and its idealized canalicules
within the extracellular matrix (Figure 1.14 right)
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FIGURE 1.14 – Models with mesoscopic (left) and microscopic scales (right). MPE : Poroelastic
matrix.

At the tissue or mesoscopic scale - First of all, a 2D model is considered to simulate an ul-
trasonic stimulation equivalent to that induced by Exogen (f = 1 MHz, pressure = 67 kPa,
duty cycle = 20 %, pulse duration = 1 ms, Øtransducer = 10 mm) over a single cycle of
1 ms and to measure the effects of ultrasound interaction with bone tissue (Figure 1.14
left). Bone tissue is represented here by a biphasic medium : a fluid (assimilated to water)
in the vascular porosity (Havers canals) reconstructed from RX images and a poroelastic
matrix (MPE) incorporating the contribution of lacunocanalicular porosity. The charac-
teristics of this anisotropic and poroelastic material are taken from the literature [COWIN

et al., 2009; NGUYEN et NAILI, 2012; SCHEINER et al., 2015]. The propagation of ultrasound
through this poroelastic matrix is represented by a Biot model. The propagation of waves
in porous media in the temporal domain has been implemented in Comsol in weak for-
mulation by Vu-Hieu Nguyen. The surrounding soft tissues are modelled by a fluid do-
main surrounding the bone.
A pressure gradient in the interstitial fluid of the lacunocanalicular duct network between
the endoste (bone to medular canal interface) and the periosteum (bone to surrounding
soft tissue interface) is measured at the simulation output of the transducer axis (Figure
1.15). This value will be used as input data in the osteocyte model.

At the osteocyte scale or microscopic scale - A 3D model representing a single osteocyte in-
cluded in the extracellular matrix is considered. There are three media (Figure 1.14 right) :

— in blue, the osteocyte composed of an ellipsoidal cell body and cylindrical tentacu-
lar ramifications modelled by an elastic solid (Young modulus E = 4.47 kPa, Poisson
ratio ν = 0.3)

— in yellow, the assumed linear and isotropic elastic elastic extracellular matrix assu-
med to be linear and isotropic (E = 16.6 GPa, ν = 0.38) The interstititial fluid that fills
the space between the osteocyte and the matrix is presumed Newtonian (density
ρ = 997 kg/m3, viscosity µ = 885× 10−4 kg. m−1. s−1).

The mesoscopic model provides an assessment of the pressure gradient induced by ultra-
sonic stimulation in the interstitial fluid. The microscopic model gives an estimate of the
shear stresses generated by this pressure gradient and their distribution within the inter-
stitial fluid.
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FIGURE 1.15 – Acoustic pressure and interstitial fluid pressure (Pa). The pressure gradient of the
interstitial fluid is evaluated between the 2 yellow dots.

Multiscale and multiphysics model - The pressure gradient in the interstitial fluid indu-
ced by ultrasonic stimulation was estimated at 30 Pa/µm. This pressure gradient would
induce a maximum fluid shear stress of 6 Pa, consistent with recent publications [AN-
DERSON et al., 2005; VERBRUGGEN et al., 2016]. However, several factors have yet to be
analysed :

— the simulation was carried out on an excitation cycle of 1 ms, but the treatment
is usually 15 minutes or 900,000 cycles ! a cumulative effect of cycle repetition can
therefore be expected ;

— the properties of the bone matrix are those of a mature bone, but the protocol in-
tervenes at different stages of healing and ultrasound therefore interact with tissues
whose properties vary over time ;

— the geometry of the osteocyte is represented here by an ellipsoid of circular cross-
section, but recent studies on human bone show a flatter shape in a more flattened
direction [VARGA et al., 2015] ;

— the interstitial fluid behavior was assumed to be Newtonian.

— etc.

These limitations will be explored in the coming years (see § 2.1 p.25).
This work was presented at an international congress in July 2016 (European Society

of Biomechanics Congress 2016, Lyon, France). The progress of this project was presented
at 2 international congresses Interpore 2017 and ESUCB 2017 (European Symposium on
Ultrasonic Characterization of Bone 2017).
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CHAPTER 2. RESEARCH PROJECT

Introduction

The work of the last 5 years has led to the multi-scale characterization of non-pathological
child bones. The objective of this research was to provide a reference database to improve
the diagnosis of bone pathologies and adapt therapeutic treatments. The idea was to give
a point of comparison between a healthy bone and a bone with a pathology. Of course,
there are still many things to explore, but we can consider that we have provided the first
characteristic values defining the quality of children bone. These results can now be used
to treat clinical problems related to bone remodelling such as fracture, bone distraction
or bone metastases.
As mentioned in the previous chapter, ultrasound can be used as a diagnostic vector but
also as a therapeutic vector : ultrasound modalities therefore have the potential for thera-
nostic.
Although observed clinically, the effects of ultrasound on the bone regeneration process,
for example in a fracture, remain poorly understood. There is no model that can explain
the physical mechanisms that govern the activation of bone remodelling by ultrasound
stimulation. The objective of this project is to understand these mechanisms in order to
adapt the therapeutic device and eventually couple it with an ultrasonic evaluation sys-
tem of the mechanical quality of the regenerated bone. The use of ultrasound is particu-
larly strategic in paediatrics because of its non-irradiating and non-ionizing characteris-
tics. In addition, ultrasonic devices are portable and low-cost. Thus, as is the case with
Exogen (see § 1.2.2), treatment in the patient’s bed or at home can be considered, which
may be particularly recommended for young patients.
Designing an ultrasound theranostic device adapted to paediatric practice and capable
of individualising treatment and diagnostic follow-up in real time : this is the challenge
to which I have decided to contribute. In this chapter, we discuss the interaction of ul-
trasound with biological tissue living : that is, ultrasound alters the cellular processes of
targeted tissue. This is an important paradigm shift. After studying how ultrasound re-act
with bone tissue, in this case the question and answer are ultrasound and bone is inerte ;
I propose to analyze how ultrasound act on bone tissue, in this case the question is ul-
trasound and the answer is cellular, bone is living. The cornerstone of this project is the
understanding of the ultrasonic mechanotransduction of bone cells. On this principle,
several problems can be tackled on localized lesions : stimulation of fractural healing, sti-
mulation of regeneration of large volume with biomaterial (hydrogel), treatment of bone
metastases. In all cases, the aim is to stimulate or rebalance the bone remodeling process
by means of ultrasonic mechanical stress.
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2.1 Ultrasonic mechanotransduction of bone regeneration

Numerical model of ultrasonic stimulation of bone healing ultrasound stimulation

Improvement of the numerical model

As pointed out earlier the work started on ultrasonic stimulation of bone healing is a
preliminary work that has highlighted the relevance of the development of a numerical
model.

Objectives : To better understand the interactions of ultrasonic waves with bone
tissue during healing. Numerical modeling (Comsol Multiphysics) and experi-
mentation (mechanical and ultrasonic).

FIGURE 2.1 – Histology of a bone callus [CLAES et HEIGELE, 1999] and synchrotron images of the
lacunocanalicular network (Creatis Lyon).

Many points are under consideration, some of which are as follows :

Mesoscopic scale

• Geometry and Materials - The first 2D model developed considers a section of long
bone in a plane perpendicular to the axis of the bone. This geometry is associated
with a material whose properties correspond to healthy and mature bone. In order
to consider a more realistic bone callus geometry (Figure 2.1 left), I was inspired by
the idealized model described by BAILÓN-PLAZA et VAN DER MEULEN [2001]; CLAES

et HEIGELE [1999]. It is a 2D model in a plane containing the bone axis that takes
into account the presence of a bony callus and distinguishes different tissues in its
bosom (Figure 2.2).

FIGURE 2.2 – Geometry and composition of the bone callus.
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FIGURE 2.3 – Propagation of US waves in the bone callus.

The distribution of these different tissues represents the evolution of healing. One of
the hypotheses made in the literature is that ultrasound stimulation occurs prefera-
bly at the beginning of the healing process and is not very much in the consolidation
phase. To explore this hypothesis, I will consider different distributions of scar tis-
sue representative of different healing phases. The interaction of LIPUS-type ultra-
sonic waves on these evolutionary configurations can be studied and the effects of
ultrasonic stimulation at which stage are most pronounced. I will then use histologi-
cal sections or high-resolution imaging on animal models (proposed by Kay Raum,
Charité - Universitätsmedizin Berlin) to reconstruct the geometry and composition
of the bone callus. Other characteristic properties of biological tissues can also be
integrated to enrich the model and explore other mechanisms. The absorption of
healing tissue, bone and surrounding soft tissues as well as the piezoelectricity of
the bone will be taken into account in the near future.

• Pulsed waves - Another important aspect that requires digital developments is the
consideration of the 15-minute processing time, i. e. the repetition of 900,000 cycles
and the possibility of a cumulative effect.

• Cell Dynamics - It may also be considered to couple this model with cell differen-
tiation models [GONZÁLEZ-TORRES et al., 2010; ISAKSSON et al., 2007; PRENDERGAST

et al., 1997]. However, the time scales are different, 15 minutes for ultrasound treat-
ment compared to several weeks for cell dynamics. The numerical model must the-
refore be rethought in this direction. This is the subject of a reflection with Jean-
Louis Milan, senior lecturer in my team and specialist in the modelling of cellular
mechanics.Dynamique cellulaire -

Microscopic scale

• Geometry and mechanics of the osteocyte - The osteocyte model that I develo-
ped with Carine Guivier-Curien (IRPHE UMR 7342 CNRS Aix-Marseille Université)
is very simplified (cf. § 1.2.2). For example, recent morphometric studies carried
out on human bone can be used to improve it, which define more precisely the di-
mensions of the osteocyte deficiency [VARGA et al., 2015]. However, these studies
were not carried out on child bones. It would be interesting to do that. To do this, I
contacted Felix Ricoh (U1006 INSERM / Aix-Marseille University) who is a specia-
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list in atomic force microscopy (AFM) on cells. Drawing inspiration from the work
of LIN et XU [2011] we plan to make AFM images of the lacuno-canalicular network
of the child bone and also to evaluate the mechanical properties (Young’s modulus)
of the osteocyte and the extracellular matrix according to the 3 directions of space.

• Morphometry of the lacunocanalicular network - Another aspect to be taken into
account is obviously the effect of the lacunocanalicular network (Figure 2.1), the
osteocyte is not isolated in the extracellular matrix but connected to several dozen
other osteocytes. During the presentation of my work at the IBDW/ESUCB (Inter-
national Bone Densitometry Workshop and European Symposium on Ultrasonic
Characterization of Bone) congress in June 2017, Françoise Peyrin (CREATIS INSA
Lyon) proposed me to provide me with high-resolution images of the lacunocana-
licular network. We have received these images and are exploiting them. This offers
the possibility to make a morphometric study using the iMorph software and tools
developed by Pierric Mora (see § 1.1.3. a.) and to study the behaviour of the fluid in
this network using the Comsol Multiphysics software.

• Evaluation of the permeability of the lacuno-canalicular network - The value of the
permeability of this porous network remains subject to controversy and a major
challenge for the modelling that I am developing. Permeability is a key parame-
ter for understanding mechanotransduction, as it reflects both the structure of the
environment and the mechanisms of living organisms. A traditional method of ex-
perimental permeability measurement is based on Darcy’s law. This involves mea-
suring the volume of fluid passing through a porous layer and dividing it by the
pressure gradient generated through the layer. To date, this measure is inaccessible
in the lacuno-canalicular network. The permeability is thus estimated by theoreti-
cal or experimental approaches coupled with numerical/analytical models and va-
ries between 10−17 and 10−25 m2 [CARDOSO et al., 2013]. Recent advances in X-ray
imaging provide a better estimate of the morphometry of the 3D lacuno-channel
network and thus improve flux modeling. The iMorph software developed by Jé-
rôme Vicente is already used for estimating permeability in foams and clays and
could be adapted to the estimation of permeability of the lacuno-channel network.
I am also in contact with Jean-Philippe Berteau, who is based at the City University
of New York in the department of Professor Stephen Cowin, who passed away this
year. Professor Cowin’s team is one of the specialists in poroelasticity of bone and
the evaluation of its permeability. I took part in the symposium in Rotterdam last
May (Interpore 2017) to commemorate his memory. I met Luis Cardoso, professor
at the City College of New York and head of the Department of Biomedical Engi-
neering, who is a close collaborator of Stephen Cowin. Collaborating with them on
ultrasound stimulation of bone healing would be an opportunity to seize.

Once the model is validated, we can then proceed with an optimization of the ultra-
sonic parameters. Indeed, the parameters used by Exogen are historical A few studies in
vitro or in silico have explored the influence of excitation frequency or delivered inten-
sity, but to date the optimization of ultrasonic stimulation parameters for bone healing
remains to be carried out.
To continue this work, I intend to propose very soon a thesis subject in co-supervision
with Vu-Hieu Nguyen (MCF-HDR). I am also in contact with Guillaume Haiat who is in-
terested in ultrasonic stimulation for the integration of dental implants.
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2.1.1 Ultrasonic stimulation of bone regeneration of distracted bone in
the presence of a hydrogel

This project has also found a place in the DEFI CNRS REPOUSSE carried out by Mar-
tine Pithioux (ISM UMR 7287 CNRS Aix-Marseille University) since January 2016 on the
regeneration of large bone volume supported by the implantation of a biomimetic per-
iosteal hydrogel (osteoprogenital membrane surrounding the bone) and ultrasonic sti-
mulation of the repair process. In this project, ultrasound no longer only interacts with
regenerating bone tissue but also with biomimetic material. The aim is to optimize the
structure of the biomaterial to make it sensitive to ultrasonic stimulation and thus guide
cellular processes : colonization, proliferation, differentiation and to adapt ultrasonic pa-
rameters to promote bone regeneration. Based on the network of collaborations initiated
by this project, a funding request has been submitted for the ANR 2018 campaign.

Numerical model

The numerical model will be strongly inspired by the one developed to study the in-
teraction of ultrasound with a bone fracture without biomaterial (see § 2.1). It remains
to define the mechanical and structural properties of biomaterials in order to integrate
them in a relevant way. Concerning the design of the biomimetic hydrogel, it is envisaged
to design a porous structure with controlled gradient, I will be able to use the models that
I developed on the propagation of ultrasonic waves in media with gradient propertiess
(see § 1.1.2).

In-vitro experimental model

A first simple microfluidic model will be designed in collaboration with Laurent Mala-
quin of LAAS (UPR 8001 CNRS Toulouse) to get an idea of the phenomena induced by the
interaction of millimetre wavelength ultrasonic waves with micrometric fluid channels.
Literature on the subject is scarce.
Subsequently, an idealized osteocyte deficiency model should be realized by 3D fabrica-
tion (LiPhy UMR 5588 CNRS Université Grenoble Alpes and INSA Lyon).
The challenge is to couple a submicrometric resolution and a Young’s module matrix
comparable to that of the extracellular matrix (15-20 GPa). To do this, we plan to proceed
in 2 steps, a first mould will be made with LiPhy (UMR 5588 CNRS Université Grenoble
Alpes) in order to reproduce the osteocyte ellipsoidal deficiency and the cylindrical cana-
liculi, then this mould will be coated in a ceramic matrix and then dissolved to create an
osteo-canalicular cavity. A first step has already been explored at LiPhy (Figure 2.4).

Initially, this cavity will be filled with fluid (water) and subjected to ultrasonic excita-
tion of the LIPUS type. The measurements would be carried out externally. In parallel, in
collaboration with Thierry Leïchle from LAAS (UPR 8001 CNRS Toulouse), we are thinking
about miniaturized devices that can be implanted in the cavity.
Another aspect that we would like to explore with Laurent Malaquin and Thierry Leïchlé
is the piezoelectric characteristic of bone that could be used to make it an active element
of measurement and excitation.
Later, we will also explore the interactions of LIPUS ultrasound with the hydrogel deve-
loped by Romain Debret and Jérôme Sohier at LBTI (UMR 5305 CNRS Université Claude
Bernard Lyon 1) within a bioreactor.

28



CHAPTER 2. RESEARCH PROJECT

FIGURE 2.4 – 3D fabrication of idealized osteocytes by Olivier Stefan (LiPhy UMR 5588 CNRS Uni-
versité Grenoble Alpes).

Animal model

As has been reported several times in the literature, [PADILLA et al., 2014], the pheno-
mena induced by ultrasonic stimulation in vitro are very different from the phenomena
in vivo. This is why it is particularly interesting to compare the numerical results with an
animal model for validation and optimization. As mentioned above, our team develops
an animal model (Sprague-Dawley rat) to understand the process of bone healing during
a distraction (= lengthening). We are in contact with Bioventus, which commercializes the
Exogen system so that they can provide us with a device that we could test on distracted
rats and study the effects of ultrasonic stimulation on wound healing. Once this step has
been validated, I plan to start a patient study in collaboration with the orthopaedic sur-
geons of the APHM who are members of our team (Pr Franck Launay).

2.1.2 Ultrasonic theranostic device

The next step is to couple a diagnostic device capable of estimating the repair stage
of the bone lesion (fracture, distraction, metastasis). This is the subject of a project on
which I am collaborating with Philippe Lasaygues (LMA UPR 7051 CNRS Marseille) on ul-
trasound tomography applied to the child’s bone. On this subject, we supervised together
the end-of-study internship of Jules Plisson (student engineer at ENSIM, Le Mans) from
April to August 2017. I am developing a numerical model (Comsol Multiphysics) based
on the characteristics of its experimental US tomography antenna protocol developed at
the LMA. The idea is to optimize the experimental configuration and to couple the ac-
quisition method with an inversion method developed in the geophysical field by Dimitri
Komatitsch (LMA UPR 7051 CNRS Marseille). This will not only improve the detection of
lesions, but will also make it possible to characterize them. This will result in a more quan-
titative diagnosis of bone quality and will make it possible to adapt the treatment to the
best of your ability. The numerical model will also provide a better understanding of expe-
rimental signals, which will contribute to improving the signal processing routines used.
After validation in vitro, the model will make it possible to take into account all the com-
plexity of the in vivo configuration (presence of soft tissue, paired bone, osteosarcoma).
Coupling this imaging modality with ultrasound stimulation of bone regeneration is the
subject of a letter of intent to the ANR.
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2.2 Ultrasonic mechanotransduction of bone metastases

Improving bone healing in fractures is one illustration of the mechanotransduction
phenomena induced by ultrasonic application. This principle can be applied in the case
of regeneration of large volumes of bone in the presence of biomaterials (see § 2.1.1) but
also to treat other pathologies resulting in local lesions linked to dysfunctions of bone
remodeling.

It is on the basis of this reflection that I proposed a project which obtained funding
from the Mission pour l’ Interdisciplinarité du CNRS : SUBITO pour Stimulation Ultrasonore
Basse Intensité pour la Thérapie Osseuse : application au traitement des tumeurs.

Objectives : Characterize the interactions of ultrasound waves with metastatic
bone : from tissue to the cell. Numerical modeling (Comsol Multiphysics) and
experimentation on cellular cultures (mechanical and ultrasonic).

This translational and interdisciplinary project will focus on the treatment of bone tu-
mours by low intensity ultrasound stimulation (LSU) applied before and/or after resec-
tion. To do this, we need to understand the multiphysical and multi-scale mechanisms
that underlie the tissue and cellular responses of bone to ultrasound to control them and
design an innovative therapeutic tool that can be used in both adult and pediatric onco-
logy. The project brings together acousticians (Philippe Lasaygues, LMA UPR 7051 CNRS),
physicists (Felix Rico and Nicolas Buzhinsky, BioAFMLab, U1006 INSERM Aix-Marseille
University), biomechanists (Carine Guivier-Curien, IRPHE UMR 7342 CNRS Aix-Marseille
University) and biologists (Jean-Claude Scimeca et David Momier, iBV UMR 7277 CNRS
Inserm Université Côte d’Azur). It includes a numerical modelling component and an ex-
perimental component in vitro.

2.2.1 Metastases and bone remodelling

Bone tumours interfere with bone (re)modelling and cause significant bone fragility
resulting in severe skeletal events (fractures, spinal compression, bone marrow aplasia).
Combating the weakening of bone resistance and promoting bone reconstruction after
resection are key issues in the treatment of cancer. The effect of ultrasound on bone me-
tastases as a therapeutic vector is poorly understood and deserves to be explored. A recent
article analyzes the effects of LIPUS ultrasound stress on cancer cells and concludes on
the beneficial potential of ultrasound in this configuration [SAWAI et al., 2012]. This trend
also appears to be confirmed by the thesis work of Sophie Tardoski (Universté Claude Ber-
nard - Lyon 1) [TARDOSKI, 2015].

2.2.2 Ultrasonic mechanotransduction : from tissue to cell

The model I am developing for ultrasound stimulation of bone healing can be adapted
to study the interaction between ultrasound and bone metastases. This model will inte-
grate (i) the propagation of waves in bone, a poroelastic material ; in soft tissues, viscous
fluids and in biological fluids (marrow and blood) ; (ii) fluid-structure interactions at the
cellular scale. It will provide an evaluation of the mechanical stimulus applied to bone
cells according to ultrasonic parameters (frequency, intensity, cycle, duration). The biolo-
gical reaction thus stimulated will be studied in vitro on cell culture. The project will ex-
plore the adaptation of the SUBI protocol for bone regeneration to the treatment of bone
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tumours. Original protocols will be implemented combining the emission of US and co-
culture of bone cells with tumour cells. Cell culture will be carried out on human cells of
different types : Osteoclasts and osteoblasts : cells responsible for bone resorption and ap-
position respectively ; a mammary carcinoma line (MDA-MB-231) and its subclone with
bone tropism (MD-231BO). The objective is to establish a link between ultrasound para-
meters and the response of bone and tumour cells. We will measure viability/proliferation
(counting, MTT/XTT) and cell genotype/phenotype (transcriptome/proteome quantifi-
cation, immuno-chemical markings). In parallel, we will carry out a mechanical charac-
terization of the adhesion conditions of tumour cells subjected to ultrasonic stimulation
by atomic force microscopy. It is also envisaged to study the effect of US in addition to
bisphosphonate (Bps) therapy in breast cancer patients (the iBV partner already has bio-
materials loaded with BPs that can be used as a culture medium). The challenge is two-
fold : to link the ultrasound parameters imposed at the tissue level with the constraints
perceived by bone cells on a microscopic scale and to optimize ultrasound parameters to
promote bone reconstruction without causing cancer cells to proliferate.
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Conclusion

Twelve years after my thesis, I am still working to use ultrasound for living organisms
and contribute to the development of a theranostic clinical application. These few pages
describe ultrasonic wave interactions with bone tissue, a complex, heterogeneous, he-
terogeneous, anisotropic, multi-scale and living material. Ultrasound is discussed as a
tissue-scale diagnostic tool (characterization) and ultrasound as a therapeutic vector, trig-
gering cellular reactions (mechanotransduction). The experiments summarized here, from
the diagnosis of osteoporosis to ultrasound mechanotransduction of bone and the cha-
racterization of growing bone, have brought about a paradigm shift by introducing the
purpose of clinical application and shifting priorities. For the hospital practitioner, the
priority is to treat. For the researcher, the priority is to understand. Can we cure without
understanding ? Of course ! but the ambition is to understand for better treatment : a bet-
ter characterization of bone lesions will allow a better therapeutic management, more
adapted to the patient ; an enlightened description of the ultrasonic mechanotransduc-
tion will ensure a relevant dosage of the stimulation by ultrasound ; the control of these
elements will then open the field of possible and one will be able to envisage other appli-
cations. Over the years, I have collaborated with clinicians, biologists, physicists, biome-
chanics and acousticians whose disciplines, when they meet, advance knowledge.
To understand in order to better cure such is the challenge of my research today.
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3.1 Curriculum Vitae

CNRS

2010 - Chargée de Recherche
Groupe Interdisciplinaire de Biomécanique des systèmes Ostéoarticu-
laire et Cardiovasculaire (GIBoc) Institut des Sciences du Mouvement -
Etienne-Jules Marey (UMR 7287) - CNRS/Aix-Marseille Université.

Recherche : caractérisation mécanique de l’os en croissance. Interac-
tion des ondes élastiques ultrasonores avec des milieux hétérogènes et
en particulier les tissus biologiques : theragnostic.
Mots-clés : biomécanique, propagation d’ondes, milieux hétérogènes,
multi-échelles, tissus biologiques, simulation numérique.

Congé parental du 19 janvier au 19 juillet 2013 (6 mois).

Université

2008 - 2010 Maître de conférences en mécanique à l’Université Pierre et Marie
Curie (Paris 6)
Equipe Modélisation, Propagation et Imagerie Acoustique - Institut
Jean le Rond d’Alembert (UMR 7190) - CNRS/UPMC Paris 6.

Propagation d’ondes élastiques guidées dans un tube anisotrope et hété-
rogène : application à la caractérisation de la fragilité osseuse.

PostDoctorat

2007 - 2008 Attachée Temporaire d’Enseignement et de Recherche
Laboratoire de Modélisation et Simulation Multi échelle (UMR 8208) -
CNRS/Paris Est.
Réponse d’une plaque continûment variable immergée dans un fluide :

application à la caractérisation ultrasonore de l’os cortical.
Collaboration : Salah Naili.

2006 - 2007 Attachée Temporaire d’Enseignement et de Recherche
Institut Langevin - Ondes et Images (UMR 7587) - CNRS/Paris 7.
Contrôle de l’innocuité de la sonothrombolyse dans le traitement des

accidents vasculaires cérébraux ischémiques par simulation numérique.
Collaboration : Jean-François Aubry, Mickael Tanter.

2005 - 2006 Post-doc CNRS
Laboratoire d’Imagerie Biomedicale (UMR 7371) - CNRS/UPMC.
Etude de l’impact de la porosité sur le comportement élastique de l’os

cortical en vue de l’évaluation de la fragilité osseuse. Elaboration d’un
modèle numérique de l’os cortical : étude de l’interaction de l’os et des
ondes ultrasonores.
Collaboration : Maryline Talmant, Quentin Grimal, Pascal Laugier.
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Doctorat

2002 - 2005 Thèse en mécanique université Bordeaux 1.
Institut de Mécanique et d’Ingénierie (UMR 5295) - CNRS/Bordeaux 1.
Le développement en série de Peano du matricant pour l’étude de la pro-
pagation des ondes élastiques en milieux à propriétés continûment va-
riables
Directeur : Marc Deschamps ; encadrants : MM. O. Poncelet et A. L.
Shuvalov.
http ://tel.archives-ouvertes.fr/docs/00/11/39/51/PDF/These.pdf

Formation

2002 Diplôme d’ingénieur en Mécanique du CESTI SupMeca (Centre d’Etudes
Supérieures des Techniques Industrielles) de Paris devenu ISMeP (Institut Su-
périeur de Mécanique de Paris).

Diplôme d’Etudes Approfondies de Mécanique (option fluides) de Paris 6
(mention Bien).

1997 - 1999 Classes préparatoires MPSI-MP au lycée M. Montaigne à Bordeaux (33).

Enseignement

2015 - 2016 Vacation (30h/an) Polytech - Aix-Marseille université

- TP Ondes electromagnétiques (1ère année).
- TD Programmation Matlab (4ème année).

2011 - 2012 Vacation (20h/an) Polytech - Aix-Marseille université

- TD Ondes electromagnétiques (1ère année).
2010 - 2012 Vacation (20h/an) IUT Saint Jérôme - Aix-Marseille université

- Cours et TP Résistance des matériaux : application aux tissus biolo-
giques et biomatériaux (L2).

2008 - 2010 MCF (192h/an) UPMC Paris 6

- Cours Méthodologie appliquée à la mécanique et à l’ingénierie (L1) ;
- TD Mécanique du solide rigide (L2) ;
- TD Mécanique des milieux continus (fluides et solides) (L3) ;
- Cours et TP Initiation à MatLab et Comsol Multiphysics (M1) ;
- Cours Acoustique dans les fluides (M2) ;
- TP Atelier logiciel : modélisation éléments finis sous Comsol Multi-
physics (M2) ;
- Cours - TD Ondes et Vibrations 3èmeème année de l’Ecole Polytech-
nique Universtaire ;
- Encadrement de projets (M1) : Caractérisation ultrasonore de la paroi
d’un anévrisme.

2007 - 2008 ATER (96 h) Université Paris 12 - Val de Marne :

- TD et TP Mécanique Générale (L2) ;
- TD Probabilités, théorie des distributions (L3) ;
- TD Ondes Mécanique (M1).

2006 - 2007 ATER (96 h) Université Paris 7 :

- TD Ondes et Acoustique (L2) ;
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- TP Optique Ondulatoire (L3) ;
- TP Traitement des signaux aléatoires (M1).

2003 - 2005 Monitorat de Mécanique (128h) Université Bordeaux 1 :

- TD Mécanique (L1) ;
- TP CAO (Pro Engineer, modélisation 3D) et TP «Statique» ;
- Cours Mathématique pour la Physique.

Encadrement

3 thèses Jean-Philippe BERTEAU
Caractérisation multimodale des propriétés biomécaniques de l’os corti-
cal de l’enfant au cours de la croissance
Emmanuelle LEFEVRE
Evaluation multi-échelle et multimodale de l’os en croissance
Marie SEMAAN
Reference values for the quality of non-pathological child bone

1 post-doc Pierric MORA
Analyse morphométrique de l’os cortical sous IMorph

10 Stages 2 IUT Mesures Physiques
2 Licence Pro Maintenance et Technologie Biomédicales
6 Master 2/Ingénieur

Collaborations

ANR
MALICE LMA UPR 7051 CNRS, France

Lyos U1033 INSERM Université de Lyon, France
LVA INSA Lyon, France
IUSTI UMR 6595 CNRS Aix-Marseille Université, France

DEFI CNRS
REPOUSSE LBTI UMR 5305 CNRS Université Claude Bernard Lyon 1, France

LAAS CNRS, Toulouse, France
MATEIS INSA Lyon, France.
LiPhy UMR 5588 CNRS Université Grenoble Alpes, France

MI CNRS
SUBITO Carine Guivier-Curien de l’IRPHE (UMR 7342 CNRS Aix-Marseille Uni-

versité)
Philippe Lasaygues du LMA (UPR 7051 CNRS Marseille)

Felix Rico et Nicolas Buzhinsky du BioAFMLab (U1006 INSERM Aix-
Marseille Université)
Jean-Claude Scimeca et David Momier de l’iBV (UMR 7277 CNRS IN-
SERM Université Côte d’Azur, Nice)
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GDR MécaBio : Mécanique des matériaux et fluides biologiques (GDR 3570)
animé par Gwennou Coupier (LiPhy UMR 5588 CNRS Université Gre-
noble Alpes) et Anne-Virginie Salsac (BMBI, UMR 7338 CNRS UTC Sor-
bonne Universités, Compiègne, France)

Autres Vu-Hieu Nguyen et Salah Naili du laboratoire MSME (UMR 8208 CNRS
UPEC UPEM, Créteil) sur le projet de stimulation ultrasonore de la ci-
catrisation osseuse
Kay Raum du Julius Wolff Institute for Biomechanics and Musculoske-
letal Regeneration, Université de Médecine Berlin, Allemagne
Jean-Philippe Berteau de la City University of New York, Department of
Biomedical Engineering, USA

Animations scientifiques

Congrès Membre du comité d’organisation du 38ème congrès de la Société de
Biomécanique les 4, 5 et 6 septembre 2013 à Marseille
Membre du comité d’organisation 16th Anglo-French Physical
Acoustics Conference (AFPAC) les 23, 24 et 25 janvier 2017 à Marseille

Vulgarisation Fête de la Science 2011

Expertises scientifiques

Reviewer Journal of the Acoustical Society of America
Ultrasonics
Journal of Composites

Jury Thèse de Xiaodong DENG Nondestructive evaluation of thermal
sprayed coating by acoustic microscopy and eddy current testing sou-
tenue le 25 mars 2014 à l’INSA Lyon.
Thèse de Antoisse ABDULATUF Modélisation et simulation de la pro-
pagation d’ondes guidées dans des milieux élastiques en présence d’in-
certitudes. Application à la caractérisation ultrasonore. soutenue le 11
juillet 2017 à l’UPEC Créteil.

3.2 Publications

1. Revues à comité de lecture

— Y. Bala, E. Lefèvre, J-P. Roux, C. Baron, P. Lasaygues, M. Pithioux, V.Kaftandjian,
H. Follet, 2016. Pore Network Microarchitecture Influences Human Cortical Bone
Elasticity During Growth and Aging. Journal of the Mechanical Behavior of Bio-
medical Materials 63, 164-173.

— K. Metwally, E. Lefèvre, C. Baron, R. Zheng, M. Pithioux, P. Lasaygues, 2016.
Measuring mass density and ultrasonic wave velocity : A wavelet-based method
applied in ultrasonic reflection mode. Ultrasonics 65, 10-17.

— J-Ph. Berteau, E. Gineyts, M. Pithioux, C. Baron, G. Boivin, P. Lasaygues, P. Cha-
brand and H. Follet, 2015. Ratio between mature and immature enzymatic cross-
links impacts post-yiels cortical bone behavior : an insight into greenstick frac-
tures of the child fibula. Bone 79, 190-195.
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— J-Ph. Berteau, C. Baron, M. Pithioux, F. Launay, P. Chabrand and P. Lasaygues,
2014. In vitro ultrasonic and mechanic characterization of the modulus of elas-
ticity of children cortical bone. Ultrasonics 54, 1270-1276.

— E. Lefèvre, P. Lasaygues, C. Baron, C. Payan, F. Launay, H. Follet, M. Pithioux,
2015. Analyzing the anisotropic Hooke’s law for children’s cortical bone. Journal
of the Mechanical Behavior of Biomedical Materials 49, 370-377.

— C. Baron, 2012. Using the gradient of human cortical bone properties to deter-
mine age-related bone changes via ultrasonic guided waves. Ultrasound in Me-
dicine and Biology 38, 972-981.

— C. Baron, 2011. Propagation of elastic waves in an anisotropic functionally gra-
ded hollow cylinder in vacuum. Ultrasonics 51, 123-130.

— C. Baron, S. Naili, 2010. Propagation of elastic waves in a fluid-loaded aniso-
tropic functionally graded waveguide : Application to ultrasound characteriza-
tion. Journal of Acoustical Society of America 127, 1307-1317.

— C. Baron, J.-F. Aubry, M. Tanter, S. Meairs, M. Fink, 2009. Simulation of intra-
cranial acoustic fields in clinical trials of Sonothrombolysis. Ultrasound in Me-
dicine & Biology 35, 1148-1158.

— C. Baron, S. Naili, 2008, Propagation d’ondes élastiques au sein d’un guide d’ondes
élastiques anisotrope à gradient unidirectionnel sous chargement fluid., Comptes
Rendus de Mécanique 336, 722-730.

— C. Baron, M. Talmant, P. Laugier, 2007. Effect of porosity on effective diagonal
stiffness cœfficients (ci i ) and elastic anisotropy of cortical bone at 1 MHz : a
finite-difference time domain study. Journal of Acoustical Society of America
122(3), 1810-1817.

— C. Baron, A.L. Shuvalov, O. Poncelet, M. Deschamps, 2007. Impact of localized
inhomogeneity on the surface-wave velocity and bulk-wave reflection in solids.
Ultrasonics 46, 1-12.

— A.L. Shuvalov, O. Poncelet, M. Deschamps, C. Baron, 2005. Long-wavelength
dispersion of acoustic waves in transversely inhomogeneous anisotropic plates.
Wave Motion, 42(4), 367-382.

2. Conférences invitées dans des congrès

— C. Baron, C. Guivier-Curien, V-H. Nguyen, S. Naili, 2017. Bone repair and ul-
trasound stimulation : an insight into the interaction of LIPUS with the bone
callus through a multiscale computational study. 174th Meeting of the Acous-
tical Society of America 2017, La Nouvelle Orléans (USA).

3. Actes de colloque à comité de lecture

— M. Semaan, P. Mora, F. Launay, C. Baron, J. Vicente, M. Pithioux, 2017, Cortical
bone porosity enhancement by multiscale vessel filtering in Proceedings of the
23r d Congress of the ESB 2017.

— M. Semaan, P. Mora, P. Lasaygues, C. Payan, F. Launay, C. Baron, M. Pithioux,
2017, Characterising small bone samples using RUS : Validation on adult bone
towards children bone characterisation in Proceedings of the 23r d Congress of
the ESB 2017.

— C. Baron, C. Guivier-Curien, V-H. Nguyen, S. Naili, 2016, How to understand
the effects of LIPUS on bone healing ? A multiscale computational investigation
in Proceedings of the 22nd Congress of the ESB 2016, [hal-01345763 - version
1]
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— Y. Bala, E. Lefèvre, J.-P. Roux, C. Baron, P. Lasaygues, M. Pithioux, V. Kaftand-
jian, H. Follet, 2016. Pore Network architecture determines cortical bone elasti-
city during growth and aging. ESB 2016, Osteoporosis International 27, S170.

— E. Lefèvre, P. Lasaygues, C. Baron, C. Payan, H. Follet, M. Pithioux, 2015. Ultra-
sonic assessment of diagonal stiffness coefficients in children cortical bone. 40th

Congress of the Société de Biomécanique Computer methods in biomechanics
and biomedical engineering 18 (Suppl 1), 1978-1979.

— E. Lefèvre, C. Baron, M. Pithioux, 2014. Structural and Behavioral Analysis of
the Children Cortical Bone. 39th Congress of the Societe de Biomecanique,
Computer methods in biomechanics and biomedical engineering 17 (Suppl
1), 60-61.

— S. Le Cann, T. Cachon, E. Viguier, C. Baron, L. Miladi, T. Odent, J.M. Rossi, P.
Chabrand, 2014. The influence of age and localization on pedicle fixation in im-
mature porcine spines. 39th Congress of the Societe de Biomecanique, Compu-
ter methods in biomechanics and biomedical engineering 17 (Suppl 1), 66-67.

— E. Lefèvre, F. Duboeuf, C. Baron, M. Pithioux, H. Follet, 2014. Mineral Density
and Microhardness of Children Cortical Bone. in Proceedings of the 7th World
Congress of Biomechanics.

— R. Zheng, E. Lefèvre, C. Baron, Ph. Lasaygues, 2013. Thin bone sample assess-
ment using ultrasonic transmitted signals based on wavelet processing method.
in Proceedings of the International Congress on Ultrasonics, 576-580.

— E. Lefèvre, C. Baron, M. Pithioux, 2013. Evaluation of the elastic modulus of cor-
tical bone : adaptation of experimental protocols to small samples. 38th Congress
of the Société de Biomécanique, Computer methods in biomechanics and bio-
medical engineering 16 (Suppl 1), 328-329.

— J.-Ph. Berteau, M. Pithioux, C. Baron, E. Gineyts, H. Follet, Ph. Lasaygues, P.
Chabrand, 2012. Characterisation of the difference in fracture mechanics bet-
ween children and adult cortical bone. 37th Congress of the Société de Biomé-
canique, Computer methods in biomechanics and biomedical engineering 15
(Suppl 1), 281-282.

— J.-Ph. Berteau, C. Baron, M. Pithioux, P. Chabrand, Ph. Lasaygues, 2012. Chil-
dren cortical bone characterisation : the ultrasonic issue. Acoustics 2012, France
[hal-00810619 - version 1].

— C. Baron, 2012. Ultrasonic guided waves in cortical bone modeled as a functio-
nally graded anisotropic tube. Acoustics 2012, France [hal-00810617 - version
1].

4. Communications à des congrès, symposium

— C. Baron, C. Guivier-Curien, V-H. Nguyen, S. Naili, 2017. Ultrasonic waves in
anisotropic porous media : concrete and bone. IBDW/ESUCB 2017, Bad Staffel-
stein (Allemagne).

— C. Baron, C. Guivier-Curien, V-H. Nguyen, S. Naili, 2017. Bone repair and ul-
trasound stimulation : an insight into the interaction of LIPUS with the lacuno-
canalicular network of cortical bone through a multiscale computational study.
Interpore 2017, Rotterdam (Pays Bas).

— C. Baron, 2016. Ultrasonic waves in anisotropic porous media : concrete and
bone. Congrés Français d’Acoustique 2016, Le Mans (France).
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— E. Lefèvre, C. Baron, C. Payan, P. Lasaygues, M. Pithioux, H. Follet, 2015. Ul-
trasonic assessment of children’s cortical bone anisotropy. Congrès Français de
Mécanique 2015, Lyon (France).

— E. Lefèvre, C. Baron, M. Pithioux, 2014. Structural and Behavioral Analysis of
the Children Cortical Bone. 39th Congress of the Societe de Biomecanique,
Computer methods in biomechanics and biomedical engineering 17 (Suppl
1), 60-61.

— S. Le Cann, T. Cachon, E. Viguier, C. Baron, L. Miladi, T. Odent, J.M. Rossi, P.
Chabrand, 2014. The influence of age and localization on pedicle fixation in im-
mature porcine spines. 39th Congress of the Société de Biomécanique, Compu-
ter methods in biomechanics and biomedical engineering 17 (Suppl 1), 66-67.

— E. Lefèvre, F. Duboeuf, C. Baron, M. Pithioux, H. Follet, 2014. Mineral Density
and Microhardness of Children Cortical Bone. in Proceedings of the 7th World
Congress of Biomechanics.

— R. Zheng, E. Lefèvre, C. Baron, Ph. Lasaygues, 2013. Thin bone sample assess-
ment using ultrasonic transmitted signals based on wavelet processing method.
in Proceedings of the International Congress on Ultrasonics, 576-580.

— E. Lefèvre, C. Baron, M. Pithioux, 2013. Evaluation of the elastic modulus of cor-
tical bone : adaptation of experimental protocols to small samples. 38th Congress
of the Société de Biomécanique, Computer methods in biomechanics and bio-
medical engineering 16 (Suppl 1), 328-329.

— J.-Ph. Berteau, M. Pithioux, C. Baron, E. Gineyts, H. Follet, Ph. Lasaygues, P.
Chabrand, 2012. Characterisation of the difference in fracture mechanics bet-
ween children and adult cortical bone. 37th Congress of the Société de Biomé-
canique (SB) Computer methods in biomechanics and biomedical enginee-
ring 15 (Suppl 1), 281-282.

— J.-Ph. Berteau, C. Baron, M. Pithioux, P. Chabrand, Ph. Lasaygues, 2012. Chil-
dren cortical bone characterisation : the ultrasonic issue. Acoustics 2012, France
[hal-00810619 - version 1].

— C. Baron, 2012. Ultrasonic guided waves in cortical bone modeled as a functio-
nally graded anisotropic tube. Acoustics 2012, France [hal-00810617 - version
1].

— C. Baron, M. Talmant, P. Laugier, 2006. Impact of Microstructure on Elastic Be-
havior of Cortical Bone. in IEEE Ultrasonics Symposium, 2116-2119.

— C. Baron, O. Poncelet, A. Shuvalov, M. Deschamps, 2003. Calculation of the ve-
locity spectrum of the vertically inhomogeneous plates by using series expan-
sion of the matricant. in Proceedings of the World Congress on Ultrasonics,
605-608.

5. Chapitres d’ouvrage

— Recherche
C. Baron, O. Poncelet, A.L. Shuvalov, M. Deschamps, 2013. Part I, Chapter 4 :
Propagation in Continuously Stratified Media, in Materials and Acoustics Hand-
book, Wiley Editor.
C. Baron, O. Poncelet, A.L. Shuvalov, M. Deschamps, 2006. Chapitre 4 : Propa-
gation en milieux à stratification continue, in Matériaux et Acoustique, Hermes,
Editor.
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— Enseignement
Y. Berthaud, C. Baron, F. Bouchelaghem, J-L. Le Carrou, B. Daunay, E. Sultan
2014 Mini manuel de Mécanique des solides - Cours et exercices corrigés (2ème

édition Ed. Dunod).
Y. Berthaud, C. Baron, F. Bouchelaghem, J-L. Le Carrou, B. Daunay, E. Sultan
2009 Mini manuel de Mécanique des solides - Cours et exercices corrigés (Ed.
Dunod).

3.3 Technology transfer, industrial relations and valorisa-
tion

Participation à un contrat de recherche ANR : MALICE (2012 - 2016)
Analyse multiéchelle de la croissance osseuse chez l’enfant : une approche conjointe par
imagerie ultrasonore et modélisation biomécanique.
Co-encadrement de la thèse d’Emmanuelle Lefèvre. Responsable de la tâche Numerical
simulation of ultrasounds in children bone.
Partenaires scientifiques : LMA (UPR CNRS 7051), ISM (UMR CNRS 7287), Lyos (UMR IN-
SERM 1033), LVA (INSA Lyon).
Partenaires institutionnels : CNRS, INSERM, Aix-Marseille Université, Université Claude
Bernard Lyon 1, Institut National des Sciences Appliquées de Lyon.

Participation à un projet de l’Institut Carnot Star : CROISSANCE (2016)
Amélioration du diagnostic lors d’une distraction osseuse.
Co-encadrement du post-doctorat de Pierric Mora.
Partenaires scientifiques : LMA (UPR CNRS 7051), ISM (UMR CNRS 7287), IUSTI (UMR
CNRS 7343).
Partenaires institutionnels : Institut Carnot STAR, SATT Sud Est.

Participation au DHU - Imaging, projet financé par la fondation universitaire A*MIDEX
et porté par le Professeur Eric Guedj. Ce projet allie la recherche en imagerie molécu-
laire à l’imagerie interventionnelle et regroupe l’ensemble des plateformes et modalités
d’imagerie du site d’Aix-Marseille afin de favoriser les interactions diagnostiques et thé-
rapeutiques au bénéfice des patients.
Financement d’un stage de M2 en co-encadrement avec Philippe Lasaygues sur la tomo-
graphie ultrasonore.
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Effect of porosity on effective diagonal stiffness coefficients „cii…

and elastic anisotropy of cortical bone at 1 MHz:
A finite-difference time domain study

Cécile Baron,a� Maryline Talmant, and Pascal Laugier
Université Pierre et Marie Curie-Paris 6, Laboratoire d’Imagerie Paramétrique, Paris F-75005, France
and CNRS, LIP, Paris F- 75006, France

�Received 16 March 2007; revised 12 June 2007; accepted 21 June 2007�

Finite-difference time domain �FDTD� numerical simulations coupled to real experimental data
were used to investigate the propagation of 1 MHz pure bulk wave propagation through models of
cortical bone microstructures. Bone microstructures were reconstructed from three-dimensional
high resolution synchrotron radiation microcomputed tomography �SR-�CT� data sets. Because the
bone matrix elastic properties were incompletely documented, several assumptions were made. Four
built-in bone matrix models characterized by four different anisotropy ratios but the same Poisson’s
ratios were tested. Combining them with the reconstructed microstructures in the FDTD
computations, effective stiffness coefficients were derived from simulated bulk-wave velocity
measurements. For all the models, all the effective compression and shear bulk wave velocities were
found to decrease when porosity increases. However, the trend was weaker in the axial direction
compared to the transverse directions, contributing to the increase of the effective anisotropy. On the
other hand, it was shown that the initial Poisson’s ratio value may substantially affect the variations
of the effective stiffness coefficients. The present study can be used to elaborate sophisticated
macroscopic computational bone models incorporating realistic CT-based macroscopic bone
structures and effective elastic properties derived from �CT-based FDTD simulations including the
cortical porosity effect. © 2007 Acoustical Society of America. �DOI: 10.1121/1.2759165�

PACS number�s�: 43.80.Ev, 43.80.Qf, 43.80.Jz, 43.80.Vj �FD� Pages: 1810–1817

I. INTRODUCTION

Quantitative ultrasound has received considerable inter-
est in recent years for its potential to assess different bone
properties that are relevant to predict bone fragility.

Axial transmission is a generic term to designate a vari-
ety of techniques devised to assess cortical bone using a
linear arrangement of ultrasound emitters and receivers
placed on top of the overlying soft tissue. A part of the
ultrasonic energy is guided along the cortex and can be
radiated at the interface between soft tissue and bone. Vari-
ous technical implementations of the technique have been
proposed at different frequencies in the range 250
kHz–1.25 MHz.1–4

Several wave types contribute to the total pressure field
sensed by the receivers. The first arriving signal �FAS� is of
special interest for in vivo assessment of cortical bone be-
cause it arrives prior to all other contributions, and therefore,
can be easily determined from time-of-flight measurements
of the signals received at different positions parallel to
the interface.5 The nature of the wave associated with the
first arriving signal was found to change with increasing cor-
tical thickness to wavelength ratio �Cort.Th/�� from an S0

Lamb mode for Cort.Th/��1 to a lateral wave for
Cort.Th/��1.6

Recently, axial transmission approaches have been de-
scribed that work in a low frequency range and exploit a later

arriving signal, a slow guided wave mode, in addition to the
FAS.4,7,8 This guided wave mode is well described by the
theory for guided waves in plate �fundamental antisymmetric
�or flexural� guided wave�.2

Clinical trials revealed the ability of these techniques in
discriminating normal and osteoporotic subjects.1,8,9 Clinical
performances were enlightened by in vitro experiments. Ex-
perimental studies on excised human radii demonstrate the
sensitivity of FAS velocity to porosity and degree of
mineralization5 and also to intrinsic elastic properties.10 In
addition, the velocity of the fundamental antisymmetric
guided wave shows an exquisite sensitivity to cortical
thickness.11,12

Another approach used to give insight into clinical per-
formances is the modeling of ultrasound propagation in axial
transmission configuration. Bone finite-difference time do-
main �FDTD� studies, using either a generic model of the
structure �plate or tube models�6,12 or bone structures recon-
structed from three-dimensional x-ray tomography data, pro-
vided valuable insights into the relationships between ultra-
sound propagation characteristics �e.g., velocity of FAS or
flexural mode� and bone properties such as cortical thickness
and porosity. However, in these previous works, the models
ignore the true local material properties, generic values were
used instead.

We assume that the prediction capabilities of the com-
puted tomography �CT� based finite-difference simulations
may be enhanced with further refinements such as incorpo-
rating in the model individualized material properties.a�Electronic mail: norabelic@yahoo.fr

1810 J. Acoust. Soc. Am. 122 �3�, September 2007 © 2007 Acoustical Society of America0001-4966/2007/122�3�/1810/8/$23.00



Bone is a poroelastic medium with a porous network
filled with a fluid-like medium �marrow� embedded in an
elastic tissue matrix. Cortical porosity mainly consists in an
oriented network of Haversian canals of typically 50 �m di-
ameter approximately aligned with the long axis of the bone
and of resorption cavities around 50–200 �m in diameter. At
a smaller scale, small transverse canaliculi and osteocytes
lacunae �typically less than 10 �m diameter� also contribute
to cortical porosity. Each Haversian canal is surrounded by a
layered cylindrical structure, called osteon, of typically
200 �m diameter and between the osteons is the highly min-
eralized interstitial tissue. The wavelength in axial transmis-
sion is much longer than the typical size of these structures
and the material properties required as input into the bone
computational models are effective properties, the values of
which are determined by the anisotropic elastic properties of
the bone tissue matrix and by the oriented cortical porosity.
First, the presence of pores inside the cortex induces a de-
crease of whole bone stiffness and density compared to stiff-
ness and density of the bone matrix.13 Second, due to its
preferential orientation, the porous network contributes to
the mechanical anisotropy of bone.14 Progress in CT-based
FDTD models requires knowing the effective individual ma-
terial properties in which the effects of both cortical porosity
and anisotropic elasticity are properly taken into account.

Scarce data on porosity-related anisotropic stiffness can
be found in literature. Several experimental studies have in-
vestigated the impact of porosity on the longitudinal Young’s
modulus.15–18 As these studies were reduced to axial direc-
tion, they did not provide any information on the contribu-
tion of porosity to the anisotropy. A few studies, based on
experiments or micromechanics models have examined the
dependence of effective anisotropic stiffness coefficients on
tissue properties and especially on porosity. Dependence on
porosity of four elastic moduli of cortical bone assumed to
be transversally isotropic has been reported in a single ex-
perimental study.13 Micromechanics provided comprehensive
models of effective elastic properties of bone using various
hypotheses to describe elastic properties of the bone matrix
and the pore network.14,19 In particular, Sevostianov et al.14

have depicted the effect of porous network on overall stiff-
ness coefficients of cortical bone assuming an isotropic bone
matrix and identifying the effect of pore distribution. In the
related field of composite media with unidirectional pores, a
similar analysis was performed by Ichitsubo et al.20 with an
anisotropic matrix.

In this study, we report on microcomputed tomography
��CT� based FDTD simulations whereby the effective elas-
tic properties are directly computed for individualized porous
network of 19 cortical bone microstructures reconstructed
from high resolution synchrotron radiation microtomography
�SR-�CT�. The bone matrix was modeled as a homogeneous
anisotropic medium. As the elastic properties of the bone
matrix were only partially documented in our samples, four
built-in models were used for each specimen. The computa-
tional bone model for ultrasonic propagation in bone and the
basis of the SR-�CT-based FDTD simulations are described
in Sec. II. In Sec. III the results of the effective elastic prop-

erties are examined as a function of porosity for the different
bone models. We close with a discussion of the limitations
and potential extension of the current study.

II. MATERIALS AND METHODS

A. Samples

In this study we use a subset of 19 samples from a
collection of human radii with soft tissue removed and pre-
viously assessed by different experimental techniques such
as SR-�CT and scanning acoustic microscopy �SAM�, which
provided accurate data for cortical bone microstructure and
estimates of material properties �density, stiffness� that were
used to build the cortical bone models developed in the
present paper.

Assessment of the microstructure was reported in Ref. 5.
Small portions were cut in the postero-lateral zone of the
distal radius. The dimensions were typically 10 mm long in
the direction parallel to the bone axis and 8 mm long in the
circumferential direction. These volumes were imaged by
SR-�CT21 at the European Synchrotron Radiation Facility
�ESRF, Grenoble, France�. The radiographs �two-
dimensional �2D� projections� were recorded on a 1024
�1024 charge-coupled device-based 2D detector and the
voxel size was set to 10�10�10 �m3. From sets of 2D
projections under different angles of view, three-dimensional
reconstructions of the microstructure were obtained by to-
mography algorithm. The amount of mineral was
1082±16 mg/cm3 in the whole collection of samples.

Among the 19 samples considered in this study, 10 were
previously studied by scanning acoustic microscopy at
50 MHz with a spatial resolution of 23 �m and a spatial
sampling rate of 20 �m�20 �m.22 The section adjacent to
the samples investigated by SR-�CT was scanned and a
mapping of the acoustic impedance was provided. It was
shown that the setup resolved Haversian canals larger than
25 �m. As a consequence, these measurements were repre-
sentative of the impedance of the bone matrix at a scale of
20 �m. The acoustical impedance averaged over the whole
set of specimens was found to be 8.1±0.5 MRa.

B. Configuration of the simulation

Propagation of transient 1 MHz plane waves in the 3D
reconstructed bone microstructures was computed using a
FDTD code, SIMSONIC, developed in the laboratory and de-
tailed elsewhere,6,23 which computes a numerical solution to
the 3D linear elastic wave propagation. The algorithm is
based on Virieux scheme,24 and uses first-order derivative in
space and time.

The code requires the simulation box to be defined as
right angle volume. Therefore, parallelepipedic volumes
were extracted from the 3D SR-�CT reconstructed volumes
�Fig. 1�. The volume of the blocks analyzed in simulation
with a spatial step of 20 �m varies from 9 to 36 mm3, de-
pending on the thickness of the sample.

A combination of symmetric boundary conditions �tan-
gential velocities equal on both sides of the boundary and
normal velocities null on the boundary� and/or antisymmetric
boundary conditions �tangential velocities null on the bound-
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ary and normal velocities equal on both sides of the bound-
ary� on the simulation domain was applied to ensure the
propagation of compression and/or shear plane bulk waves.
Perfectly matched layers �PML� on sides and edges of the
simulation domain were used to avoid unphysical
reflections.25

SimSonic provides the transient signals associated with
transmission of 1 MHz bulk compression or shear waves
through the reconstructed volumes. Typical signals are
shown in Fig. 2. Plane bulk waves velocities were deduced
from time of flight measurements by detection of first signal
maximum.

C. Derivation of effective stiffness

Effective stiffness coefficients were derived from veloci-
ties of simulated pure bulk wave propagating in principal
directions and from effective mass density. For cortical bone
the general degree of anisotropy is that of orthotropic mate-
rial symmetry,26 which is characterized by nine independent
stiffness coefficients. The stiffness matrix can expressed as
follows using the abbreviated subscript notation:27

C =�
c11 c12 c13 0 0 0

c12 c22 c23 0 0 0

c13 c23 c33 0 0 0

0 0 0 c44 0 0

0 0 0 0 c55 0

0 0 0 0 0 c66

� with

X ↔ 1

Y ↔ 2

Z ↔ 3

, �1�

where the X direction corresponds to the radial direction �i.e.
thickness direction�, the Y direction is the circumferential
direction, and the Z direction is along the bone axis. But, as
described by Katz,28 the Haversian cortical bone is trans-
verse isotropic in nature because of the locally uniaxial ar-
chitecture of osteons. Consequently, numerous studies29–31

assumed the cortical bone as a transverse isotropic elastic
solid medium, which reduces the number of independent co-
efficients of the stiffness matrix to five. Considering trans-
verse isotropy with �XY� as the isotropic plane,32–34 the stiff-
ness coefficients of C verify c13=c23, c22=c11, c44=c55, and
c66= �c11−c12� /2.

When the waves propagate along principal directions of
symmetry, the diagonal terms of the stiffness matrix c11, c12,
and c33 are related to the phase velocity of compression-bulk
wave which propagates along the X, Y, and Z direction, re-
spectively, with

Vx =�c11

�
, Vy =�c22

�
, Vz =�c33

�
. �2�

The stiffness coefficients c44 and c55 are related to the phase
velocity of shear wave which propagate in Z direction and
c66 in the transverse plane according to

Vyz =�c44

�
, Vxz =�c55

�
, Vxy =�c66

�
. �3�

The effective stiffness coefficients were deduced from Eqs.
�2� and �3� calculating the effective mass density � with the
following rule of mixture:

� = �0�1 − p� + p�w, �4�

where �0 is the mass density of the tissue matrix, �w is the
mass density of the fluid filling the pores �water�, and p is the
porosity.

D. Numerical bone models

Maps of the mass density and of the stiffness coeffi-
cients were used as input data in the software. The cortical
bone was modeled as a two-phase medium constituted by the
bone matrix and the fluid filling the pores. Each phase was
supposed to be homogeneous within and between the
samples. The spatial variation of density and stiffness in the
simulation volume �spatial step of 20 �m� relies on the pres-
ence of the pores. Both components were clearly delineated
by segmentation of the original reconstructed SR-�CT data
and were defined by fixed mass density and stiffness coeffi-
cients.

FIG. 1. Three-dimensional porous network �pores are in grey� in a parallel-
epipedic block extracted from the �CT reconstructed bone structure. On the
right-hand side are shown a transverse and longitudinal cross section
through the three-dimensional porous network. The preferential orientation
of the pores is along the bone axis.

FIG. 2. �Color online� Velocity evaluation from the first maximum signal
detection.
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Ideal nonviscous fluid �water� was assumed to fill the
pores. The mass density was �� f =1 g/cm3�, and the stiffness
coefficients were calculated from the following Lame’s con-
stants values ��=2.25 GPa, �=0 GPa�.

Simulations in each bone sample microstructure were
conducted with four different models of bone matrix shown
in Table I. For the isotropic case �model 1�, two independent
stiffness coefficients are required �c33

0 , c13
0 � to define the elas-

ticity of the bone matrix, and in the three transversely isotro-
pic models �models 2–4�, five independent stiffness coeffi-
cients are needed �c11

0 , c33
0 , c55

0 , c13
0 , and c12

0 �. Here, the
subscript zero is used to denote the intrinsic stiffness of the
tissue matrix.

In all the models, the axial stiffness c33
0 was taken close

to 34 GPa, the overall mass density �0 of the bone matrix
mass 1.91 g/cm3. These values were derived from SR-�CT
and SAM data averaged over the samples that were investi-
gated with these techniques. In Ref. 22, the mass density of
the solid matrix was related by a second-order polynomial fit
to the mineral amount. According to this, the mass density in
our study was approximated to a value of 1.91 mg/cm3, con-
sidering the mean value of mineralization previously mea-
sured and neglecting the intersample variations. The axial
stiffness c33

0 =34.3 GPa was derived from acoustic imped-
ance �Z=8.1 MRa� values measured at 50 MHz, with a reso-
lution of 23 �m well adapted to spatial grid of the simulation
�20 �m�. The axial stiffness was derived using the relation

c33
0 =

Z2

�0 �5�

between acoustical impedance and density, with �0

=1.91 g/cm3. Because the standard deviation of the acoustic
impedance over the samples was small and the variations of
the mean value of the acoustic impedance were weak be-
tween the different regions investigated, a fixed value of c33

0

was adopted within and between specimens. We choose to
couple the numerical simulations to experimental data ob-
tained on the same set of specimens investigated by both
scanning acoustic microscopy and �CT. This might have
resulted in stiffness values slightly higher than values re-
ported in the literature.13,35 We do not expect the trends re-
ported here to be accurate in an absolute sense. However,
since our main conclusion is based on the comparative per-
formance of the models, the general trends reported here are
expected to hold in a relative sense. All four models are built
around the same value of c33

0 . It would be interesting to carry
out a parametric study on the influence of this absolute value.

With models 2–4, transversely isotropic bone matrices
with various degrees of anisotropy were explored. The value
of the anisotropy ratio AR0=c33

0 /c11
0 was chosen in the range

1–1.5. The value of c11
0 was therefore determined from the

selected anisotropy ratio value. Moreover, for the three trans-
versely isotropic matrix �models 2–4�, the shear stiffness co-
efficient c55

0 was fixed to 10.4 GPa.36

The other stiffness coefficients, c13
0 and c12

0 , were derived
from the relationship between Poisson’s ratio and stiffness,
assuming the bone matrix to be either isotropic �model 1� or
transversely isotropic �models 2–4�, with the following rela-
tionships:

�L
0 =

c13
0

c11
0 + c12

0 , �T
0 =

c33
0 c12

0 − �c13
0 �2

c33
0 c11

0 − �c13
0 �2 . �6�

The longitudinal �L
0 and the transverse �T

0 Poisson’s ratios
were equal and set to a value of 0.3, a commonly used value
in the literature.37–39 Model 2 was build with AR0=1.12, a
value reported in Hofmann et al.36 In model 3, a ratio of
anisotropy c33

0 /c11
0 =1.26 was adopted, according to Turner’s

report.37 In addition, we kept in this model the value of the
longitudinal shear modulus given in Ref. 36 providing c55

0 .
Model 4 was used to enlarge the range of anisotropy

ratio and AR0 reaches the value of 1.5, the value of c33
0 and

c55
0 remaining the same as in models 2 and 3.

E. Pore size and porosity

Figure 2 shows a typical 3D reconstruction of the porous
network. To perform numerical simulation, the original grey
scale reconstructions were segmented to yield binary map-
pings of the porous network. The segmentation threshold laid
between the two well-separated distributions of pixel values

FIG. 3. Distribution of pores diameter through the 19 samples.

TABLE I. Four bone matrix models.

c33
0

�GPa�
c11

0

�GPa� c33
0 /c11

0 c13
0 /c11

0 c55
0 /c11

0 c66
0 /c11

0

Model 1 34.3 34.3 1 0.43 0.29 0.29
Model 2 34.3 30.6 1.12 0.42 0.34 0.29
Model 3 34.3 27.3 1.26 0.42 0.38 0.31
Model 4 34.3 22.9 1.5 0.41 0.45 0.30
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corresponding to the bone tissue and to the empty pores. The
porosity was defined for each specimen as the ratio of the
volume of pores to the total bone volume. The pore area
related to different pore diameters was estimated in each re-
constructed tomographic cross section, and then the pore ar-
eas were summed over the cross sections and multiplied by
the spatial step increment between two consecutive slices to
obtain the porosity. The distribution of the porosity as func-
tion of pore diameters was deduced from the morphological
analysis of the 19 reconstructed microstructures. In addition,
structural parameters such as mean pore density �number of
detected pores per mm2� and mean pore diameter �the
equivalent diameter was determined from the area of the in-
dividual canals� were extracted.

III. RESULTS

A. Pore size and porosity

Each of the 19 samples had a porosity falling in the
range 2%–15%. The distribution of diameters for the 19
specimens illustrated in Fig. 3 shows a bimodal distribution
with two pore classes, the 60- and the 180-�m-diam groups,
as contributors to the porosity �Fig. 3�. The spatial resolution
of SR-�CT was not sufficient to resolve the smallest pores
�osteocytes lacunae, canaliculi� of a few microns in diameter.
A higher resolution ��10 �m� is needed to consistently vi-
sualize all cortical pores in human bone.40

The average porosity in these samples was about 7%,
the average pore number density was 15 mm−2, and the mean

pore diameter was about 80 �m. These results are consistent
with previous morphological studies on human cortical
bone.22,41

B. Effective velocities and stiffness coefficients as a
function of cortical porosity

Velocities of compression and shear bulk plane waves
along the three principal axes of symmetry were computed
for the 19 bone specimens and the 4 models. Figure 4 pre-
sents results for model 2. All the effective compression and
shear bulk wave velocities decrease when porosity increases.
However, the decrease was less pronounced for propagation
along the long axis of the bone compared to the transverse
directions. For a 10% increase in porosity, waves that propa-
gate in the transverse plane undergo a decrease of 12%
�470 m/s� for compression waves and 17% �370 m/s� for
shear waves, while waves that propagate in the Z direction
are reduced by 4% �160 m/s� for compression waves and
11% �260 m/s� for shear waves.

Similar trends of velocity variation versus porosity were
observed for the four bone matrix models �Table II�.

As a consequence of the decrease of both the effective
mass density �Eq. �4�� and bulk wave velocities �Fig. 4� with
the porosity, all the effective diagonal stiffness coefficients
decline with the porosity as illustrated for model 2 in Fig. 5.

In all the bone models, a quadratic law between stiffness
coefficients and porosity �ap2+bp+c� was a better fit than a
linear regression, although the first coefficient of the polyno-
mial was small �see Table III�.

FIG. 4. Effective compression and shear bulk wave velocities deduced from
FDTD simulations as a function of cortical porosity �model 2�. The grey
stars represent Vx and Vzx.

TABLE II. Absolute �relative variation� of compression and shear waves velocities for a 10% increase of
porosity �from 0 to 10%�.

�m/s�

Compression waves in
the transverse plane

Vx and Vy

Compression wave in
the axial direction

Vz

Shear wave in the
transverse plane

Vxy

Shear waves in the
axial direction

Vzx and Vyz

Model 1 530 �12%� 190 �4.5%� 380 �17%� 250 �11%�
Model 2 470 �12%� 160 �4%� 370 �17%� 260 �11%�
Model 3 420 �11%� 150 �3.5%� 355 �17%� 200 �9%�
Model 4 350 �10%� 130 �3%� 320 �11%� 270 �11%�

FIG. 5. Effective diagonal stiffness coefficients as a function of porosity
�model 2�.
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C. Porosity contribution to effective anisotropy

The influence of porosity on effective stiffness is weaker
in the axial direction �i.e., for c33 and for c44 and c55� com-
pared to the transverse directions �i.e., for c11 and c22 and for
c66�, a result that contributes to the increase of the effective
anisotropy as a function of porosity compared to the original
elastic anisotropy of the bone matrix.

The effective anisotropy ratio �AR=c33/c11� normalized
by the intrinsic anisotropy ratio of the bone matrix �AR0

=c33
0 /c11

0 � is plotted as a function of porosity for the four
different bone models in Fig. 6. Normalized anisotropy ratios
are consistently found to be greater than one and increasing
with the porosity. The data indicate that the porosity contrib-
utes to the overall effective elastic anisotropy of bone struc-
ture. The higher the porosity, the higher its contribution to
the bone elastic anisotropy. A 10% increase of porosity �from
0 to 10%� results in a relative increase of anisotropy ranging
between 16% �for AR0=1.5� and 20% �for the isotropic case�
for the four bone matrix models studied.

Furthermore, the effective shear anisotropy ratio �AR�
=c55/c66� increases with the porosity: For a 10% increase of
porosity, the AR� is 16% greater for the isotropic case
�model 1�, 14% greater for models 2 and 3, and 12% greater
for model 4.

The relative contribution of porosity to structural aniso-
tropy of cortical bone is all the more important because the
bone matrix is weakly anisotropic.

On the other hand, the other anisotropy ratios assessed
by FDTD simulations �cii /c11� were found to remain almost
unchanged with the porosity.

IV. DISCUSSION

Our results suggest that the porous network introduces
or reinforces transverse isotropy, as expected owing to its
preferential orientation parallel to the bone axis. Indeed, it is
noteworthy that the effect of porosity is similar for c11 and
c22, and for c44 and c55. As pictured by Fig. 5, the differences
between c11 and c22 and between c44 and c55 induced by the
porous network were subtle: for example, �c11−c22� /c11�2
�10−4 for p�10% and �c11−c22� /c11�4�10−2 for
p�10%. Therefore, if either isotropic �model 1� or trans-
versely isotropic symmetry �models 2–4� is assumed for the
tissue matrix, the introduction in the bone model of the ori-
ented porous network resulted in a structure with effective
transversely isotropic elastic properties. The result is consis-
tent with the well-known effective macroscopic transverse
isotropy of human cortical bone.34,42–44

However, two additional conditions, c13=c23 and c66

= �c11−c12� /2, required by this symmetry could not be
checked here because mixed-indices stiffness coefficients
were not evaluated. The evaluation of the mixed-indices
stiffness coefficients c12, c13, and c23 requires one either to
rotate the sample or to record angular variation of transmit-
ted bulk wave. In the first case, it would be necessary to
modify the software to implement capabilities of working
with material of more general anisotropy than orthotropy,
and in the second case it would be necessary to implement a
more sophisticated signal processing. As these tasks were not
under the scope of this study, the stiffness coefficients c12,
c13, and c23 were not evaluated. However, note that under the
reasonable assumption of a macroscopic transverse aniso-
tropy, c12 can be simply derived from the knowledge of c11

and c66 with c66= �c11−c12� /2.
Coupling �CT-based models of bone microstructure

with FDTD simulations is a powerful means to compute the
effect of porosity on effective stiffness and elastic anisotropy
of bone. The high spatial resolution reached by SR-�CT al-
lows an accurate determination of the porous network. How-
ever, the bone computational model also requires input data
for the stiffness of the bone tissue matrix. Because the com-
plete set of real data �five stiffness coefficients and mass
density� for the bone matrix was not known, some hypoth-
eses were made. The Poisson’s ratios are not easy to deter-
mine experimentally and therefore are not known with accu-
racy, and an a priori value of 0.3 for the Poisson’s ratios was
assumed, following a commonly adopted assumption in
many studies, especially finite element analyses,45 despite
the rather wide range of values, between 0.12 and 0.63, re-
ported in literature.31,42 Thus, one limitation of our study is
related to the assumption adopted regarding the values of the

TABLE III. Quadratic law variations of the diagonal stiffness coefficients vs porosity cii=a�p% �2+bp% +c.

AR0=1.12 c11 c22 c33 c44 c55 c66

a 0.024 0.026 0.011 0.004 0.013 0.014
b −1.088 −1.047 −0.527 −0.232 −0.398 −0.412
c 31.15 30.82 34.37 10.14 10.47 80.60
R2 0.97 0.98 0.96 0.80 0.88 0.88

FIG. 6. Normalized effective anisotropy ratio �AR/AR0� as a function of
porosity for the different bone matrix models. Open circles correspond to the
isotropic case �model 1�, the light grey circles to model 2 �AR0=1.12�, the
dark grey circles to model 3 �AR0=1.26�, and the closed circles to model 4
�AR0=1.5�.
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Poisson’s ratios, as mentioned in Raum et al.22 Here, in a
first step we have investigated the influence of the longitudi-
nal Poisson’s ratio value on the axial velocity as a function of
porosity for model 1 �model 1 is isotropic, the longitudinal
and transverse Poisson’s ratios are equal�, model 2, and
model 4. For these bone models, the computations have been
run with an input Poisson’s ratio value of 0.4 instead of 0.3.
The new Poisson’s ratio value was properly taken into ac-
count by modifying the value of the stiffness coefficients c12

0

and c13
0 according to Eq. �6�.

The influence of the Poisson’s ratio value on the axial
velocity is presented in Fig. 7. The increase of Poisson’s ratio
from 0.3 to 0.4 induces a stronger impact of porosity on axial
velocity and a better differentiation of the behavior between
the different anisotropy models. For a longitudinal Poisson’s
ratio of 0.3 and a 10% increase of porosity, the axial velocity
decreases by 190 m/s �4%� for model 1, 165 m/s �4%� for
model 2, and 130 m/s �3%� for model 4. When the longitu-
dinal Poisson’s ratio is fixed to 0.4, the impact of a 10%
increase of porosity on the axial velocity is of 430 m/s
�10%� for model 1, 300 m/s �7%� for model 2, and 200 m/s
�5%� for model 4. Consequently, an accurate estimation of
the Poisson’s ratios or of the related stiffness coefficients,
especially the mixed-indices ones, at the matrix level is criti-
cal for a reliable prediction of relative variation of ultrasound
velocities as function of porosity. Advances in this field have
been published recently.31,45

The present study permits a direct assessment of the
effect of porosity on the stiffness coefficients of cortical
bone. However, the morphology of the porous network is
complex and requires several parameters to be fully charac-
terized, including the size of the pores, pore density �number
of pores per unit of area�, spatial distribution of the pores,
and shape of the pores.46 The question arises as to whether
these properties are determinant factors of the effective stiff-
ness and the elastic anisotropy of cortical bone. Simplified
models of porous networks were numerically built in order to
better understand these effects for fixed values of porosity.

Preliminary results �not shown here� suggest that the influ-
ence of morphological parameters is small. For example,
with a simplified model with a periodic spatial distribution of
cylindrical inclusions embedded in the bone matrix, with
their axis parallel to the axis of the bone, only subtle differ-
ence of 2% in the axial compression velocity could be ob-
served. However, more work is required to explore the con-
sequences of morphological variations in the cortical
porosity on effective elastic properties.

The results of the present study can be used to elaborate
sophisticated macroscopic computational bone models incor-
porating realistic CT-based macroscopic bone structures and
effective elastic properties derived from �CT-based FDTD
simulations taking into account the effect of cortical porosity.
These macroscopic computational bone models are of con-
siderable interest as they can be used in order to evaluate the
effect of porosity and of macroscopic bone structure on mea-
sured velocities in axial transmission. The frequency band-
width �around 1 MHz� in this study is in the range of that
typically used in some of the clinical settings. However, as
mentioned in Sec. I, other devices are working at lower fre-
quencies �around 250 kHz�. Work on velocity frequency dis-
persion in cortical bone is sparse. Studying the frequency
dependence of stiffness coefficients is potentially important.
Therefore, specific attention must be paid in future works to
the determination of phase velocity and amplitude in differ-
ent frequency ranges.

V. CONCLUSION

The effect of oriented cortical bone porosity on ultra-
sound plane bulk wave velocities and elastic stiffness coef-
ficients was investigated using transient numerical simula-
tion of ultrasound plane bulk waves in 3D reconstructed
microstructure of cortical bone samples. The effective stiff-
ness coefficients were found to decrease with increasing po-
rosity. The preferential orientation of the pore network along
the bone axis induced an additional anisotropy �16%–20%�
of the effective medium compared to the initial anisotropy of
the bone tissue matrix. With initial Poisson’s ratios values of
0.3, the variation of the effective anisotropy ratio was found
to be fairly the same whatever the original anisotropy of the
bone matrix was. However, the Poisson’s ratio of the elastic
bone matrix was found to be a critical determinant of the
evaluation of relative variation of effective velocities and in
turn of effective stiffness coefficients as a function of poros-
ity.
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Abstract—Two clinical trials have used ultrasound to improve tPA thrombolysis in patients with acute ischemic
stroke. The Combined Lysis of Thrombus in Brain Ischemia Using Transcranial Ultrasound and Systemic tPA
(CLOTBUST) trial reported accelerated recanalisation of the middle cerebral artery (MCA) in patients with
symptoms of MCA infarction, which were monitored with 2-MHz transcranial Doppler. In CLOTBUST, there
was no increased bleeding as evidenced by cranial computed tomography. The Transcranial Low-Frequency Ultra-
sound-Mediated Thrombolysis in Brain Ischemia (TRUMBI) trial, which employed magnetic resonance imaging
(MRI) before and after tPA thrombolysis, was discontinued prematurely because of an increased number of
secondary hemorrhages, possibly related to the use of low frequency 300-kHz ultrasound. The purpose of our
work is to help identify possible mechanisms of intracerebral hemorrhage resulting from sonothrombolysis by
applying a simulation tool that estimates the pressure levels in the human brain that are produced with different
sonothrombolysis devices. A simulation software based on a finite difference time domain (FDTD) three-dimen-
sional (3D) scheme was developed to predict acoustic pressures in the brain. This tool numerically models the
wave propagation through the skull and reproduces both ultrasound protocols of CLOTBUST and TRUMBI
for analysis of the distribution of acoustic pressure in the brain during stroke treatment. For the simulated
TRUMBI trial, we analyzed both a ‘‘high’’ and ‘‘low’’ hypothesis according to published parameters (for high
and low amplitude excitations). For these hypotheses, the mean peak rarefactional pressures in the brain were
0.26 ± 0.2 MPa (high hypothesis) and 0.06 ± 0.05 MPa (low hypothesis), with maximal local values as high as
1.2 MPa (high hypothesis) and 0.27 MPa (low hypothesis) for configurations modelled in this study. The peak rare-
factional pressure was thus higher than the inertial acoustic cavitation threshold in the presence of a standing wave
in large areas of the brain, even outside the targeted clot. For the simulated CLOTBUST trial, the maximum peak
negative pressure was less than 0.07 MPa. This simulated pressure is below the threshold for both inertial and
stable acoustic cavitation but likewise lower than any acoustic pressure that has been reported as sufficient for
effective sonothrombolysis. Simulating the pressure field of ultrasound protocols for clinical trials of sonothrom-
bolysis may help explain mechanisms of adverse effects. Such simulations could prove useful in the initial design
and optimization of future protocols for this promising therapy of ischemic stroke. (E-mail: norabelic@yahoo.
fr) � 2009 World Federation for Ultrasound in Medicine & Biology.

Key Words: Stroke, Ultrasound, Sonothrombolysis, Numerical simulation, Safety.

INTRODUCTION

Stroke is now the second leading cause of death in indus-

trialized countries. The great majority of strokes are

ischemic (85%). This is generally due to a blood clot,

which occludes a cerebral artery and causes brain necrosis

in the territory of the supplying vessel. The key point in

the treatment of ischemic stroke is the rapidity of the re-

perfusion to avoid irreversible damage of brain tissue

and sequelae for the patient (Caplan 1999). So far, intrave-

nous recombinant tissue plasminogen activator (tPA) is

the only effective and approved treatment available for

acute ischemic stroke, despite controversial results con-

cerning the balance between its established beneficial

thrombolytic effect and its potential neurotoxicity (Bench-

enane et al. 2004).

Several in vitro and in vivo (animal models) studies

have revealed that ultrasonic exposure of clots (with

ISPTA.3 ranging from 700 to 1750 mW/cm2) accelerates

the effect of fibrinolytic agents over a wide range of

frequencies (from 20 kHz to 2 MHz) (Kudo 1989; Lauer

et al. 1992; Kornowski et al. 1994; Francis et al. 1995;
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Behrens et al. 1999; Alexandrov et al. 2004; Daffertshofer

et al. 2004). Mechanisms of ultrasound-accelerated tPA

thrombolysis include reversible disaggregation of cross-

linked fibrin fibers (Braaten et al. 1997), microcavity

formation in the shallow layer of thrombus (Kondo et al.

1999) and increased uptake and penetration of tPA into

clots (Francis et al. 1995). Cavitation, bubble formation

in the rarefactional pressure zones, plays an important

role in the production of such bioeffects (Blinc et al.

1993; Everbach and Francis 2000; Behrens et al. 2001;

Meunier et al. 2007). Thermal effects may also contribute

to ultrasound-assisted thrombolysis (Shaw et al. 2006)

Two clinical trials of sonothrombolysis for treatment

of ischemic stroke have been reported. CLOTBUST

(Combined Lysis of Thrombus in Brain Ischemia Using

Transcranial Ultrasound and Systemic tPA) (Alexandrov

et al. 2004) was a multicenter randomized clinical trial

on 126 patients who had acute ischemic stroke due to

occlusion of the middle cerebral artery (MCA). All

patients were treated with intravenous tPA within 3 h after

the onset of symptoms. Target patients received along

with tPA, 2-MHz, pulsed wave transcranial Doppler

monitoring for a duration of 2 h. A complete reperfusion

or dramatic clinical recovery was observed for 49% of

the patients in the target group (tPA 1 US) and for only

30% of the control group. No secondary effects linked

with ultrasound exposure were identified.

Another clinical trial on sonothrombolysis, the

TRUMBI trial (Transcranial Low-Frequency Ultra-

sound-Mediated Thrombolysis in Brain Ischemia), was

stopped prematurely because of the occurrence of a higher

number of intracerebral hemorrhages after tPA treatment

combined with transcranial sonication at 300 kHz (Daf-

fertshofer et al. 2005). Unlike the CLOTBUST study,

rigorous MRI monitoring was performed in all patients

and not just in those where control imaging after throm-

bolysis was warranted clinically. This led to detection of

MRI evidence of hemorrhage in 93% of the target patients

and 42% of the control patients in TRUMBI. Among these

hemorrhages, all were classified as hemorrhagic transfor-

mation in the tPA only group versus 61% in the tPA plus

ultrasound group. Five hemorrhages in the target group

were symptomatic hemorrhages, possibly linked to ultra-

sound exposure.

The reasons for the different outcomes in these two

clinical trials of sonothrombolysis are unclear. Indeed,

experimental studies using animal models (Daffertshofer

et al. 2004) were unable to demonstrate harmful secondary

effects of ultrasound insonification using TRUMBI

parameters. One report has suggested that hemorrhages

in TRUMBI were related to abnormal permeability of

the human blood-brain barrier that was induced by

wide-field low-frequency insonation (Reinhard et al.

2006). Wang and coworkers (Wang et al. 2008) hypothe-

size that in TRUMBI a pulse length of 765 mm combined

with a very wide beam can cause overlap many times as

the wave runs its course back and forth across the brain,

reflecting off the skull. Therefore, the instantaneous inten-

sity of ultrasound in the brain tissue may multiply

constructively at some localized sites of brain tissue, re-

sulting in MIs that are larger than the maximum limit set

by the Food and Drug Administration (FDA).

The purpose of our work is to better understand the

brain pressure amplitude distribution involved in these

studies through numerical simulations. This approach

may allow localization of potential areas of acoustic cavi-

tation and, thus, help explain mechanisms of adverse

effects of sonothrombolysis.

MATERIALS AND METHODS

Ultrasound parameters from clinical studies of
sonothrombolysis

All the pressure levels involved in the clinical studies

(CLOTBUST or TRUMBI) have been deduced from data

collected in various publications. Namely, peak negative

pressure had to be deduced from the derated ISPTA.3.

ISPTA:35P2
2=2rc (1)

r is the mass density and c is the ultrasound wave’s

velocity. The derating factor is fixed to 0.3 dB/cm-MHz

and the derated intensities are noted with the index ‘‘.3’’

(AIUM/NEMA 1992). Due to the frequencies used in

the clinical studies, the derated ISPTA.3 has to be taken

into account carefully in the CLOTBUST study whereas

the value of ISPTA.3 is very close to that of ISPTA.3 in the

TRUMBI protocol.

Assuming that the nonlinear effects are negligible in

this configuration, we considered

Pp2p52P2 (2)

Pp2p is the peak-to-peak acoustic pressure.

CLOTBUST study. The emitter was a 10 mm-diam-

eter single element delivering a 2-MHz pulsed wave

with duty cycle of 15% and short emission duration of

15 ms. The focusing was set in the ipsilateral hemisphere.

The focal length depends on the targeted region: proximal

(between 30 mm and 45 mm) or distal (more than 45 mm).

At 45 mm away from the transducer, the derated spatial-

peak time-averaged intensity, ISPTA.3 was measured at

739 mW/cm2 (Moehring et al. 2000) and a ISPPA.3 of 4.9

W/cm2. The corresponding pressure in water is, thus,

equal to 0.385 MPa.

TRUMBI study. The diamond pattern transducer (50

mm diameter) emitted an unfocused pulsed ultrasound

wave at 300 kHz modulated in frequency (61.5 kHz) to
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limit standing waves. The targeted zone was the contralat-

eral brain hemisphere corresponding to a distance around

100 mm.

The emission parameters reported in (Daffertshofer

et al. 2005) include a 5% duty cycle (corresponding to

an emission duration of 500 ms) and a spatial-peak time-

average intensity (ISPTA.3) of 700 mW/cm2 in water with

a pulse repetition frequency of 100 Hz.

Taking into account the duty cycle, the spatial-peak

pulse-average intensity (ISPPA.3) was 14 W/cm2, corre-

sponding to a mechanical index (MI) in water of 1.18.

However, the authors claim that the mechanical index

was less than 0.2. Wang (2008) recently estimated the

MI used in the TRUMBI study and concluded that the

value given in (Daffertshofer et al. 2005) was wrong:

the MI was 1.18 and the pressure was higher than the

one expected by the authors of the TRUMBI study.

However, a closer look at the description of the emission

parameters given in (Daffertshofer et al. 2005) could be

interpreted in another way: the 5% duty cycle has been

added in order to ‘‘further reduce thermal effects’’ and

was, thus, not taken into account in the evaluation of the

700 mW/cm2 ISPTA.3 in water, so that technically

speaking, it corresponds to an ISPPA.3 of 0.7 W/cm2.

This corresponds to the back-calculation of a mechanical

index of 0.25.

To summarize, data given in (Daffertshofer et al.

2005) are not coherent: either the given MI is equal to

1.18 or it is equal to 0.2. Since it is unclear which interpre-

tation of the published data is correct, both parameters will

be evaluated in this study, according to two separated

hypothesis.

High hypothesis. The MI is equal to 1.18. It corre-

sponds to an ISPPA.3 of 14 W/cm2 . This hypothesis is sup-

ported by Wang et al (2008) and corresponds to the

published ISPTA.3 (Daffertshofer et al 2005). The corre-

sponding pressure in water is, thus, equal to 0.65 MPa.

Low hypothesis. The MI is equal to 0.2. It corre-

sponds to an ISPPA.3 of 0.7 W/cm2. This hypothesis is sup-

ported by the designers of the TRUMBI device and

corresponds to the published MI value (Daffertshofer et

al 2005). The corresponding pressure in water is, thus,

equal to 0.15 MPa.

A frequency modulation was used in the TRUMBI

study to avoid standing waves: 300 6 1.5 kHz but no

reference to the exact frequency modulation was given.

Different frequency modulation options have, thus, been

tested: ramp or sinusoidal modulation. Furthermore, in

order to study the influence of the frequency modulation,

various frequency ranges have been modelled (300 kHz;

300 6 1.5 kHz; 300 6 15 kHz; 300 6 150 kHz).

Ultrasonic parameters of both CLOTBUST and

TRUMBI studies are summarized in Table 1.

The mechanical index (MI)
In order to evaluate the likelihood of cavitation-

related biological effects, the most relevant indicator

was established to be the mechanical index (MI) (Apfel

and Holland 1991). Indeed acoustic cavitation activity

occurs in areas of rarefactional pressure and depends on

the ultrasound frequency. The MI is defined as follows:

MI5
P2ffiffiffi

f
p (3)

with P2 the in situ peak rarefactional pressure in megapas-

cal and f the ultrasound center frequency in megahertz.

In this study, as the simulation is taking into account

the absorption in the tissues, the computed pressure corre-

sponds to the in situ peak rarefactional pressure P2. Equa-

tion 3, thus, enables to directly calculate the simulated MI.

To avoid adverse biologic effects related to acoustic

cavitation, the FDA (FDA–510K) imposes the diagnostic

devices to ensure a MI less than 1.9 (Dalecki 2004).

No adverse biologic effect induced by ultrasound

alone on mammals has been recorded for MI , 0.3

(AIUM/NEMA 1992). Nevertheless, this threshold may

be lowered in the presence of tPA and clot and in

a standing wave field.

Importantly, this definition of MI is only valid for

single cycle pulses. As in previous publications (Daf-

fertshofer et al. 2005; Wang et al. 2008), the MI will be

used later in this article to analyse previous results. Signif-

icant work has been done on the influence of pulse dura-

tion and pulse repetition frequency on the safety of

ultrasound-induced lung hemorrhage (O’Brien Jr 2007).

Church and O’Brien Jr. introduced recently a modified

MI taking into account the pulse length (Church and

O’Brien Jr 2007). Basically, the threshold for cavitation

decreases with pulse length and reaches a plateau for 10

cycles: the modified MI is three times higher than the clas-

sical one in water. All the MIs given in this article refer to

conventional calculations (for one cycle pulses). As all

pulses have much more than 10 cycles, such MIs do not

reflect the exact biologic effects of ultrasound but only

serve as reference for the readers in addition to the pres-

sure levels.

The skull acoustical model
From high resolution computed tomography (CT)

images, a three-dimensional (3D) portion of the skull is

reconstructed. CT images were acquired with a GE

Genesis CT scanner (GENESIS Medical Imaging, Inc.,

Huntley, Illinois, USA) (3 mm slice thickness, 1 mm

between slices, slice resolution: 0.69 mm 3 0.69 mm) at

the Curie Institute Hospital (Paris, France). The Curie

Institute institutional review board approved the imaging

protocol and data was anonymized before transmission
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to the Laboratoire Ondes et Acoustique. All measure-

ments and simulations were performed on one female

skull. Patient data protection regulations for this study

do not allow disclosure of ethnic group or age. As previ-

ously described in (Aubry et al. 2003), the acoustical prop-

erties of the skull are then deduced from the raw CT data.

The brain acoustical model
The brain is considered as soft tissue with an acous-

tical behavior close to that of water (Wells 1977):

rbrain51000kg=m
3
; cbrain51500m=s (4)

The brain is an absorbing medium, the absorption

coefficient depends on the ultrasound frequency and was

set to (Goss et al. 1978).

absbrain50:5dB=cm=MHz (5)

Thus, in our simulations the brain is modelled by

a homogeneous absorbing medium.

Simulation code
Three-dimensional (3D) finite simulations have been

performed in order to evaluate pressure field distributions

and pressure levels in the brain. Simulations were per-

formed with a C11 finite differences program developed

at the Laboratoire Ondes et Acoustique (UMR CNRS

7587, Paris, France). The scalar heterogeneous wave

equation with loss absorption (eqn 6) was discretized

with a second order in space and second-order centered

in time scheme. A fourth order approximation Higdon

absorption boundary (Higdon 1991) condition was used

on computation volume borders to avoid unphysical

reflections (reflections are typically 40 dB lower than

the incident wave field over a wide range of incidence

angles). 
11tð r!Þ v

v t
,

! �
rð r!Þ V,

�
1

rð r!Þ
V p ð r!; tÞ

��

2
1

cð r!Þ2
v2p ð r!; tÞ

v t2
5Sð r!; tÞ ð6Þ

where cð r!Þis the speed of sound, rð r!Þ the density and

tð r!Þ the absorption coefficient in the medium either in

the skull bone or in the brain. The pressure field p and

the source term S depend on both space and time.

Simulations were conducted at 2-MHz and 300-kHz

central frequency. The simulation grid was set to one tenth

of a wavelength. In order to meet the Von Neumann

stability criteria (Press et al. 1992), the temporal step is

given by Dt, Dx

max
r!ðc0ð r!ÞÞ ffiffi3p , where Dx is the spatial

step of the grid. An example of the 3D pressure field in

the region of interest located in front of the transducer is

given on Fig. 1. One can see the appearance of vibration

nodes and antinodes in the 3D wave field distribution.

For sake of clarity, only two-dimensional (2D) views

will be displayed in the results. In both studies, we assumed

that the clinicians located the transducers optimally,

perpendicularly to the temporal window. Such a config-

uration was reproduced at best in the simulation process.

Definition of the targeted area
Each clinical study had its own procedure to target

the clot once it was located.

Trumbi. The transducer was positioned on the

temporal bone window on the contralateral side of the

head with a clot-probe distance around 100 mm (Daf-

fertshofer et al. 2005).

Clotbust. The transducer was positioned on the

temporal bone window ipsilateral to the clot. Typically,

the clot-probe distance was around 45 mm (Alexandrov

et al. 2004).

According to each set-up, the location of the targeted

region has been estimated in respect to the location of the

probe. Even though no model of clot has been introduced

in the simulations, pressure levels obtained in the expected

location of a clot were analyzed for each study. Such

regions-of-interest (1 cm 3 1 cm 3 1 cm) will be later

referred to as ‘‘expected location of the clot’’. Parameters

described in this section are summarized in Table 1.

Cavitation threshold
In order to determine in which areas of the brain iner-

tial cavitation might occur, the pressure field simulated in

the brain has been mapped. The areas where the pressure

Table 1. Parameters for the two trials

CLOTBUST TRUMBI

Number of patients 126 26
Transducer diameter (mm) 10 50
Focused/unfocused yes no
Distance of the
target (mm)

Proximal (30-45) 100
Distal (.45)

Frequency (MHz) 2 0.3
Emission duration (ms) 15 500
Pulse repetition

frequency (MHz)
0.1 0.0001

ISPPA (W/cm2) 4.9 14 (high hypothesis)
0.7 (low hypothesis)

Peak negative pressure
in water

0.385 0.65 (high hypothesis)
0.15 (low hypothesis)

CLOTBUST 5 Combined Lysis of Thrombus in Brain Ischemia
Using Transcranial Ultrasound and Systemic tPA; TRUMBI 5 Transcra-
nial Low-Frequency Ultrasound-Mediated Thrombolysis in Brain
Ischemia.
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went beyond the threshold for inertial acoustic cavitation

in a standing wave field have been plotted. The inertial

acoustic cavitation threshold applied to our analysis was

derived from (Azuma et al. 2005). In Azuma’s study the

acoustic cavitation threshold was measured in degassed

water, in a standing wave field established inside a human

skull, at 617-kHz frequency. The back-calculated peak

rarefactional pressure was 0.27 MPa. By considering

that the cavitation threshold increases as the square root

of the frequency, the corresponding threshold at 300

kHz is equal to 0.19 MPa. It is important to note here

that the cavitation threshold in a standing wave field is

much smaller than the threshold in a progressive wave

field. This is mainly due to the fact that nanobubbles can

be trapped in antinodes and create bigger bubbles by coa-

lescing (Azuma et al. 2005). Those microbubbles iner-

tially collapse as soon as they reach their resonant size.

RESULTS

The TRUMBI study
Several points are crucial in analyzing the interaction

between the biologic medium and the ultrasound field: the

location and the amplitude of the peak rarefactional pres-

sure and the possibility of standing waves formation.

Peak rarefactional pressure. In the whole area of the

brain in front of the transducer, the mean peak rarefac-

tional pressure is equal to 0.26 6 0.2 MPa in the case of

the high hypothesis and 0.06 6 0.05 MPa in the case of

the low hypothesis.

Table 2 summarizes the simulated pressure levels at

the expected location of the clot and the maximum pres-

sure levels achieved in the brain (on the so-called ‘‘hot

spot’’) with the corresponding MI: the maximum peak

rarefactional pressure in the brain is equal to 1.2 MPa

for the high hypothesis and 0.27 MPa for the low hypoth-

esis. At the expected location of the clot, the maximum

peak rarefactional pressure is equal to 1 MPa for the

high hypothesis and 0.22 MPa for the low hypothesis.

The location of the corresponding maximum pres-

sure levels achieved in the brain can be seen in Fig. 2

(black dots). The location of these ‘‘hot spots’’ is highly

dependent on the skull shape and on the position of the

probe. The pressure field distribution in the brain for

two different locations of the probe has been represented:

Table 2. Simulation results for the TRUMBI set-up

Left temporal
window (parallel to the skull)

Right temporal
window (parallel to the skull)

Maximum peak rarefactional pressure (MPa) High hypothesis/low hypothesis 1.2/0.27 1.1/0.25
MImax High hypothesis/low hypothesis 2.2/0.49 2/0.45
Pressure at the expected location of the clot (MPa) High hypothesis/low hypothesis 1/0.22 0.8/0.18
MIclot High hypothesis/low hypothesis 1.8/0.40 1.5/0.33

TRUMBI 5 Transcranial Low-Frequency Ultrasound-Mediated Thrombolysis in Brain Ischemia; MI 5 Mechanical Index.

Fig. 1. Three-dimensional simulation of the acoustic field after propagation through the skull bone (in a dB scale with a 60
dB dynamic). The transducer is located on the right side of the image.
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probe located on the right temporal window (Fig. 2a) and

on the left temporal window (Fig. 2b). The maximum peak

rarefactional pressure is not located in the same area:

between the emitter and the clot for the right window

configuration and near the bone at the opposite side

from the emitter for the left window configuration. More-

over, in Fig. 2a, the acoustic beam is reflected with an

angle whereas in Fig. 2b the reflected wave travels parallel

to the incident wave yielding to completely different pres-

sure field distribution in the brain. In the latter case,

a standing wave is likely to occur all the way in front of

the transducer.

Standing waves. In order to have a closer look at

potential standing wave formation, the acoustic pressure

is presented as a function of time in Fig. 3 for our high

hypothesis. In the case of the low hypothesis, the patterns

are identical and only the pressure amplitudes differ. It

corresponds to the configuration with the transducer

located on the right temporal window. Each plot repre-

sents the pressure recorded at the location of the maximum

pressure amplitude observed in the brain (a,‘‘hot spot’’)

and at the expected location of the clot (b,‘‘clot’’). The

distance of the ‘‘hot spot’’ from the emitter surface is 65

mm. The distance of the clot (targeted region) from the

emitter surface is equal to 100 mm. One can see that the

amplitude is varying with time, indicating interferences

between direct waves and waves reflected on the contralat-

eral skull.

Cavitation. Figure 4 represents in grey the areas

where the pressure went beyond the threshold for inertial

cavitation in a standing wave. The inertial acoustic cavita-

tion threshold applied to our analysis was set to 0.19 MPa

(derived from [Azuma et al. 2005]). During sonication,

each time the simulated pressure levels went beyond the

cavitation threshold, the corresponding pixel was defi-

nitely turned to from a black pixel to a grey one.

Fig. 2. Maximum peak rarefactional pressure (black spot) location and shape of the ultrasound field through (a) the right
and (b) the left temporal windows.
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The zone where the acoustic cavitation is liable to

take place is not confined to the clot for both the low

hypothesis (Fig. 4a) and the high hypothesis (Fig. 4b):

such areas exist in tissues located in front of the transducer

all along the brain. This observation may be related to the

occurrence of atypical hemorrhages outside the targeted

region.

Frequency modulation. Different frequency modula-

tion options have been tested (Fig. 5) in order to take into

account the frequency modulation used in the TRUMBI

study. Areas where the acoustic pressure is higher than

0.19 MPa (Azuma et al. 2005) are displayed in grey color.

Figure 5a is the reference, without modulation. Different

frequency modulation options have been tested: ramp

(left: Fig 5b, d and f) or sinusoidal modulation (right:

Fig. 5c, e and g). Furthermore, in order to study the influ-

ence of the frequency modulation, various frequency

ranges have been modelled (300 6 1.5 kHz [Fig. 5b and

c]; 300 6 15 kHz [Fig. 5d and e]; 300 6 150 kHz

[Fig. 5f and 5g]). One can see that whatever the modula-

tion, when frequency is shifted, the locations of the

maximum pressure amplitude are shifted: nanobubbles

are not trapped at the same location for a long time

anymore but the pressure levels remains higher than

0.19 MPa in all cases.

The CLOTBUST study
The maximum peak negative pressure recorded in

the simulation is equal to 0.07 MPa in the whole brain.

The MI in the brain is thus less than 0.05. At the location

of the maximum peak negative pressure (hot spot), the

pressure is not affected by standing waves: the pressure

reaches a plateau at 0.07 MPa during all the duration of

the burst and vanishes at the end of the burst.

At the expected location of the clot, the peak negative

pressure is 0.05 MPa, without any standing wave pattern.

Standing waves are confined in the vicinity of the contra-

lateral skull, within a 1 cm band. Nevertheless, in the

standing wave area, the pressure field is one order of

magnitude smaller than the hot spot. The main values of

maximum peak negative pressure concerning both studies

are summarized in Table 3.

DISCUSSION

For the CLOTBUST study, the simulated maximum

negative peak pressure is 0.07 MPa: the simulated MI in

the brain is less than 0.05. In fact, the pressure is so low

after attenuation of the skull bone that it has been ques-

tioned whether any thrombolytic effect at all can be ex-

pected (Pfaffenberger et al. 2005). According to several

in vitro studies (Blinc et al. 1993; Everbach and Francis

2000; Behrens et al. 2001; Meunier et al. 2007), stable

acoustic cavitation seems to be the key process of low-

frequency sonothrombolysis. As underlined by Vykhodt-

seva and colleagues (Vykhodtseva et al. 1995), it is very

difficult to measure the stable and inertial cavitation

thresholds in living tissues because they depend on

numerous parameters: propagation medium, ultrasound

frequency, duty cycle, pulse duration and standing

wave. In a recent paper (Datta et al. 2006), Datta and

colleagues demonstrated the sensitivity of cavitation

thresholds to the medium. The likelihood of cavitational

effects is higher when the ultrasound field is applied to

plasma containing tPA and a clot, than when it is applied

to plasma alone (Table 4). According to all experimental

measurements of cavitation thresholds in tissues pub-

lished in the literature, our simulations show that stable

cavitation is not likely to occur in the brain with the

CLOTBUST acoustical setup. Stable cavitation cannot

explain the efficiency of the CLOTBUST approach.

Nevertheless, there is little evidence that cavitation plays

Fig. 4. Two-dimensional representation of the cavitation area (in grey) through one insonation for a 50 mm-emitter and
with frequency modulation of the signal (ramp 6 1.5 kHz). (a) Low hypothesis. (b) High hypothesis.
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such an important role in vivo and one should be cautious

when extrapolating in vitro results to the clinical situation.

Several reports have hypothesized that high pressure

amplitudes were used in the TRUMBI study (Azuma et al.

2005; Wang et al. 2008). Such reasoning was correct

regarding the TRUMBI acoustical data available: MI

and ISPTA given in (Daffertshofer et al. 2005) were not

compatible. Considering that the MI was not equal to

0.2 but that ISPTA.3 was truly equal to 700 mW/cm2

yielded high pressure levels generated in water (high

hypothesis). In this article, a new analysis of the TRUMBI

acoustical data has been proposed. We hypothesized

a mix-up between the Spatial Peak-Temporal Average

intensity and the Spatial Peak-Pulse Average intensity:

ISPTA.3 is not equal to 700 mW/cm2 but ISPPA.3 is. In

that case, the MI meets 0.2. Such a low hypothesis is

highly plausible.

Whatever the pressure level, as first highlighted by

Azuma (2005) the simulations performed in this article

confirmed the possibility of standing wave formation

when using the TRUMBI set-up on a human skull. More-

over, pressure field distributions in the brain could be

plotted (Fig. 2). Standing waves are likely to occur not

only near the bone (Fig. 2.a) (Azuma et al. 2005) but

also all along the way in front of the transducer

(Fig. 2b). As the emission duration in the TRUMBI

protocol (500 ms) corresponds to several crossings of the

brain, the ultrasound wave is reflected more than four

times in the brain so that complex pressure fields can be

obtained in the brain (Fig. 2). These pressure fields are

highly dependent on the position of the transducer: the

transducer was positioned at best perpendicularly to the

bone for both left and right bone window configurations

(Fig. 2a and b), as was performed clinically by the physi-

cian for each study. Even though human skulls are almost

symmetrical, the pressure fields differ significantly, most

probably due to slightly different angles between the

probe and the skull. Interestingly, these figures highlight

two remarkable different phenomena that are likely to

occur in the brain during TRUMBI sonication.

Figure 2a. The plane wave emitted by the transducer

has been focused towards the hot spot because of a lens

effect induced by the shape of the skull: right after

crossing the skull, the wave front is no longer planar,

but cylindrical. Figure 6 highlights that in this configura-

tion the maximum peak rarefactional pressure is precisely

in the area where the atypical secondary hemorrhage

occurred for the pathologic case reported in (Daffertshofer

et al. 2005)

Figure 2b. The wave is reflected perpendicularly to

the skull interface located at the opposite side of the trans-

ducer, yielding to a standing wave pattern all the way in

front of the transducer.

The skull bone is usually considered as a barrier for

ultrasonic waves. Simulating the pressure fields generated

by the TRUMBI set-up highlights a particular property of

the skull: at low frequency, absorption is weak in the bone

and in the brain, so that the skull potentially acts as a sur-

pressure generator by either creating an acoustical lens

(Fig. 2a) or acting as a resonator (Fig. 2b). These two

examples are not exhaustive and other ways to generate

Fig. 5. Comparison of pressure repartition in different cases of
frequency modulation.
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hot spots in the brain can be envisioned: any constructive

interference due to reflections on any part of the skull

bone, like the orbital shelf or the anterior clinoid. The

curvature of the skull plays an important role and may

explain the discrepancy between the results of this study

and the previous ones carried out in vitro or on animal

models (Daffertshoffer et al. 2004).

Simulations demonstrate that due to the complex

skull geometry and due to the length of the emission

(500 ms), standing waves are likely to occur at the targeted

location and outside the targeted location with pressure

levels higher than 0.27 MPa (low hypothesis). On the

contrary CLOTBUST simulations show that standing

waves are confined to a 1cm band close to the contralateral

skull with pressure levels 10 times lower than in the tar-

geted location.

The simulations could thus, explain the atypical

secondary hemorrhages observed in the TRUMBI study

for two reasons: the possibility of inertial cavitation in

a large area of the brain is demonstrated in Fig. 4 but

possible tPA extravasation might also occur. A recent

paper (Reinhard et al. 2006) points out the abnormal

permeability of the human blood-brain barrier (BBB)

which can be induced by wide-field low-frequency inso-

nation. The observed excessive bleeding rate with low-

frequency sonothrombolysis might thus be attributable

to primary BBB disruption by ultrasound. (Hynynen

et al. 2006) evaluated the threshold for BBB disruption

to 0.4 MPa, using 260-kHz focused ultrasound bursts

and ultrasound contrast agent. This threshold is far below

the maximum peak pressure amplitude simulated in the

brain for the TRUMBI set-up with the high hypothesis

and on the order of magnitude of the one simulated with

the low hypothesis. Ultrasound could, thus, induce BBB

opening in areas remote from the brain infarction so that

tPA could diffuse in the brain parenchyma. As tPA is

a known neurotoxic agent which can induce hemorrhages

(Benchenane et al. 2004; Kaur et al. 2004), this might also

explain the occurrence of secondary hemorrhages in

TRUMBI.

One of the main differences between the clinical

trials studied in this article is the ultrasound frequency.

In the CLOTBUST trial, the frequency is seven times

higher than in the TRUMBI trial, thus, the attenuation

through the skull is much higher and explains mostly

the difference in the pressure level. Sonothrombolysis

devices are often characterized by the value of their ISPTA

in the absence of skull bone. Nevertheless, even though

both studies claimed to have the same ISPTA.3 (739 mW/

cm2 for CLOTBUST and 700 mW/cm2 for TRUMBI),

the simulated maximum pressure levels in the brain are

significantly different: 0.07 MPa for CLOTBUST and

1.2 MPa (high hypothesis) or 0.27 MPa (low hypothesis).

Basically, the skull attenuation is eight times lower in

TRUMBI compared with CLOTBUST. In order to eval-

uate the safety and the efficiency of sonothrombolysis

systems, the mean ISPTA.3 (or mean peak negative pres-

sure) expected in the brain appears to be more relevant

than ISPTA.3 value (or mean peak negative pressure) in

water. We have shown that such pressure levels can be

estimated with finite differences simulations. Moreover,

simulation could be of value for optimizing the efficacy

and the safety of new sonothrombolytic devices.

For example, in order to reduce standing waves Daffert-

shoffer et al. (2005) proposed to apply a 0.5% frequency

modulation. Our simulations have shown, however,

that this approach was not sufficient to significantly

Table 3. Simulation results for CLOTBUST and TRUMBI set-ups

CLOTBUST
TRUMBI

(high hypothesis)
TRUMBI

(low hypothesis)

Frequency 2 MHz 300 kHz 300 kHz
ISPTA.3 700 mW/cm2 700 mW/cm2 35 mW/cm2

Expected pressure in water 0.385 MPa 0.65 MPa 0.15 MP
Simulated maximum pressure in

the brain
0.07 MPa 1.2 MPa 0.27 MPa

CLOTBUST 5 Combined Lysis of Thrombus in Brain Ischemia Using Transcranial Ultrasound and Systemic tPA; TRUMBI 5 Transcranial Low-
Frequency Ultrasound-Mediated Thrombolysis in Brain Ischemia.

Table 4. Acoustic cavitation thresholds from (Azuma
et al. 2005) and (Datta et al. 2006)

Frequency
(MHz)

Peak rarefactional
pressure for

cavitation (MPa) MI

(Azuma et al. 2005,
inertial cavitation)
Degassed water and skull 0.617 0.275 0.35
(Datta et al. 2006,
inertial cavitation)
Degassed water 0.12 .0.65 .1.88
Plasma alone 0.12 0.50 1.44
Plasma 1 tPA 0.12 0.47 1.36
Plasma 1 tPA 1 clot 0.12 0.27 0.78
(Datta et al. 2006,
stable cavitation)
Degassed water 0.12 .0.65 .1.88
Plasma alone 0.12 0.39 1.13
Plasma 1 tPA 0.12 0.34 0.98
Plasma 1 tPA 1 clot 0.12 0.2 0.58

MI 5 Mechanical Index.
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Non-destructive evaluation of heterogeneous materials is of major interest not only in industrial but
also in biomedical fields. In this work, the studied structure is a three-layered one: A laterally
heterogeneous anisotropic solid layer is sandwiched between two acoustic fluids. An original
method is proposed to solve the wave equation in such a structure without using a multilayered
model for the plate. This method is based on an analytical solution, the matricant, explicitly
expressed under the Peano series expansion form. This approach is validated for the study of a
fluid-loaded anisotropic and homogeneous plane waveguide with two different fluids on each side.
Then, original results are given on the propagation of elastic waves in an asymmetrically
fluid-loaded waveguide with laterally varying properties. This configuration notably corresponds to
the axial transmission technique to the ultrasound characterization of cortical bone in vivo.
© 2010 Acoustical Society of America. �DOI: 10.1121/1.3292949�

PACS number�s�: 43.40.Dx, 43.20.Mv �ADP� Pages: 1307–1317

I. INTRODUCTION

A lot of natural media have unidirectional varying elas-
tic properties. The mantel crust, the oceans, and cortical bone
are some of these functionally graded media. Scientists fo-
cused on the advantages presented by this type of materials
in terms of mechanical behavior, and since the 1980s, they
developed industrial functionally graded materials �FGMs�
particularly exploited in high-technology and biomedical ap-
plications. Consequently, the non-destructive evaluation of
these materials is a key issue. Surface and guided waves play
a major role in non-destructive testing and evaluation of
complex structures. Several studies are dedicated to the leaky
Lamb wave propagation in fluid-loaded plates �Chimenti and
Nayfeh, 1990; Chimenti and Rokhlin, 1990; Deschamps and
Poncelet, 2000�. In all these studies, the media are homoge-
neous or multilayered. In this work, we introduce a general
method to take into account the continuity of the property
variation in an anisotropic waveguide. This method is based
on the knowledge of an analytical solution of the wave equa-
tion, the matricant, explicitly expressed via the Peano series
�Peano, 1888�. The accuracy of the numerical evaluation of
this solution and its validity domain are perfectly managed
�Baron, 2005; Youssef and El-Arabawi, 2007�. Because it
deals with an analytical solution, all the wave propagation
parameters are controlled. This represents an advantage with
respect to numerical methods such as finite-element and
finite-difference methods for which the problem treated is a
global one, making difficult to analyze and interpret the ex-
perimental data, which result from the interaction and cou-
pling of numerous physical phenomena. To the best of our
knowledge, this is the first method to evaluate the mechani-
cal behavior of a fluid-loaded anisotropic waveguide with

continuously varying properties without modeling the FGM
plate by a multilayered plate. Consequently, in the context of
real materials with continuously varying properties �such as
bone, bamboo, or manufactured FGM�, this method could
allow assessing the solution to a more realistic model with a
controlled accuracy and without an increase in the
computation-time.

In this work, we first present the method and its setup
with fluid-structure interaction; then we proceed to the vali-
dation of the method by comparing our results to the disper-
sion curves obtained from classical schemes on homoge-
neous waveguides �isotropic and anisotropic�. Two
advantages of the method are underlined: �i� An asymmetric
fluid-loading may be taken into account without modifying
the scheme for the numerical solution, and �ii� the influence
of the property gradient on the ultrasonic response of the
waveguide may be investigated via the frequency spectrum
of the reflection coefficient modulus. Finally, we get onto the
relevancy of this model applied to the ultrasound character-
ization of cortical bone by the axial transmission technique.

II. BACKGROUND

Contemporary work efforts over the last 2 decades illus-
trate some of the technology interest on guided waves to
non-destructive evaluation. Namely, Rose �2002� gave a re-
view of ultrasonic guided wave inspection potential. A lot of
papers deal with the interaction between guided waves and a
solid plate immersed in a fluid or embedded between two
different fluids. Guided modes in an infinite elastic isotropic
plate in vacuum were first treated by Rayleigh �1885� then
by Lamb �1917�. The Lamb wave problem is reserved,
strictly speaking, for wave propagation in a traction-free ho-
mogeneous isotropic plate. To deal with guided modes in a
fluid-loaded plate, we use the term “leaky Lamb waves” as
the energy is partly radiated in the fluids on both sides of the
plate. For the basic Lamb problem—plate in vacuum—the
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naili@univ-paris12.fr
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solutions of the dispersion equation are real whereas in the
case of a plate bounded by media on both sides, the disper-
sion equation has complex solutions. In 1961, Worlton
�1961� gave an experimental confirmation of the theoretical
work of Lamb �1917�, by obtaining experimentally the dis-
persion curves of aluminum and zirconium plates, asserting
that water loading has little effect on the behavior of waves
in plates. In 1976, Pitts et al. �1976� presented some numeri-
cal test results on the relationship between real part of the
reflection coefficient poles and the phase velocity of leaky
Lamb modes in a homogeneous isotropic brass plate in wa-
ter. Folds and Loggins �1977� proposed analytical expres-
sions of the reflection and transmission coefficients for plane
waves at oblique incidence on a multilayered isotropic plate
immersed in water based on Brekhovskikh’s �1980� analysis.
They found good agreement with their theoretical results and
experimental data. Few years later, Fiorito et al. �1979� de-
veloped a resonance formalism for the fluid-loaded elastic
plate and gave some theoretical and numerical results for an
isotropic steel plate immersed in the water. This formalism
was generalized to the interactions of acoustic plane waves
with an asymmetrically fluid-loaded elastic plate by Franklin
et al. �2001�. Nayfeh, Chimenti, and Rokhlin produced a lot
of works on wave propagation in anisotropic media and par-
ticularly in fiber composite plates immersed in a fluid �Chi-
menti and Nayfeh, 1986, 1990; Chimenti and Rokhlin, 1990;
Nayfeh and Chimenti, 1988, 1989; Rokhlin and Wang,
2002�. Based on their formalism, Deschamps and Poncelet
�2000� placed the emphasis on the difference between what
they called transient Lamb wave-solutions of the character-
istic equation of the plate for complex frequency and real
slowness �time attenuation�, and heterogeneous Lamb waves
for which the slowness is complex and the frequency is real
�spatial attenuation�. These two ways of resolution of the
dispersion equation have two different physical meanings—
space or time attenuation—and consequences of this differ-
ence are developed in their paper �Deschamps and Poncelet,
2000�. A critical point is the validity of the Cremer’s coinci-
dence hypothesis: The real couples �angular frequency � and
phase velocity v��, such that the reflection coefficient is
minimum, may be identified as velocity dispersion of plate
waves. Experimentally checked in a lot of configurations, it
appears to be not well satisfied in several cases �for instance,
graphite-epoxy plates when the ratio between fluid and plate
mass densities is not “small”� �Chimenti and Nayfeh, 1986;
Nayfeh and Chimenti, 1988�. The results obtained by Des-
champs and Poncelet �2000� on fluid-loaded plate show a
good correlation between dispersion curves obtained in com-
plex frequency and the minima of the reflection coefficient,
which suggests that the Cremer’s coincidence principle is
still valid considering time attenuation. All these studies
show the evidence that the wave propagation in fluid-loaded
elastic plate emerges as a very delicate problem, which needs
cautious treatment.

III. GENERAL FORMULATION OF THE PROBLEM

We consider a three-dimensional multilayer system com-
posed of one elastic solid layer sandwiched between two

acoustic fluid layers. Let R�O,x1 ,x2 ,x3� be the Cartesian
frame of reference where O is the origin of the space and
�x1 ,x2 ,x3� is an orthonormal basis for this space. The coor-
dinate of the generic point x in R is specified by �x1 ,x2 ,x3�.
The acoustic fluid layers occupy an open unbounded domain.
Both fluids f1 and f2 are supposed perfect, of respective mass
densities � f1

and � f2
; the constant speeds of sound in each

fluid are cf1
and cf2

, respectively. The thickness of the solid
layer is denoted by d and its mass density by �. The inter-
faces between the fluids and the solid layer are infinite planes
parallel to the �x1 ,x2�-plane. The x3-axis is oriented down-
ward and the origin O is located at the interface between the
upper fluid f1 and the solid layer. Therefore, we assume that
the structure is a two-dimensional one and that the guided
waves travel in the plane x2=0; in the following parts, this
coordinate is implicit and is omitted in the mathematical ex-
pressions. Moreover, the solid layer will be so-called plate.

The elastic plate is supposed to be anisotropic and is
liable to present continuously varying properties along its
thickness �x3-axis�. These mechanical properties are repre-
sented by the stiffness fourth-order tensor C=C�x3� and the
mass density �=��x3�.

A. System equations

1. The wave equation in the fluid fn „for n=1 or 2…

In the fluid fn and the context of the linear acoustic
theory, the linearized Euler’s equation and the constitutive
equations are written as

−
�p�n�

�xj
= � fn

�2uj
�n�

�t2 ,

p�n� = Kfn
div u�n�, �1�

where u�n� and p�n�, respectively, represent the displacement
vector and the pressure in the fluid fn; its compressibility and
the speed of sound in the fluid at equilibrium are, respec-
tively, Kfn

and cfn
=�Kfn

/� fn
. The operator div is the diver-

gence.
The solutions of system �1� for the fluid fn are sought

under the form

fn�x1,x2;t� = An�x3�exp ı�k1x1 + k3
�n�x3 − �t� , �2�

where k1 and k3
�n� are the wavenumbers, respectively, along

the x1-axis and x3-axis in the fluid fn; the angular frequency
is noted � and ı is the imaginary unit.

We consider an incident wave reaching the plate at an
angle �1 from the x3-axis in the fluid f1. The incident
displacement-field is defined in the following form, assum-
ing that its amplitude is normalized:

uI
�1� = � sin �1

0

cos �1
�exp ı�k1x1 + k3

�1�x3 − �t� , �3�

with k1= �� /cf1
�sin �1 and k3

�1�= �� /cf1
�cos �1. From this, the

expressions of the reflected displacement-field uR
�1� in f1 and

of the transmitted displacement-field uT
�2� in f2 are deduced as

follows:
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uR
�1� = R� sin �1

0

− cos �1
�exp ı�k1x1 − k3

�1�x3 − �t� ,

uT
�2� = T

cf1

cf2� sin �1

0

cos �1
�exp ı�k1x1 + k3

�2�x3 − �t� . �4�

where R=R�x1 ,x3 ; t� and T=T�x1 ,x3 ; t�, respectively, repre-
sent the reflection and transmission coefficients, which will
be expressed explicitly in the sequel. The incident, reflected,
and transmitted pressure fields, respectively, noted pI

�1�, pR
�1�,

and pT
�2�, are deduced from expressions �3� and �4�, and the

second equation of the system �1�

pI
�1� = − ı� � � f1

cf1
� exp ı�k1x1 − k3

�1�x3 − �t� ,

pR
�1� = − ı� � � f1

cf1
� R � exp ı�k1x1 − k3

�1�x3 − �t� ,

pT
�2� = − ı� � � f2

cf2
� T � exp ı�k1x1 + k3

�2�x3 − �t� . �5�

B. The wave equation in the plate waveguide

The body forces in the solid plate are neglected. The
balance equation of linear momentum associated with the
constitutive law of linear elasticity �Hooke’s law� gives the
following equations:

��ij

�xj
= �

�2ui

�t2 ,

�ij =
1

2
Cijk�� �uk

�x�

+
�u�

�xk
	 , �6�

where ui �for i=1, . . . ,3� and �ij �for i , j=1, . . . ,3�, respec-
tively, represent the components of the displacement-field u
and of the stress �. In system �6�, Einstein’s convention of
summation on repeated indices is used. The solutions are
sought for the vectors of displacement u and traction �i3 �for
i=1, . . . ,3� �assumed to be harmonic in time t and space
along the x1-axis� under the form

f�x1,x3;t� = A�x3�exp ı�k1x1 − �t� . �7�

C. Fluid-loading interface conditions

The conditions at both interfaces x3=0 and x3=d are the
continuity of the normal displacement and the continuity of
the normal stress. We consider that the fluids f1 and f2 are
perfect; consequently, the shear stresses are zero at the inter-
faces ��13�x1 ,0 ; t�=�13�x1 ,d ; t�=0 and �23�x1 ,0 ; t�
=�23�x1 ,d ; t�=0�. The following relations are obtained:

u3�x1,0;t� = u3
�1��x1,0;t�, u3�x1,d;t� = u3

�2��x1,d;t� ,

�33�x1,0;t� = − p�1��x1,0;t�, �33�x1,d;t� = − p�2��x1,d;t� ,

�8�

with

u3
�1� = uI

�1� · x3 + uR
�1� · x3, u3

�2� = uT
�2� · x3 and

p�1� = pI
�1� + pR

�1�, p�2� = pT
�1�. �9�

D. A closed-form solution: The matricant

Introducing expression �7� in Eq. �6�, we obtain the
wave equation under the form of a second-order differential
equation with non-constant coefficients. For particular forms
of profiles, this equation has analytical solutions expressed
with special functions �Bessel or Hankel functions� �Vlasie
and Rousseau, 2004�. But, in the general case, there is no
analytical solution to the problem thus formulated. The most
current methods to solve the wave equation in unidirection-
ally heterogeneous media are derived from the Thomson–
Haskell method �Haskell, 1953; Thomson, 1950�. These
methods are appropriate for multilayered media �Hosten and
Castaings, 2003; Kenneth, 1982; Lévesque and Piché, 1992;
Wang and Rokhlin, 2001�. But, for continuously varying me-
dia, these techniques mean to replace the continuous profiles
of properties with step-wise functions. Thereby, the studied
problem becomes an approximate one, even before the reso-
lution step; the accuracy of the solution as its validity do-
main is hard to evaluate. Moreover, the multilayered model
of the waveguide creates some “virtual” interfaces likely to
induce artifacts. In order to deal with the exact problem, that
is to keep the continuity of the properties’ variation, the wave
equation is re-written under the form of an ordinary differ-
ential equation system with non-constant coefficients for
which an analytical solution exists: the matricant �Baron,
2005�.

1. Hamiltonian form of the wave equation

We consider that the plate presents material symmetries
that allow decoupling the pressure–shear vertical �P-SV�
waves, polarized in the propagation plane �x1 ,x3� and the
shear horizontal �SH� waves polarized along x2-axis. The
incident medium f1 is a perfect fluid; only the P-SV waves
travel in the plate. Applying a spatio-temporal Fourier trans-
form on �x1 , t� of the displacement-field �noted û�k1 ,x3 ;��
after Fourier transform� and on the traction field �noted
�̂i3�k1 ,x3 ;�� for i=1, . . . ,3� and using the Voigt notation
�Cijk� for i , j ,k ,�=1, . . . ,3 is replaced with cIJ for I ,J
=1, . . . ,6�, Eq. �6� leads to Stroh’s �1962� sextic plate for-
malism �Hamiltonian formulation of the wave equation�

��̂13

�x3
= �����2û1 − �k1�̂11,

��̂33

�x3
= ��ı��2û3 − ık1�̂13,

�10�

�̂11 = �k1c11û1 + c33
� û3

�x3
, �̂13 = c55� � û1

�x3
+ �k1û3	 ,

�̂33 = �k1c13û1 + c33
� û3

�x3
. �11�
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According to Eqs. �10� and �11�, �̂11 is function of û1

and �̂33. The wave equation becomes a matrix system ex-
pressed using the Thomson–Haskell parametrization of
Stroh’s �1962� sextic plate formalism

d

dx3
��x3� = ı�Q�x3���x3� , �12�

that is,

d

dx3�
ı�û1

ı�û3

�̂13

�̂33

� = ı��
0 s1 1/c55�x3� 0

− s1c13�x3�/c33�x3� 0 0 1/c33�x3�
��x3� − s1

2	�x3� 0 0 − s1c13�x3�/c33�x3�
0 ��x3� − s1 0

��
ı�û1

ı�û3

�̂13

�̂33

� , �13�

with the relations

	�x3� = c11�x3� −
c13

2 �x3�
c33�x3�

, k1 = �s1, �14�

where s1 is the x1-component of the slowness. The matrix Q
includes all the information about the heterogeneity of the
waveguide because it is expressed from the plate mechanical
properties ���x3� ,C�x3�� and from two acoustical parameters
�s1 ,��.

2. Explicit solution: The Peano expansion of the
matricant

The wave equation thus formulated has an analytical
solution expressed between a reference point �x1 ,0 ,x3

0� and
some point of the plate �x1 ,0 ,x3� in the propagation plane.
This solution is called the matricant and is explicitly written
under the form of the Peano series expansion �Gantmacher,
1959; Peano, 1888; Pease, 1965�:

M�x3,x3
0� = I + �ı��


x3
0

x3

Q�
�d
 + �ı��2

�

x3

0

x3

Q�
��

x3

0




Q�
1�d
1	d
 + . . . , �15�

where I is the identity matrix of dimension �4,4�. If the ma-
trix components Q�x3� are bounded in the study interval,
these series are always convergent �Baron, 2005�. The com-
ponents of the matrix Q are continuous in x3 and the study
interval is bounded �thickness of the waveguide�; conse-
quently the hypothesis is always verified. We underline that
the ı�-factorization leads up to a polynomial form of the
matricant. The ı�-polynomial coefficients are matrices inde-
pendent of �.

3. Boundary conditions: Fluid-structure interaction

Using the propagator property of the matricant through
the plate thickness, the state-vector �defined in Eq. �13�� at
the second interface ��d� is evaluated from the state-vector
at the first interface ��0� as follows:

��d� = M�d,0���0� . �16�

The fluid-structure interaction sets the conditions of zero
shear stresses �see Sec. III C�, used after a spatio-temporal
Fourier transform on �x1 , t�. Equation �16� becomes

�
ı�û1�k1,d;��
ı�û3�k1,d;��

0

�̂33�k1,d;��
� =�

M11 M12 M13 M14

M12 M22 M23 M24

M13 M23 M33 M34

M14 M24 M34 M44

�
��

ı�û1�k1,0;��
ı�û3�k1,0;��

0

�̂33�k1,0;��
� . �17�

The condition to obtain a nontrivial solution to Eq. �17�
leads to the following relation:

ı�û1�k1,0;�� � M13 + ı�û3�k1,0;�� � M32

+ �̂33�k1,0;�� � M34 = 0, �18�

where Mij �for i , j=1, . . . ,4� represent the components of the
matrix M. The displacement component û1�k1 ,0 ;�� can be
expressed as a linear combination of û3�k1 ,0 ;�� and
�̂33�k1 ,0 ;��; thus system �16� of dimension 4 is reduced to a
matrix system of dimension 2

��d� = �P1 P2

P3 P4
	��0� where ��x3� = �ı�û3

�̂33
	 , �19�

with the relations

P1 = M22 − M21
M32

M31
, P2 = M24 − M21

M34

M31
,

P3 = M42 − M41
M32

M31
, P4 = M44 − M11

M34

M31
. �20�

Interface conditions �8� are transformed in the Fourier
domain �k1 ,��. The expressions of the displacement and the
pressure in the fluids �see Eqs. �3�–�5��, so that the one of the
displacement and traction fields in the solid plate �see Eq.
�19��, are substituted in the transformed interface conditions.
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Setting ��0�= ��1 ,�2�T exp ı�k1x1−�t�, where the super-
script T designates the transpose operator, we obtain the fol-
lowing matrix equation:

�
ı�s3

�1�cf1
1 0 0

− ı�� f1
cf1

0 1 0

0 P1 P2 − ı�s3
�2�cf2

exp�ı�s3
�2�d�

0 P3 P4 − ı�� f2
cf2

exp�ı�s3
�2�d�

�� R̂

�1

�2

T̂
�

=�
ı�s3

�1�cf1

ı�� f1
cf1

0

0
� , �21�

where s�n�=k�n� /� is the slowness-vector in the fluid fn �n
=1 or 2�. The quantities R̂ and T̂ are, respectively, the reflec-
tion and transmission coefficients expressed in the Fourier

domain: R̂= R̂�k1 ,x3 ;�� and T̂= T̂�k1 ,x3 ;��. The two first
lines of system �21� express the boundary conditions at the
first interface �x3=0� and the two last lines those at the sec-
ond interface �x3=d� introducing the Fourier transform of
expressions �3�–�5� in the following relations:

��0� − �ı�û3R

�1�

− p̂R

	
x3=0

= �ı�û3I

�1�

− p̂I

	
x3=0

,

�P1 P2

P3 P4
	��0� − �ı�û3T

�2�

− p̂T

	
x3=d

= �0

0
	 , �22�

where û3R

�1�, û3I

�1�, and û3T

�2� are the components along x3-axis of

ûR
�1�, ûI

�1�, and ûT
�2� vectors, respectively. Note the equality

between the quantities u3T

�2� and u3
�2� where this last is defined

in Eq. �9�.

4. Expression of the reflection and transmission
coefficients

From Eq. �21�, we deduce the analytical expressions of
the reflection and transmission complex coefficients

R̂�s1,x3;�� =
�P3 − P1Z2 + P4Z1 − P2Z1Z2�
�P3 − P1Z2 − P4Z1 + P2Z1Z2�

,

T̂�s1,x3;�� = −
2Z2�� f1

cf1
/� f2

cf2
��P1P4 − P2P3�

�P3 − P1Z2 − P4Z1 + P2Z1Z2�

�exp�− ı�s3
�2�d� , �23�

with Zn=� fn
/�1 /cfn

2 −s1
2 �for n=1 or 2� and k1=�s1.

IV. VALIDATION OF THE METHOD

The aim of this section is to check that the Peano expan-
sion of the matricant is well-adapted to study fluid-loaded
waveguides. We take into account the fluid-structure interac-
tion in different configurations of homogeneous plates com-

paring the results obtained from the numerical implementa-
tion of the Peano expansion of the matricant to results taken
from literature.

The numerical evaluation of P1, P2, P3, and P4 requires
us to truncate the Peano series and to numerically calculate
the integrals. Thus, the error can be estimated and controlled
�Baron, 2005�. We retained 70 terms in the series and evalu-
ate the integrals over 100 points using Simpson’s rule
�fourth-order integration method�. These choices ensure the
convergence of the solution and the accuracy of the results
for a reasonable computation-time �never exceeding few
minutes on a desktop computer�. Expressions �23� give the
frequency spectrum �modulus and phase� of the reflection
coefficient for different incidences �s1 varies from zero-
normal incidence to 1 /cf1

corresponding to the critical inci-
dence in the fluid f1�.

A lot of works detailed the relationship between the
poles and the zeros of the reflection coefficient and the leaky
Lamb wave dispersion curves �Chimenti and Rokhlin, 1990;
Deschamps and Poncelet, 2000�. The results of Sec. IV A
compare the dispersion curves obtained by seeking the poles
of reflection coefficient �23� and the results taken from lit-
erature or from closed-form solution.

A. Validation for a homogeneous and isotropic or
anisotropic fluid-loaded plate

The method is tested by plotting the dispersion curves
�variation of the phase velocity versus frequency-thickness
product� for an isotropic aluminum plate immersed in water.
The data in the paper of Chimenti and Rokhlin �1990� are
used. The results obtained �not shown� by the present method
are in perfect agreement with the results presented by them
�Chimenti and Rokhlin, 1990�.

As mentioned by Chimenti and Rokhlin �1990�, there
are few differences between the zeros’ loci and the poles’ loci
for a plate immersed in a fluid whose the mass density is
lower than the plate mass density. As underlined by several
authors, fluid-load does have just a weak influence on guided
wave traveling in the plate immersed in water.

Taking into account the anisotropy does not change the
scheme for the numerical solution of wave equation with the
matricant. We consider a transverse isotropic plate immersed
in water �� f =1 g cm−3 , cf =1.485 mm �s−1� whose proper-
ties are reported in Table I. For that configuration, Nayfeh
and Chimenti �1989� developed a method to obtain an ana-
lytical expression of the reflection coefficient. By using the
data from this paper, the results obtained �see Fig. 1� with the
present method are in perfect agreement with theirs. The
curves presented in Figs. 1�a� and 1�b� are superimposed and
need to be presented separately.

TABLE I. Elastic properties of transversely isotropic plate �with c23=c22

−2c44�.

�
�g cm−3�

c11

�GPa�
c22=c33

�GPa�
c12=c13

�GPa�
c44

�GPa�
c66=c55

�GPa�

1.85 23.05 15.1 8.7 3.25 4.7
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B. Validation for an asymmetrically loaded
homogeneous isotropic plate „f1Å f2…

The formalism presented here to solve the wave equa-
tion in an unidirectionally graded medium presents two main
advantages: Without changing the scheme to obtain the nu-
merical solution we can take into account �i� an asymmetric
loading and �ii� the unidirectional continuous heterogeneity.

The mechanical behavior of the plate is different for
symmetric and asymmetric loadings. For example, in the
symmetric loading case, there is a unique critical frequency
and a unique phase velocity value v� in the plate, which
corresponds to the propagation velocity in the fluid �v�=cf1
=cf2

�, for which the displacements and the stresses at the
interfaces are quasi-null; whereas in the asymmetric loading
�f1= f2�, there are two critical frequencies and two values of
the phase velocity in the plate for which the structure does
not respond �Dickey et al., 1995�. The validation is done on
an isotropic aluminum plate with the following properties:
�=2.79 g cm−3; the longitudinal and transverse wave
velocities are, respectively, vL=6.38 mm �s−1 and vT=
3.10 mm �s−1. The characteristic properties of the fluid f1

correspond to those of water �see Sec. IV A�; the character-
istic properties of the fluid f2 correspond to glycerine: � f2
=1.26 g cm−3 and cf2

=1.920 mm �s−1. This configuration
is the same as the one studied by Franklin et al. �2001�. The
modulus of the reflection coefficient versus the incident
angle is plotted in Fig. 2 for a fixed frequency-thickness
product �f �d=4.7 MHz mm�.

This figure shows the perfect agreement between our
results and the ones presented by Franklin et al. �2001�.

V. RELEVANCY OF THE METHOD FOR ULTRASOUND
CHARACTERIZATION OF CORTICAL BONE

Cortical bone is a kind of hard tissue found at the edges
of long bones and supports most of the load of the body.
Several studies demonstrated the heterogeneous nature of the
cortical bone, particularly they show evidence the gradual
variation of the volumetric porosity �ratio between pores and
total volume� along the cortical thickness. Yet, the porosity is
intrinsically linked to the macroscopic mechanical behavior
of the cortical bone �Baron et al., 2007�. Therefore, the con-
tinuous variation of porosity induces a continuous variation
of material properties. Taking into account the gradient
should prove itself to be essential in the context of diagnosis
and therapeutic monitoring of osteoporosis. Indeed, the gra-
dient characterization would allow assessing geometrical
�cortex thickness� and material �elastic coefficients variation�
information, which are fundamental parameters to evaluate
the bone fragility. For several years, the quantitative ultra-
sonography �by axial and transverse transmissions� proved
itself to be a hopeful alternative technique to evaluate the
fracture risk �Marin et al., 2006�. However, the inter-
individual and inter-site variations of bone mechanical prop-
erties make the standardization of the protocol of fracture
risk evaluation by ultrasound very delicate.

The focus is set on a configuration closed to the axial
transmission device for in vivo conditions. In this context,
the relevancy of studying the head wave propagation has
been demonstrated �Bossy et al., 2004a, 2004b; Camus et al.,
2000�. As a consequence all the reflection coefficients pre-
sented in this paper were calculated for an incident angle
corresponding to the grazing-angle for longitudinal waves
�critical angle of longitudinal wave propagation in the plate
at the first interface �x3=0��.

The surrounding media in the in vivo configuration of
ultrasound characterization of cortical bone are the muscle
for the upper fluid f1 �cf1

=1.54 mm �s−1 and � f1
=1.07 g cm−3� and the marrow for the lower fluid f2 �cf2
=1.45 mm �s−1 and � f2

=0.9 g cm−3� �Burlew et al., 1980;
Hill et al., 1986�. We are interested in the influence of the
continuous gradient of the mechanical properties on the ul-
trasonic response in the configuration of in vivo cortical bone
characterization.

FIG. 1. Dispersion curves for a transversely isotropic plate immersed in
water; comparison between �a� analytical results from Nayfeh and Chimenti
�1989� and �b� results obtained via the Peano series expansion of the matri-
cant.

P

Q
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�Ò
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FIG. 2. Reflection coefficient modulus for an asymmetrically fluid-loaded
aluminum plate �water and glycerine� versus incident angle: in dark lines
results published in Franklin et al. �2001�, and in gray crosses the reflection
coefficient modulus calculated from Eq. �23�. The vertical lines �dashed�
represent the two critical angles for longitudinal waves and transverse
waves. The dashed curve corresponds to the resonant amplitudes �Franklin
et al., 2001�.
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A. Determination of a realistic range of variation of
elastic bone properties

In order to define numerical values for a realistic value
of the gradient of the different material properties, it is nec-
essary to determine the limiting values reached by each elas-
tic property. Our approach consists in considering in vitro
measurements published in Dong and Guo, 2004 and per-
formed in 18 samples. It is assumed that these limiting val-
ues for elastic properties are relevant for physiologic ranges
of variations.

We assume that cortical bone is transversely isotropic.
Transverse isotropy has been shown experimentally by dif-
ferent authors �Dong and Guo, 2004; Reilly and Burnstein,
1974; Rho, 1996� to be a realistic approximation of cortical
bone degree of anisotropy.

Dong and Guo �2004� measured the homogenized bone
properties by performing tensile and torsional tests with a
mechanical testing system on 18 different human femoral
bone specimens. The authors measured the values of the lon-
gitudinal and transverse Young’s moduli �EL and ET, respec-
tively� as well as the values of the longitudinal shear modu-
lus GL. From these measurements and by assuming constant
values of Poisson’s ratio, the values of the different compo-
nents of the stiffness-tensor corresponding to the values of
EL, ET, and GL measured in Dong and Guo, 2004 were ob-
tained following the relationships given in the Appendix.

The value of the longitudinal Poisson’s ratio L is taken
equal to 0.37 for all computations because it corresponds to
the average value found in Dong and Guo, 2004. The value
of the transverse Poisson’s ratio T is taken equal to 0.45
following Eq. �A3� of the Appendix. The values of the stiff-
ness coefficients corresponding to the mean values of the
bone mechanical properties are referred to as “reference” set
of parameters in what follows. The maximum and minimum
values of the stiffness coefficients are obtained by consider-
ing, respectively, the maximum and minimum values of EL

and ET within the range of variation measured in Dong and
Guo, 2004, which is a simple way to obtain a realistic range
of variation for the stiffness coefficients in cortical bone.
Furthermore, the elastic properties deduced from the ap-
proach reported above were constrained to verify the thermo-
dynamical stability conditions given in the Appendix by Eq.
�A4�.

We choose reference value of mass density � equal to
1.722 g cm−3, following the value taken in Macocco et al.,
2006. In order to derive a realistic range of variation for mass
density, we assume that the reference value is given by a
porosity of 7%, which corresponds approximately to the
mean porosity at the radius �Baron et al., 2007�. The porosity
was assumed to vary between 3% and 15% �Bousson et al.,
2001; Dong and Guo, 2004� and a rule of mixture leads to
the range of variation of mass density.

B. Modeling a gradient of material property

The impact of a controlled gradient vector � of any in-
vestigated material property S on the response of the struc-
ture studied is assessed. The scalar S corresponds to one of
the stiffness coefficients cij of C or to mass density �. In each

set of simulations, all the material properties are constant and
equal to their reference value while S is subjected to the
defined gradient.

The gradient vector �=grad S=�x3 is assumed to be in-
dependent of x1 in all cases, where x3 is a unit vector along
x3-axis and grad is the gradient operator acting on a scalar
field. The quantity � is always taken positive because the
porosity is known to be higher in the endosteal part �x3=d�
than in the periosteal part �x3=0� of the bone. Moreover,
only the simple situation of affine spatial variations of S is
considered, corresponding to a constant value of �. This af-
fine spatial variation of S is chosen because the actual physi-
ological spatial dependence of S remains unknown. Two dif-
ferent affine spatial dependencies of the studied material
property are considered and are illustrated in Fig. 3. Associ-
ated gradient � will be referred to as type 1 or 2.

Type 1. The gradient of type 1 is such that the physical
property S takes the same value SM at the upper interface
x3=0 of the solid plate for all values of the gradient �. The
quantity S�x3� is therefore given by

S�x3� = SM + � � x3, �24�

where SM is given by the maximal value of the material
property S considered. The maximal value �M of � is chosen
so that S�d� is equal to Sm, where Sm is given by the minimal
value of S. The gradient �M is given by

�M =
�Sm − SM�

d
. �25�

Type 2. The gradient of type 2 is such that the physical
property S takes the same value at the middle x3=d /2 of the
solid plate for all values of gradient �. Furthermore, the

Fluid

Fluid

Solid

Fluid

Fluid

Solid

Variation of type 1 of S

Variation of type 2 of S

(a)

(b)

Physiological range of variation ofPhysiological range of variation of SS

Max value of S

Min value
of S

Max value of S

Min value
of S

FIG. 3. Schematic representation of the two types of spatial variation con-
sidered for the material property S corresponding to the stiffness coefficient
and to mass density. The solid lines in the solid layer indicate the spatial
dependence of S. The dotted line in the solid layer indicates homogeneous
material properties corresponding to the reference material properties. The
variation of type 1 shown in �a� corresponds to a constant value at the
bone-soft tissues’ interface. The variation of type 2 shown in �b� corresponds
to a constant value in the middle of the bone.
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mean value of the property S is identical for all �. The quan-
tity S�x3� is given by

S�x3� =
�Sm + SM�

2
+ � � �x3 −

d

2
	 . �26�

The maximal value of � is also given by Eq. �25�, so that
all values of S�x3� are again always comprised between Sm

and SM. Again, the maximal value �M of � is given by Eq.
�25�.

Gradient of type 2 leads for all magnitudes of � to a
constant value of the spatial average of the gradient.

For both types of spatial variations, five different values
of � regularly distributed between 0 and �M are arbitrarily
considered in the thickness.

Table II recalls the maximum, minimum, and mean mea-
sured values of EL, ET, and GL as given by Dong and Guo
�2004�. Table II also shows the maximum, minimum, and
mean values of the four components �c11, c13, c33, and c55� of
the stiffness-tensor C affecting wave propagation derived
from Eq. �A3� of the Appendix.

In Table III, the minimal and maximal values of each
variable corresponding to the realistic range of variation ob-
tained �i� by considering the reference values of Table II and
�ii� by verifying that the thermodynamical stability condi-
tions are fulfilled. Values resulting from the stability condi-
tions are marked with an asterisk.

In the simulations, the values of SM and Sm are those
reported in Table III.

C. Results and discussion

First of all, the method allows investigating the influence
of the fluids on the ultrasonic response. In the case of the
characterization of cortical bone, the two fluids f1 and f2 are
different, which corresponds to an asymmetrical loading �see
Sec. IV B�: The fluid f1 has been considered as muscle �cf1
=1540 m s−1 and � f1

=1.07 g cm−3� and fluid f2 as marrow
�cf2

=1450 m s−1 and � f2
=0.9 g cm−3�. The properties of

these two fluids are very close to those of water. The fre-
quency spectrum of the reflection coefficient modulus has

been plotted for the in vivo configuration and compared with
the result obtained for a cortical bone plate immersed in wa-
ter for the ten profiles of mechanical properties �figure not
shown�. For homogeneous plates as for linearly graded
plates, the two curves are very close; however, the modulus
of the reflection coefficient at null-frequency is not null and
the minimum values are greater than for water but obtained
for the same frequency-thickness products. That is why all
the following results have been calculated for a cortical bone
plate immersed in water.

The reflection coefficient calculated with the Peano se-
ries expansion of the matricant is sensitive to the variation of
the properties gradient. As we consider that the osteoporosis
entails a trabecularization of cortical bone from the endosteal
side, the characterization of the gradient of the properties
between the endosteal and periosteal regions may be an ele-
ment of the diagnosis of the osteoporosis progress and of the
therapeutic follow-up.

It is known that the gradient of the properties along the
cortical thickness is due to the continuous variation of the
porosity growing progressively from the periosteal to the en-
dosteal region. From previous work, we know that the po-
rosity influences all the stiffness coefficients �Baron et al.,
2007�. The frequency spectrum of the reflection coefficient
has been plotted for the ten profiles presented in Fig. 3 ap-
plied to all the stiffness coefficients implied �c11, c13, c33, and
c55� and to the mass density � �see Table III�. The reflection
coefficients have been calculated at an incident angle corre-
sponding to the grazing-angle �critical angle for the longitu-
dinal waves in the bone plate�. For the two types of gradi-
ents, differences appear between all the gradients and the
homogenized plates �corresponding to the maximum value
for type 1 and to the average value for type 2� particularly on
the location of the extrema values of the reflection coefficient
modulus �see Fig. 4�.

The increase in the gradient of properties shifts the mini-
mum and maximum values forward high frequency-
thickness products. However, the results �see Fig. 4� put on
evidence that the behavior of the reflection coefficient modu-
lus is sensibly the same for frequency-thickness products be-

TABLE II. Mean value, maximum, and minimum values of the homogenized longitudinal and transversal
Young moduli, of the four elastic constants and of mass density affecting the ultrasonic propagation in the
framework of the model. These values are taken from Dong and Guo �2004�.

Mechanical quantity
EL

�GPa�
ET

�GPa�
c11

�GPa�
c13

�GPa�
c33

�GPa�
c55=GL

�GPa�
�

�g cm−3�

Mean value �reference� 16.6 9.5 23.1 8.7 15.1 4.7 1.722
Minimum 13.4 6.5 17.6 5.1 9.1 3.3 1.66
Maximum 20.6 12.8 29.6 15.9 25.9 5.5 1.753

TABLE III. The minimal and maximal values of each variable corresponding to the realistic range of variation
obtained �i� by considering the reference values of Table II and �ii� by verifying that the thermodynamical
stability conditions are fulfilled. Values resulting from the stability conditions are marked with an asterisk.

Material property S
c11

�GPa�
c13

�GPa�
c33

�GPa�
c55=GL

�GPa�
�

�g cm−3�

Realistic range �Sm ,SM� �reference� �17.6, 29.6� �5.1, 11.1�� �11.8�, 25.9� �3.3, 5.5� �1.66, 1.753�
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tween 0 and 1.5 MHz mm. Beyond this value, the behavior is
clearly different. At sufficiently high frequency, the wave-
length is smaller and more sensitive to the affine variation of
the material properties. It is noteworthy that for a heteroge-
neous waveguide, the minima of the reflection coefficient
magnitude do not reach zero �except for null-frequency� but
end at a finite value and the changes in phase �not shown� are
not so rapid, which means that total transmission does not
take place in this situation.

The influence of the variation of each parameter �stiff-
ness coefficients� on the frequency spectrum of the reflection
coefficient has been investigated. This analysis has been led
for an incidence angle corresponding to the longitudinal
wave critical angle in the plate at x3=0. This incidence cor-
responds to the generation and the propagation of the head
wave.

It appears that each of them has an impact on the reflec-
tion wave, but the leading term is c11. The frequency spec-
trum of the reflection coefficient for a varying c11 in an affine
way is very close to the frequency spectrum of the reflection
coefficient obtained for the affine variation of all the material
properties �cij and �� and is the most different to the results
from homogenized plates �average value or maximum value�
compared to the frequency spectrum calculated for the one-
parameter variation of the other elastic parameters �c13, c33,
and c55, and �� �see Fig. 5�. It is noteworthy that c11 is the
stiffness coefficient associated with the axial direction and
determining the speed of the head wave. So, it seems that the
head wave would be the indicator of the c11 gradient. It is
important to note that for homogenized plates �extremum
value or average� the frequency spectrum of the reflection
coefficient is really different from that of the plate with con-

tinuously varying properties. We infer that the approximation
by a homogeneous plate of cortical bone and all the more so
for the osteoporotic cortical bone �for which the gradient
would be greater� may induce bad interpretation of the ultra-
sonic response.

The authors do not know any results in literature about
the measurement of the variation of the porosity within the
cortical thickness. The assumption of an affine gradient is a
first step; other gradients may be investigated and the method
presented in this article would be applied in the same way for
non-affine gradients �Shuvalov et al., 2005�.

VI. CONCLUSION AND PERSPECTIVES

Stroh’s �1962� sextic plate formalism has been employed
for analyzing the leaky Lamb waves in anisotropic heteroge-
neous plates immersed in fluids. This formalism and espe-
cially the polynomial form of the solution �see Eq. �15��
presents several analytical and numerical advantages. First,
the low-frequency asymptotics are naturally assessed evalu-
ating only two or three terms in the series �Shuvalov et al.,
2005�. The information thus collected is of major interest in
the analysis of the elastic behavior of waveguides �Baron et
al., 2008�. Second, the polynomial form makes the numerical
evaluation of the solution faster. Indeed, the polynomial co-
efficients are independent of the frequency, so they are cal-
culated for a fixed slowness value and stored. When the fre-
quency varies, there is no need to recalculate the polynomial
coefficients, it comes to a polynomial evaluation whose co-
efficients are perfectly known, which is time-saving.

The Peano series of the matricant is a method that keeps
the continuity of the profiles and so, the authenticity of the
problem. One of the key points for methods based on multi-
layered media to deal with FGM is to relevantly discretize
the properties’ profiles. The choice of the discretization may
lead to some errors especially in the evaluation of the reso-
nances.
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FIG. 4. Frequency spectrum of the reflection coefficient modulus for differ-
ent properties’ variations corresponding to �a� the five profiles of type 1 �Fig.
3�a�� and �b� the five profiles of type 2 �Fig. 3�b��.
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FIG. 5. Frequency spectrum of the reflection coefficient modulus for differ-
ent properties’ variations at grazing-incidence �1=�c: for a homogeneous
plate whose properties are those at x3=0 at �c=21.1° �thick gray line�, for a
homogeneous plate whose properties are the average of the properties
through the plate at �c=23.6° �thin gray line�, for a plate with all its prop-
erties linearly varying at �c=21.1° �black line�, and for a plate with an affine
variation of the c11 only at �c=21.1° �gray lozenges�.
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This elegant mathematical tool is also very adaptative to
different physical problems. In the case studied—a fluid-
loaded plane waveguide—the anisotropy, the heterogeneity
�continuous or discontinuous variation of properties� and the
asymmetric fluid-loading are taken into account without
changing the resolution scheme.

Further work needs to be done to relate the results pre-
sented in this paper to dispersion curves and propagation of
transient and heterogeneous waves in a fluid-loaded continu-
ously heterogeneous waveguide.

Furthermore, from this study, the transient response of a
fluid-loaded plate is considered. The frequency spectrum of
the reflection coefficient is calculated for incidences be-
tween the normal and critical incidences for compression
waves in the fluid f1. Thus, the plate transfer function is
calculated in the Fourier domain �x1-wavenumber, fre-

quency�: R̂�k1 ,x3 ;��. A double inverse Fourier transform on

�k1 ,�� is applied on R̂�k1 ,x3 ;�� to transform into the space-
time domain; the temporal signals can be obtained at differ-
ent points along the propagation x3-axis: R�x1 ,x3 ; t�.

Lastly, the formalism presented here is well-adapted to
deal with wave propagation in anisotropic tubes with radial
property gradients �Shuvalov, 2003�. The wave equation
keeps the same form as Eq. �12�, the state-vector is expressed
from the displacement and traction components in the cylin-
drical basis, and the matrix Q depends on the radial position
r �Q=Q�r��. In cylindrical homogeneous structures, taking
into account an anisotropy more important than transverse
isotropy is fussy because there is no analytical solution to the
“classical” wave equation �second-order differential equa-
tion�. Stroh’s �1962� formalism, upon which the Peano ex-
pansion of the matricant is based, is a promising alternative
solution that allows considering altogether the geometry
�cylinder�, the anisotropy, and the heterogeneity �radial prop-
erty gradients� of a structure.

APPENDIX: THERMODYNAMICS STABILITY
CONDITIONS AND STIFFNESS COEFFICIENTS

Hooke’s law is written under the form �ij =Cijk��k� for
�i , j ,k ,�=1, . . . ,3�, where � is the stress-tensor, � is the
strain-tensor, and C is the fourth-order stiffness-tensor. In the
transversely isotropic case, with �x2 ,x3� as isotropic plane,
the stiffness-tensor is expressed as a stiffness matrix �using
Voigt’s notation�

C =�
c11 c13 c13 0 0 0

c13 c33 c23 0 0 0

c13 c23 c33 0 0 0

0 0 0 c44 0 0

0 0 0 0 c55 0

0 0 0 0 0 c55

� . �A1�

We introduce the matrix S, the inverse of the matrix C. It is
expressed by

S =�
1/EL − L/EL − L/EL 0 0 0

− L/EL 1/ET − T/ET 0 0 0

− L/EL − T/ET 1/EL 0 0 0

0 0 0 1/GT 0 0

0 0 0 0 1/GL 0

0 0 0 0 0 1/GL

� .

�A2�

with EL,T, the longitudinal �L� and transverse �T� Young’s
moduli; L,T, the longitudinal �L� and transverse �T� Pois-
son’s ratios; and GL,T, the longitudinal �L� and transverse �T�
shear moduli. By inverting Eq. �A1�and identifying it with
Eq. �A2�, we obtain the following relations:

EL =
c11c33 − 2c13

2 + c11c23

c33 + c23
, L =

c13

c33 + c23
,

ET =
c11�c33

2 − c23
2 � + 2c13

2 �c23 − c33�
c11c33 − c13

2 , T =
c11c23 − c13

2

c11c33 − c13
2 ,

GT = c44, GL = c55. �A3�

Knowing the stiffness coefficient values, we can verify
if the thermodynamical stability conditions are satisfied as
follows:

EL � 0, ET � 0, − 1 � T � 1,

�1 − T�
2

EL

ET
− L

2 � 0, GL � 0. �A4�
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a b s t r a c t

As a non-destructive, non-invasive and non-ionizing evaluation technique for heterogeneous media, the
ultrasonic method is of major interest in industrial applications but especially in biomedical fields.
Among the unidirectionally heterogeneous media, the continuously varying media are a particular but
widespread case in natural materials. The first studies on laterally varying media were carried out by geo-
physicists on the Ocean, the atmosphere or the Earth, but the teeth, the bone, the shells and the insects
wings are also functionally graded media. Some of them can be modeled as planar structures but a lot of
them are curved media and need to be modeled as cylinders instead of plates. The present paper inves-
tigates the influence of the tubular geometry of a waveguide on the propagation of elastic waves. In this
paper, the studied structure is an anisotropic hollow cylinder with elastic properties (stiffness coefficients
cij and mass density q) functionally varying in the radial direction. An original method is proposed to find
the eigenmodes of this waveguide without using a multilayered model for the cylinder. This method is
based on the sextic Stroh’s formalism and an analytical solution, the matricant, explicitly expressed under
the Peano series expansion form. This approach has already been validated for the study of an anisotropic
laterally-graded plate (Baron et al., 2007; Baron and Naili, 2010) [6,5]. The dispersion curves obtained for
the radially-graded cylinder are compared to the dispersion curves of a corresponding laterally-graded
plate to evaluate the influence of the curvature.

Preliminary results are presented for a tube of bone in vacuum modelling the in vitro conditions of bone
strength evaluation.

� 2010 Elsevier B.V. All rights reserved.

1. Introduction

The observation of natural media and particularly of living tis-
sues is a great source of inspiration for scientists. As an example,
they develop industrial Functionally Graded Materials (FGM) in
the 80s which reproduce a characteristic observed in natural media
such as wood, bone or shells. The continuous variation of the
mechanical properties of these materials reveals interesting
mechanical behavior particularly exploited in high-technology
and biomedical applications [48,19,26]. As a consequence, the
non-destructive characterization of FGM structures became a key
issue: first, to better understand the natural mechanisms observed
and second, to guide the conception of groundbreaking FGM. Sur-
face and guided waves are significant information source in non-
destructive testing and evaluation of complex structures. A lot of
works detailed the behavior of the guided waves in isotropic or
anisotropic plates [39,23,46,3]. Also, elastic wave propagation in

cylindrical structures formed from material with lower anisotropy
than orthotropy has been the subject of numerous theoretical and
experimental investigations widely published [30,50,20]. For
anisotropic material, the complexity of the problem relies on the
fact that the boundary problem do not permit solution in cylindri-
cal functions except in some particular configurations [29].

In this work, we solve the wave equation in an anisotropic
waveguide with one-direction heterogeneity using a general meth-
od based on the sextic Stroh’s formalism [44]. It takes into account
the unidirectional continuous variation of the properties of the
waveguide without using a multilayered model. It is based on
the knowledge of an analytical solution of the wave equation, the
matricant, explicitly expressed via the Peano series expansion [6].
The accuracy of the numerical evaluation of this solution and its
validity domain are perfectly managed [4,49]. One of the advanta-
ges of knowing an analytical solution with respect to purely
numerical methods is to control all the physical parameters and
to interpret more easily the experimental data which result from
the interaction and coupling of numerous physical phenomena.

In this paper, a sample of long bone is considered as an example
of anisotropic functionally graded tube. The material is multiscale
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and the discrete variations of its microscopic properties (bone ma-
trix elasticity, micro-architecture, etc.) [9,8,41] is assumed to in-
duce continuous profiles of macroscopic properties in the radial
direction [7,16,5]. Obviously, the mechanical behavior of bone de-
pends on several parameters (microstructure, elasticity and geom-
etry). The curvature is part of them and its influence remains
unclear.

We first present the method and its setup for the cylindrical
waveguide; this method has been validated by comparing our re-
sults to the dispersion curves obtained from classical schemes on
homogeneous and functionally graded waveguides. Some advanta-
ges of the method are underlined: (i) general anisotropy may be ta-
ken into account for cylindrical structures; (ii) the influence of the
property gradient on the mechanical behavior of the waveguide
may be investigated; (iii) the influence of the curvature on the
propagation of elastic waves may be evaluated.

2. Methods

We consider an elastic tube of thickness t placed in vacuum.
The radius r varies from a0 to aq, respectively, the inner and out-

er radius of the tube (Fig. 1). The elastic cylinder is supposed to be
anisotropic and is liable to present continuously varying properties
along its radius (er-axis). These mechanical properties are repre-
sented by the stiffness tensor C ¼ CðrÞ and the mass density
q = q(r).

2.1. System equations

The momentum conservation equation associated with the con-
stitutive law of linear elasticity (Hooke’s law) gives the following
equations:

divr ¼ q @2u
@t2 ;

r ¼ 1
2 Cðgraduþ gradT uÞ;

(
ð1Þ

where u is the displacement vector and r the stress tensor.
We are seeking the solutions of wave equation for displacement

(u) and radial traction-vector (rr = r.er) expressed in the cylindri-
cal coordinates (r,h,z) with the basis {er,eh,ez}:

uðr; h; z; tÞ ¼ UðnÞðrÞ exp ı nhþ kzz�xtð Þ;
rrðr; h; z; tÞ ¼ TðnÞðrÞ exp ı nhþ kzz�xtð Þ; ð2Þ

with kz the axial wavenumber and n the circumferential
wavenumber.

We distinguish two types of waves propagating in a cylindrical
waveguide: the circumferential waves and the axial waves. The cir-
cumferential waves are the waves traveling in planes perpendicular
to the axis direction. They correspond to uz(r) = 0 ("r), kz = 0 and
n = khaq. The axial waves are the waves traveling along the axis

direction, the circumferential wavenumber is an integer
n = 0,1,2, . . .. Among the axial waves, we distinguish three types
of modes numbered with two parameters (n,m) representing the
circumferential wavenumber and the order of the branches: longi-
tudinal (L), flexural (F) and torsional (T) modes. The longitudinal
modes are axially symmetric (n = 0), they are noted L(0,m) and
sometimes called the breathing modes [3]. For the two other types
of modes, two classifications have been proposed in the literature.
Meitzler [28] and Zemanek [50], following Gazis work [14], re-
stricted the T-modes to axially symmetric circumferential funda-
mental modes T(0,m) and the modes with non-zero n are
considered as F-modes F(n,m). An other way is proposed by Nish-
ino and colleagues [34] who considered that the n-parameter of
the T-modes is not limited to zero. Consequently they can associate
‘‘their” L- and F-modes to the Lamb waves (coupled bulk longitudi-
nal and bulk shear-vertical waves) in the plate and the T-modes to
the bulk horizontal-shear waves propagating in the plate. This clas-
sification may be relevant in the case of isotropic media but it be-
comes invalid for anisotropic media for which the flexural waves
are longitudinal shear waves [14].

In this paper, only the axial waves are investigated and the usual
classification of Gazis [14] is used.

2.2. A closed-form solution: the matricant

Introducing the expression (2) in Eq. (1), we obtain the wave
equation under the form of a second-order differential equation
with non-constant coefficients. In the general case, there is no ana-
lytical solution to the problem thus formulated. The most current
methods to solve the wave equation in unidirectionally heteroge-
neous media are derived from the Thomson–Haskell method
[45,18]. These methods are appropriate for multilayered structures
[22,27,47,21]. But, for continuously varying media, these tech-
niques mean to replace the continuous profiles of properties by
step-wise functions. Thereby the studied problem becomes an
approximate one, even before the resolution step; the accuracy
of the solution as its validity domain are hard to evaluate. More-
over, the multilayered model of the functionally graded waveguide
creates some ‘‘virtual” interfaces likely to induce artefacts. Lastly,
for generally anisotropic cylinders, the solutions cannot been ex-
pressed analytically even for homogeneous layers [29,32,43].

In order to deal with the exact problem, that is to keep the con-
tinuity of the properties variation, the wave equation is written un-
der the sextic Stroh’s formalism [44] in the form of an ordinary
differential equations system with non-constant coefficients for
which an analytical solution exists: the matricant [4]. Another
method relies on the Legendre’s polynomial as explained and used
in [25,11,13,12].

2.2.1. Hamiltonian form of the wave equation
In the Fourier domain, the wave equation may be written as:

d
dr

gðrÞ ¼ 1
r

Q ðrÞgðrÞ: ð3Þ

The components of the state-vector g(r) are the three compo-
nents of the displacement and the three components of the stress
traction in the cylindrical coordinates, and the matrix Q(r) contains
all the information about the heterogeneity: it is expressed from
stiffness coefficients of the waveguide in the cylindrical coordi-
nates and from the two acoustical parameters: axial or circumfer-
ential wavenumbers (kz, or n) and the angular frequency x. The
detailed expression of Q(r) is given in Appendix A for the case of
a material with orthorhombic crystallographic symmetry but it
can be expressed for any type of anisotropy [42].Fig. 1. Geometrical configuration of the waveguide.
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2.2.2. Explicit solution: the Peano expansion of the matricant
The wave equation thus formulated has an analytical solution

expressed between a reference point (r0,h,z) and some point of
the cylinder (r,h,z). This solution is called the matricant and is
explicitly written under the form of the Peano series expansion:

Mðr; r0Þ ¼ Iþ
Z r

r0

Q ðnÞdnþ
Z r

r0

Q ðnÞ
Z n

r0

Q ðn1Þdn1dnþ � � � ; ð4Þ

where I is the identity matrix of dimension (6,6). If the matrix Q(r)
is bounded in the study interval, these series is always convergent
[4]. The components of the matrix Q are continuous in r and the
study interval is bounded (thickness of the waveguide), conse-
quently the hypothesis is always borne out. The matricant verifies
the propagator property [4]:

gðrÞ ¼Mðr; r0Þgðr0Þ: ð5Þ

2.2.3. Free boundary conditions
The cylinder is supposed to be in vacuum, so the traction-vector

rr defined in (2) is null at both interfaces. Using the propagator
property of the matricant through the thickness of the cylinder,
Eq. (5) is written as g(aq) = M(aq,a0)g(a0):

uðr ¼ aqÞ
0

� �
¼

M1 M2

M3 M4

� �
uðr ¼ a0Þ

0

� �
: ð6Þ

Eq. (6) has non-trivial solutions for detM3 = 0. As detailed in
Appendix A for an orthotropic material and from Eq. (4), the com-
ponents of M3 are bivariate polynomials in (kz,x). Consequently, to
seek out the zeros of detM3 corresponds to find the couples of val-
ues (kz,x) which describe the dispersion curves.

3. Results

To calculate the dispersion curves, we evaluate numerically the
matricant M(aq,a0) from the expression (4). This step requires us to
truncate the Peano series and to numerically calculate the inte-
grals. Thus, the error can be estimated and controlled [4]. For the
calculations in the plate we retained 70 terms in the series and
evaluate the integrals over 100 points using the Simpson’s rule
(fourth-order integration method) and for the tube, we retained
33 terms in the series and evaluate the integrals over 30 points.
These choices are not optimized but ensure the convergence of
the solution and the accuracy of the results in the range of fre-
quency-thickness products considered for a reasonable computa-
tion time (few dozen of minutes on a desktop computer).

3.1. Validation

We compare our results to results from the literature obtained
on homogeneous tubes [30,34] (not shown). In the following part,
the method is validated calculating the dispersion curves obtained
for an isotropic FGM cylinder previously studied in the literature
[17,11,13]. The properties of the tube (Young’s modulus E, Pois-
son’s ratio m and mass density q) vary from silicon nitride proper-
ties at the inner interface (r = a0) to the properties of stainless steel
at the outer interface (r = aq). The values of the properties for these
two materials are reported in Table 1.

The dispersion curves are compared for an affine profile:

EðrÞ ¼ Eout þ ðEin � EoutÞðr � a0Þ=ðaq � a0Þ;
mðrÞ ¼ mout þ min � moutð Þðr � a0Þ=ðaq � a0Þ; ð7Þ
qðrÞ ¼ qout þ qin � qoutð Þðr � a0Þ=ðaq � a0Þ:

In Fig. 2, the dispersion curves obtained for an isotropic FGM
tube (Table 1) from two different schemes, Peano expansion of
the matricant and Legendre polynomials, are in perfect agreement.

3.2. Influence of the ratio t/aq

As mentioned in [37] and shown in [25], when the outer radius
of the tube aq is large compared to the wall thickness t, the longi-
tudinal modes are very close to the Lamb modes obtained for a
plate of the same thickness. Nishino and colleagues detailed the
influence of the ratio t/aq on the similarity of the modes of the
cylindrical waveguide with the Lamb’s waves [34]. The same trend
is observed for the torsional modes as pointed in [34]: for small
values of the ratio t/aq (typically less than 0.5) they are very similar
to horizontal-shear waves propagating in a plate of the same thick-
ness. Considering the flexural waves, it is a little more delicate and
sometimes cleverly sidestepped. In [25], the comparison is not
convincing if superimposing the figures (Figs. 2–4 in [25]) and in
Protopappas’ paper [37], the comparison is made for particular
flexural modes F(1,2m + 1) (m = 0,1,2).

Flexural modes are characterized by a three-dimensional polar-
ization vector. As underlined by Rose [40], understanding the phys-
ical characteristics of flexural modes is necessary for advanced
applications involving wave reflection from defects. For instance
it can be difficult experimentally to generate pure longitudinal
modes over a given frequency range. So, this point needs
clarification.

3.2.1. Homogeneous isotropic tube
In this part, the results are inspired by Nishino’s ones for a

homogeneous isotropic aluminium tube (CL = 6400 m/s,
CT = 3040 m/s, q = 2.7 kg/m3). Two configurations are represented:
(a) t/aq = 0.4 < 0.5; (b) t/aq � 0.7 > 0.5.

The results reported in Figs. 3 and 4 are in agreement with pre-
vious experimental and numerical studies above-cited. The disper-
sion curves obtained for the longitudinal and torsional modes are
very similar to the plate modes for t/aq < 0.5 except at low fre-
quency-thickness products (ft < 1 MHz mm). When t/aq increases
the discrepancy becomes more and more significant in the whole
range of frequency-thickness products.

As underlined before the case of flexural modes is more com-
plex. We observe in Fig. 5 that for the first five modes, the branches
F(1,m) when m is even are similar to the Lamb’s modes, whereas
those F(1,m) when m is odd are similar to the SH modes. For higher
order modes, it seems that they are partly similar to Lamb’s modes
and partly similar to SH waves. These results are in accordance
with the definition given by Gazis of longitudinal shear waves
[14]. Furthermore, the influence of the ratio t/aq remains identical
to what it has been observed for longitudinal and torsional modes.

3.2.2. Heterogeneous anisotropic tube
The same trend is observed for anisotropic homogeneous struc-

tures (results not presented) and for anisotropic functionally
graded ones. The anisotropic functionally graded structure studied
in this paper has the mechanical properties of the cortical bone.

As the great majority of the biological tissue, the cortical bone is
a complex medium. It is anisotropic, multi-components, heteroge-
neous. It can be modeled as a two-phase medium: the bone matrix
and the pores full of marrow (assimilated to water). The character-
istic size of the pores in the cortical bone is less than a few hundred
micrometers. The classical range of frequency used in quantitative

Table 1
Elastic properties of the materials at the two interfaces of the tube.

E (GPa) m q (kg/m3)

Stainless steel (outer) 207.82 0.317 8166
Silicon nitride (inner) 322.4 0.24 2370
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ultrasonography to evaluate bone fragility is [0.2;2.5] MHz. For
such frequencies, the wavelength of the ultrasonic waves is larger
than the size of the pores and the waves propagate in an effective
macroscopic medium whose properties obviously depend on the
microscopic properties such as the porosity or the intrinsic mate-
rial properties of the bone matrix. An increasing number of papers
underlined the relevancy of taking into account these heterogene-
ities across the cortex to improve the ultrasonic method for cortical
bone assessment [33,37,16]. It may be particularly relevant in the
case of healing bone as proposed by Protopappas and colleagues
[37,38]. In their papers, they pointed also the limitations of the

Lamb wave theory when applied to real bones and underlined
the relevance of taking into account the tubular geometry and
the anisotropy of the long bones.

In our study, at the scale of the wavelength (few millimeters),
the cortical bone may be viewed as a functionally graded material
as its porosity increases continuously along the cortical thickness
from the periosteal part (soft tissue side) to the endosteal one
(marrow side). It is noteworthy that the intrinsic material proper-
ties of the bone matrix vary also across the cortical thickness [41]
and contribute to the continuous gradient of macroscopic
properties.

In a first approach, knowing the relationship between the
porosity and the effective material properties [7] (neglecting the
intrinsic material properties variation), the gradient of materials
properties may be deduced from the gradient of porosity. To the
best of our knowledge, we do not know exactly how the porosity
varies across the cortical thickness and how it influences the mac-
roscopic mechanical properties. Several studies brought some
information on that point [9,8].

According to these results, one of the simplest realistic profile of
properties to take into account seems to be the affine one.

As shown previously [5], the propagation of ultrasonic waves in
the frequency range of clinical measurement is influenced by the
gradient of properties encountered in cortical bone modeled as a
plate. Therefore, we study the influence of the curvature on the dis-
persion curves for a transversely isotropic bone material with lin-
early varying mechanical properties along its radius. A particular
attention was paid to assign realistic values to the properties of
bone, for this reason we use the data published in [16,5]. The prop-
erties profile tested is an affine function:

CðrÞ ¼ Cm þ ðCM � CmÞðr � a0Þ=ða� q� a0Þ; ð8Þ

the values of Cm and CM are reported in Table 2.
The dispersion curves of the longitudinal L(0,m), torsional

T(0,m) and flexural F(1,m) modes calculated for a radially graded
tube of thickness t are compared with the dispersion curves calcu-
lated for a plate of the same thickness (Lamb and Shear Horizontal
modes). All the results are obtained from the Peano expansion of
the matricant (4).

In Figs. 6–8, we can remark the same trend as observed in Figs.
3–5. The dispersion curves of the longitudinal modes L are very
similar to Lamb’s modes for ratios t/aq < 0.5 except for low fre-
quency-thickness products (ft < 0.3 MHz mm) (Fig. 6). Note that

Fig. 2. The results obtained from the Stroh’s formalism (grey points) compared with the results published in [11] (black points).

(a)

(b)

Fig. 3. Influence of the ratio t/aq for a homogeneous isotropic aluminium tube. The
Lamb’s modes (black lines) are compared with the longitudinal modes L(0,m) (grey
points).
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the range is smaller than for the isotropic aluminium tube. The dif-
ferences become significant when the ratio t/aq increases. We can
also compare the dispersion curves of the torsional modes T to
the SH modes in a plate of the same thickness (Fig. 7). They are rep-
resented in Fig. 7 for the same range [0–2 MHz mm]. Again, the dis-
persion curves are very similar for low ratios and the difference
increases with t/aq. Concerning the flexural waves, the anisotropy

makes the comparison between tube modes and plate modes more
difficult. Again, in Fig. 8 we observe the coupling between longitu-
dinal and shear waves expressed in the dispersion curves of the
flexural modes. The dependence on t/aq remains the same.

4. Discussion and perspectives

The non-destructive evaluation of cylindrical anisotropic wave-
guide remains a key issue, particularly for generally anisotropic

(a) (b)

Fig. 4. Influence of the ratio t/aq for a homogeneous isotropic aluminium tube. The SH modes (black lines) are compared with the torsional modes T(0,m) (grey points).

(a)

(b)

Fig. 5. Influence of the ratio t/aq for a homogeneous isotropic aluminium tube. The
SH modes (grey lines) and Lamb’s modes (black lines) are compared with the
flexural modes F(1,2m) (grey points) and F(1,2m � 1) (black points) with
m = 1,2,3,4.

Table 2
The minimal and maximal values [Cm, CM] of each variable corresponding to the realistic range of variation taken from [5] with c12 = c11–2c66. Remember that the correspondence
between space directions and index notation is 1 M r; 2 M h; 3 M z.

c11 = c22 (GPa) c13 = c23 (GPa) c33 (GPa) c44 = c55 (GPa) c66 q (g cm�3)

[11.8,25.9] [5.1,11.1] [17.6,29.6] [3.3,5.5] [2.2,4.4] [1.66,1.753]

(a)

(b)

Fig. 6. Influence of the ratio t/aq for a tube with bone properties (Table 2). The
Lamb’s modes (black lines) are compared with the longitudinal modes (grey
circles).
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materials. The method proposed in the present paper allows to
solve the wave equation in an anisotropic tube with radially vary-
ing properties. From these results dealing with the direct problem,
further work is needed to develop inversion techniques. There are
many industrial applications: super heat resistant materials,
‘‘smart structures”, powder metallurgy and ceramics or the
graded-index plastic optical fibers for communications. Among
these domains, the improvement of evaluation of biological tissues
such as bone and the development of biomimetic materials for
bone implants are booming subjects.

4.1. The bone evaluation in prospect

The characterization of bone strength remains a major issue
particularly in the context of osteoporosis diagnosis known as a

public health problem. Nowadays it is established that bone fragil-
ity does not depend only on bone density but also on geometry,
microstructure and elasticity of bone [33,15]. Consequently, a lot
of works investigate this way in order to provide relevant criteria
of bone strength evaluation. The work presented in this paper is
altogether part of that perspective. One of the point is to improve
the models used to inverse the experimental data. The goal is to se-
lect the relevant characteristic parameters which influence the
clinical ultrasonic response and to relate them to the bone fragility.
In this study, we take into account the anisotropy of the cortical
bone, its tubular geometry and its heterogeneity and we evaluate
the influence of the curvature on the ultrasound response repre-
sentative of the mechanical behavior of the bone.

As a preliminary study on the influence of the curvature on
in vitro ultrasound characterization of bone, the results presented
are promising. But, obviously there are a lot of weaknesses in this
study.

First, one of the limitations is the choice of the elastic properties
values and their variation across the cortical thickness. These val-
ues are different from some data given in other papers
[24,2,35,7] but remain in a realistic range deduced from experi-
mental measurements [10] and thermodynamical conditions.
Moreover they take into account the known anisotropy of cortical
bone. Concerning the linear variation of the elastic properties (stiff-
ness coefficients and mass density), it is a basic model which pro-
vides a first insight into the effect of multiscale heterogeneity of
long bone. A recent study [16], Haiat and colleagues inputed the
same values and the same profiles of properties in their simula-
tions and obtained a good agreement between their results and
former studies. Nevertheless, experimental data are needed to bet-
ter define the way the microscopic properties (properties and
intrinsic bone matrix properties) vary across the cortical thickness
and contribute to the gradient of macroscopic elastic properties.

Second, the dispersion curves are obtained for a free-stress
tube. Consequently, another limitation of this work is the absence
of surrounding media which obviously influence the clinical mea-
surements and has to be included in a relevant mechanical model
[5,31]. The presence of fluids inside and outside the tube induces
significant changes: the appearance of extra fluid modes and some
differences in the shape of the tube modes in terms of attenuation
and, phase and group velocities [36,1,31]. Moreover the behavior of
the fluid-loaded structure depends on the viscosity of the fluids [1].
Further work is needed to consider the effect of soft tissue and
marrow modelling the bone as a fluid-loaded tube. The boundary
conditions may be taken into account in the same way as we did
for the plate [5]. The reflection and transmission coefficients for a
fluid-loaded anisotropic tube with radially varying properties will
be calculated following the same steps as detailed for the plate.
Nevertheless, the present work may provide an interesting tool
to give support to in vitro studies.

(a) (b)

Fig. 7. Influence of the ratio t/aq for a tube with bone properties (Table 2). The SH modes (black lines) are compared with the torsional modes (grey circles).

(a)

(b)

Fig. 8. Influence of the ratio t/aq for a tube with bone properties (Table 2). The SH
modes (grey lines) and Lamb’s modes (black lines) are compared with the flexural
modes F(1,2m) (grey points) and F(1,2m � 1) (black points) with m = 1,2,3,4.
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5. Conclusion

In the context of non-destructive evaluation of complex media,
the method presented here reveals several advantages to solve the
wave equation in graded anisotropic waveguide. First, the formal-
ism used allows to take into account a general anisotropy of the
material even in the case of cylindrical geometry. Second, the Pea-
no expansion of the matricant is one of the only method which pro-
vides an analytical solution of the exact problem in a functionally
graded medium, that is to say without modelling the waveguide
as a multilayered medium. Consequently, the accuracy and validity
range are managed. Third, the computation time is a few dozen
minutes for the structures studied in this paper. Using this method,
it has been demonstrated that the trend revealed in the case of iso-
tropic, homogeneous tubes is confirmed in the case of anisotropic
heterogeneous tubes: for thickness to outer radius ratios less than
0.5, the plate model seems to be efficient except at low frequency-
thickness products. In the particular context of ultrasonic evalua-
tion of bone, further work is needed to analyse the relevance of
the anisotropic heterogeneous tube model. A study will begin to
compare different types of properties profiles and gain an insight
into the parameters of the profiles which influence predominantly
the ultrasonic response. Anyway, using the Stroh’s formalism, one
of the point of this method is the possibility of taking into account
the anisotropy of the bone tube which has been proven to widely
influence the wave propagation. Furthermore, this study gives
some clues on the interaction between the ultrasonic waves and
a realistic model of long bone under in vitro conditions (tubular
geometry, radial heterogeneity and anisotropy): the guided modes
are more sensitive to the curvature at low frequency-thickness
products (at low frequencies and/or for thin bones). Whereas, the
guided waves are more sensitive to the variation of properties at
higher frequency-thickness products (at high frequencies and/or
for thick bones). Now, this gradient may provide a multiparametric
evaluation of the bone fragility by assessing pieces of information
on the geometry, the structure and the material at a time and
may reveal itself a relevant parameter in the diagnosis an the ther-
apeutic following of the osteoporosis.

But a question remains: are the ultrasounds sensitive to this
gradient? an experimental study is insistently needed to gain in-
sight on that point.

Appendix A

Expression of the vector g(r) and of the matrix Q(r) for a mate-
rial with orthorhombic crystallographic symmetry (nine indepen-
dent stiffness coefficients). The symbol :̂ represents the quantities
in the Fourier domain.

gðrÞ ¼ ûrðrÞ; ûhðrÞ; ûzðrÞ; ırr̂rrðrÞ; ırr̂rhðrÞ; ırr̂rzðrÞð ÞT ;
and

Q ðrÞ ¼ 1
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Abstract—Bone fragility depends not only on bone mass but also on bone quality (structure and material). To
accurately evaluate fracture risk or propose therapeutic treatment, clinicians need a criterion, which reflects
the determinants of bone strength: geometry, structure and material. In human long bone, the changes due
to aging, accentuated by osteoporosis are often revealed through the trabecularization of cortical bone, i.e.,
increased porosity of endosteal bone inducing a thinning of the cortex. Consequently, the intracortical porosity
gradient corresponding to the spatial variation in porosity across the cortical thickness is representative of loss
of mass, changes in geometry (thinning) and variations in structure (porosity). This article examines the
gradient of material properties and its age-related evolution as a relevant parameter to assess bone geometry,
structure and material. By applying a homogenization process, cortical bone can be considered as an aniso-
tropic functionally graded material with variations in material properties. A semi-analytical method based
on the sextic Stroh formalism is proposed to solve the wave equation in an anisotropic functionally graded
waveguide for two geometries, a plate and a tube, without using a multilayered model to represent the struc-
ture. This method provides an analytical solution called the matricant and explicitly expressed under the Peano
series expansion form. Our findings indicate that ultrasonic guided waves are sensitive to the age-related evolu-
tion of realistic gradients in human bone properties across the cortical thickness and have their place in a multi-
modal clinical protocol. (E-mail: cecile.baron@univ-amu.fr) � 2012 World Federation for Ultrasound in
Medicine & Biology.

Key Words: Cortical bone, Porosity gradient, Elastic wave propagation, Stroh formalism, Waveguide.

INTRODUCTION

It is now widely accepted that bone strength relies on two
main factors: bone density and bone quality. Thus, accu-
rate information is needed on the quantity of bone, the
way it is organized and the mechanical quality of its
constituent materials (elastic properties) to accurately
evaluate fracture risk, to optimize treatment (time and
dosage) and to reduce adverse effects. Nowadays, bone
densitometry as determined by dual-energy X-ray ab-
sorptiometry (DXA) is the gold standard technique used
to diagnose osteoporosis and to decide on treatment. It
provides a value for bone mineral density (BMD), which
is compared with that of a reference population to assess
whether the patient is ‘‘normal,’’ presents with osteopenia
or presents with osteoporosis.

One of the fundamental challenges in bone charac-
terization is to identify the relevant parameters, which
have to be correlated to the pathology and accessible
through clinical measurements. Moreover, as with all
technological developments for biomedical applications,
it is essential to respect certain criteria: techniques should
be nondestructive, noninvasive and nonradiating. Quanti-
tative ultrasound techniques are good candidates on all
these conditions. Yet, they continue to struggle for accep-
tance against the gold standard of DXA analysis, partly
because no single physical parameter has been identified
to represent the ‘‘structure, geometry, material’’ triangle.
For a long time now, it has been recognized that bone
mass alone (bone mineral density) is insufficient to
predict risk of fracture (Faulkner 2000; Robbins et al.
2005). It has been reported that BMD alone explains
less than half the risk of hip fractures (Marshall et al.
1996). Several studies have revealed cases where the
effect of BMD on risk of fracture is atypical. Postmeno-
pausal Chinese women, for example, have significantly
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lower hip bone mineral density than white women and are
classified at higher risk but in fact they have fewer frac-
tures (Tobias et al. 1994; Xiaoge et al. 2000).

It would appear, then, that bone quantity alone is not
sufficient to evaluate bone fragility and that bone geometry
and quality are key factors which significantly affect bone
strength (Augat et al. 1996; Ammann and Rizzoli, 2003;
Moilanen et al. 2007; Gregory and Aspden 2008).

Moreover, even though BMD combines cortical and
trabecular bone mass, the majority of what is measured
by DXA is trabecular bone. As a consequence, osteopo-
rosis treatments focus primarily on trabecular bone. Yet,
while both bone compartments contribute to bone strength
(Manske et al. 2009), several recent studies point out that
cortical bone is a critical component in determining
fracture resistance at the femoral neck (Augat and
Schorlemmer, 2006;Holzer et al. 2009;Treece et al. 2010).

At the same time, as imaging techniques become
more and more accurate, a newly visible characteristic
of bone is emerging: intracortical porosity changes grad-
ually across the thickness of long bones (Bousson et al.
2001; Tatarinov et al. 2005; Ha€ıat et al. 2009; Grimal
et al. 2011). When homogenization methods are applied
to cortical bone, it can be viewed as a functionally graded
material at mesoscopic scale.

Among the changes in cortical bone due to aging,
there is a joint process accentuated by osteoporosis: tra-
becularization of the endosteal part leading to thinning
of the cortex. Therefore, the gradient (spatial variation)
of intracortical porosity is a parameter representative of
increased variation in porosity across a reduced thick-
ness and should be relevant to evaluate the combined
effect of thinning and trabecularization. This gradient
of intracortical porosity induces gradients of material
properties (mass density and stiffness coefficients).
Thus, characterizing the gradient of the bone properties
across the cortical thickness, will provide information
on structure (porosity), geometry (thickness) and mate-
rial (stiffness).

In this study, we consider the diaphysis of long bone,
in particular cortical bone. We model cortical bone as
a one-phase material with varying mechanical properties
(mass density and stiffness coefficients). Modeling how
porosity changes across the cortical thickness and trans-
lating this variation in a microscopic property to meso-
scopic level are complex tasks. We base ourselves on
two studies (Bousson et al. 2000; Grimal et al. 2011)
and define a mesoscopic functionally graded material
(FGM) model. A semi-analytical method is proposed to
solve the wave equation in an FGM waveguide. This
method, based on the Stroh formalism, allows us to avoid
a multilayered media approximation and to consider
a cylindrical geometry in association with an anisotropic
material. According to numerous experimental studies

(Reilly and Burnstein 1974; Dong and Guo 2004;
Lakshmanan et al. 2007), human cortical bone is assumed
to be a transversely isotropic material. Here cortical bone
is represented by a transversely isotropic plate or tube in
vacuum. The dispersion curves of the guided waves are
explored to evaluate the sensitivity of these waves to
a realistic variation in intracortical porosity.

MATERIALS AND METHODS

Cortical bone as an anisotropic functionally graded
material waveguide

The model takes into account the anisotropy and the
heterogeneity of cortical bone: it is considered as trans-
versely isotropic with linearly varying material proper-
ties. Moreover, two geometries are investigated for long
bone modeled as a plate or as a tube with realistic
dimensions.

Functionally graded material properties
Here, every attempt was made to model realistic

variation in porosity across the cortical thickness. Based
on previous work reported on femoral cortical bone
samples from skeletons (Bousson et al. 2000, 2001), we
focus on a solely female population (86 subjects) aged
from 11 to 96. We use these authors’ 3-point measure-
ment of porosity (periosteal, midcortical and endosteal
regions) to infer the evolution of porosity across the
cortical thickness.

Then, the evolution of intracortical porosity
(microscopic scale) is translated into a variation in the
elastic properties of the bone at the mesoscopic level
by using the regression models (size of the mesodomain
L5 0:5 mm) proposed by Grimal and colleagues
(Grimal et al. 2011). Thereby, the Young’s and shear
moduli and the Poisson ratios are expressed as a function
of porosity.

Porosity varies with position across the thickness of
the bone and, consequently, the Young’s and shear moduli
and Poisson ratios are also dependent on the spatial var-
iable across the thickness (x - variable for the plate and
r - variable for the tube), except for nTL, which is assumed
to be constant at 0.3.

Then, we deduce the five independent stiffness coef-
ficients as five spatially-dependent functions from the
following equations:

c11 5
ETð12nTLnLTÞ

D
; c12 5

ETðnTT1nTLnLTÞ
D

;

c13 5
ETðnLT1nTTnLTÞ

D
; c33 5

ELð12nTTnTTÞ
D

;

c44 5GLT ;

(1)

with D5 n2TT12nLTnTL12nLTnTLnTT :
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Note the correspondence 1/T ; 2/T ; 3/L where
L and T are longitudinal and transverse, respectively.

The degree of porosity (from 0% to 30%) does not
disturb the crystallographic symmetry of the material at
the mesoscopic scale (Baron et al. 2007): the thermody-
namic conditions are still valid.

Figure 1 shows that the stiffness coefficients can be
supposed to linearly vary according to porosity across the
cortical thickness for each age group. A linear regression
provides an affine function representing the evolution of

the stiffness coefficients across the cortical thickness.
Thus, the elastic properties vary from a maximum value
in the periosteal region to a minimum value in the endos-
teal region (Table 1).

A classical mixture law is used to obtain mass
density as a function of spatial variable x, where x5 x
for the plate and x5 r for the tube. We assume that the
pores are filled with water, which is considered to be
a perfect fluid:

rðxÞ5 rboneð12pðxÞÞ1rwaterpðxÞ; (2)

with p the porosity, rbone 5 1:9 g/cm3 and rwater 5 1 g/
cm3.

Choice of waveguide geometry
It was essential to set realistic parameters for the

geometry of the model. For a first approximation, long
bone can be modeled as a plate, ignoring the curvature
effect on guided wave propagation (Lefebvre et al.
2002; Bossy et al. 2004; Protopappas et al. 2006;
Baron 2011). However, a more realistic shape for long
bone is a tube (Protopappas et al. 2007) and here both
geometries were investigated. For the plate, the set of
parameters was reduced to the thickness, taken as
decreasing with age (Bousson et al. 2001) (Table 2).
For the tube, one of the parameters known to influence
guided wave propagation is the ratio of thickness over
outer radius (Nishino et al. 2001; Baron 2011). Here
too, thickness was taken from (Bousson et al. 2001).
Previous findings (Carter et al. 1996; Feik et al. 2005)
have established that the outer diameter remains the
same after 30 years; in this study, it is fixed at 24 mm
and the thinning of the cortical wall with age is repre-
sented by an increase in the inner diameter to reach the
thickness measured by Bousson and colleagues
(Bousson et al. 2001).

Ultrasonic guided waves
We consider an elastic waveguide (plate or tube) of

thickness t placed in vacuum. The coordinate systems

Fig. 1. Variation in stiffness coefficients over porosity:
c11 5 c22ð>Þ, c12ð,Þ, c13 5 c23ðDÞ, c33ð3Þ, c44 5 c55ð�Þ,

c66ð�Þ.

Table 1. Elastic properties of cortical bone at the
periosteal boundary (per.) and at the endosteal boundary

(end.)

c11
(GPa)

c12
(GPa)

c13
(GPa)

c33
(GPa)

c44
(GPa)

c66
(GPa)

r
(g/cm3)

[10–19]
per. 26.33 10.73 11.25 34.17 8.30 7.80 1.88
end. 25.05 10.22 10.80 32.72 7.83 7.41 1.84

[20–29]
per. 26.30 10.72 11.23 34.13 8.29 7.79 1.88
end. 24.61 10.05 10.64 32.22 7.67 7.28 1.83

[30–39]
per. 26.10 10.64 11.16 33.90 8.22 7.73 1.87
end. 24.40 9.97 10.57 31.99 7.60 7.22 1.83

[40–49]
per. 25.08 10.23 10.81 32.76 7.84 7.42 1.85
end. 22.91 9.38 10.06 30.32 7.05 6.76 1.79

[50–59]
per. 25.08 10.23 10.81 32.76 7.84 7.42 1.85
end. 22.06 9.04 9.76 29.36 6.74 6.51 1.77

[60–69]
per. 25.69 10.48 11.02 33.44 8.07 7.61 1.86
end. 22.03 9.03 9.75 29.32 6.73 6.49 1.76

[70–79]
per. 25.05 10.22 10.80 32.72 7.83 7.41 1.84
end. 20.09 8.27 9.08 27.15 6.02 5.91 1.71

[80–99]
per. 25.15 10.26 10.83 32.83 7.87 7.44 1.85
end. 18.06 7.47 8.37 24.86 5.28 5.29 1.66

Table 2. Age-related regional evolution in intracortical
porosity and gradient

t (mm)
p% per.
(%)

p% mid.
(%)

p% end.
(%)

grad
(%/mm)

[10–19] 3.804 2.4 3.7 6.2 0.999
[20–29] 4.166 2.5 3.75 7.5 1.200
[30–39] 4.368 3.1 4.4 8.1 1.145
[40–49] 4.354 6.1 7.4 12.5 1.470
[50–59] 3.762 6.1 8 15 2.366
[60–69] 3.104 4.3 11.5 15.1 3.479
[70–79] 3.46 6.2 11.3 20.8 4.220
[80–99] 2.502 5.9 17.5 26.8 8.353
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ðx; y; zÞ for the plate and ðr; q; zÞ for the tube are defined
with the z-axis corresponding to the axis of the long
bone and x and r representing the spatial variables along
the cortical thickness.

The variable x describes the thickness of the plate
from 0 to t. The radius of the tube r varies from a0
to aq, the inner and outer radius of the tube (Fig. 2),
respectively. To simplify the notation, we use the variable
x where x5 x; r.

The elastic waveguide is considered to be aniso-
tropic and is liable to present continuously varying
properties across its thickness (ex-axis or er-axis). These
mechanical properties are represented by the stiffness
tensor C5CðxÞ and the mass density r5 rðxÞ.

System equations
The momentum conservation equation associated

with the constitutive law of linear elasticity (Hooke’s
law) gives the following equations:

8
><
>:

div s5 r
v2u

vt2
;

s5
1

2
ℂ ðgrad u1gradT uÞ;

(3)

where u is the displacement vector and s the stress
tensor.

� For the plate

We assume that the structure is two-dimensional (2-
D) and that the guided waves travel in the plane y5 0; in
the following, this coordinate is implicit and is omitted in
themathematical expressions. Solutions are sought for the
vectors of displacement (u) and traction ðsx 5s : exÞ
expressed in the Cartesian coordinates ðx; zÞwith the basis
fex; ezg:

uðx; z; tÞ5UðxÞexp ıðkzz2utÞ;
sxðx; z; tÞ5TðxÞexp ıðkzz2utÞ; (4)

with kz the axial wavenumber. The modes propagating in
such a structure are called Lamb modes. We distinguish
two types of Lamb modes: symmetrical (S-modes) and
anti-symmetrical branches (A-modes) (Lamb 1917).

� For the tube

We seek to solve the wave equation for displacement
vector (u) and radial traction vector ðsr 5s:erÞ ex-
pressed in the cylindrical coordinates ðr; q; zÞ with the
basis fer; eq; ezg:

u
�
r; q; z; t

�
5UðnÞ�r

�
exp ıðnq1kzz2utÞ;

sr

�
r; q; z; t

�
5TðnÞ�r

�
exp ıðnq1kzz2utÞ; (5)

with kz the axial wavenumber and n the circumferential
wavenumber.

We distinguish two types of waves propagating in
a cylindrical waveguide: circumferential waves and axial
waves. Circumferential waves are waves traveling in
planes perpendicular to the axis direction. They corre-
spond to uz ðrÞ5 0 ðcrÞ, kz 5 0 and n5 kq aq. Axial
waves are waves traveling along the axis direction, the
circumferential wavenumber is an integer n5 0; 1; 2;..
Among the axial waves, we distinguish three types of
modes numbered with two parameters ðn;mÞ representing
the circumferential wavenumber and the order of the
branches: longitudinal (L), flexural (F) and torsional (T)
modes. The longitudinal and torsional modes are axially
symmetric (n5 0) and denoted L ð0;mÞ and T ð0;mÞ.
The flexural modes are non-axially symmetric (n $ 1)
and are denoted F ðn;mÞ (Gazis 1959). In this article, we
focus on longitudinal and first flexural modes (n5 1).

A closed-form solution: the matricant
Introducing the expression (4) for the plate or (5) for

the tube into the equation (3), we obtain the wave
equation in the form of a second-order differential
equation with nonconstant coefficients. In the general
case, there is no analytical solution to the problem thus
formulated. Most current methods of solving the wave
equation in unidirectionally heterogeneous media are
derived from the Thomson-Haskell method (Thomson
1950; Haskell 1953). These methods are appropriate for
multilayered structures (Kenneth 1982; L�evesque and
Pich�e 1992; Wang and Rokhlin 2001; Hosten and
Castaings 2003). However, for continuously varying
media, these techniques replace the continuous profiles
of properties by step-wise functions, thereby making

Fig. 2. Geometrical configuration of the waveguides.
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the problem approximate, even before the resolution step.
The accuracy of the solution, like its validity domain, are
thus hard to evaluate. Moreover, a multilayered model of
functionally graded waveguides creates ‘‘virtual’’ inter-
faces likely to induce artifacts. Lastly, for generally
anisotropic cylinders, the solutions cannot be expressed
analytically, even for homogeneous layers (Mirsky
1964; Nelson et al. 1971; Soldatos and Jianqiao 1994).

To solve the exact problem, that is, to maintain the
continuity of the variation in properties, and to take into
account the anisotropy of cylindrical waveguides, we write
the wave equation under the sextic Stroh formalism (Stroh
1962) in the form of an ordinary differential equations
system with nonconstant coefficients for which an ana-
lytical solution exists: the matricant (Pease 1965; Baron
2005).

Hamiltonian form of the wave equation. In the
Fourier domain, the wave equation can be written as:

� For the plate

d

dx
hðxÞ5QðxÞhðxÞ; (6)

� For the tube

d

dr
hðrÞ5 1

r
QðrÞhðrÞ: (7)

The components of the state-vector h ðxÞ are the
components of the displacement vector u and the
components of the traction vector sx. As for the matrix
Q ðxÞ, it contains all the information about heteroge-
neity: it is expressed from the stiffness coefficients of
the waveguide in the appropriate system of coordinates
(Cartesian for the plate and cylindrical for the tube) and
from two acoustical parameters (wavenumbers, angular
frequency, horizontal slowness). Detailed expressions of
Q ðxÞ are given in Appendix A for the case of a material
with hexagonal crystallographic symmetry; but it can
be expressed for any type of anisotropy (Shuvalov
2003).

Explicit solution: the Peano expansion of the
matricant. The wave equation, thus, formulated has
an analytical solution expressed between a reference
point x0 and some point along the cortical thickness
direction x. This solution is called the matricant and
is explicitly written in the form of the Peano series
expansion:

Mðx; x0Þ5 I 1

ðx

x0

Qð2Þd21
ðx

x0

Qð2Þ
ð2

x0

Qð21Þd21d2 1.;

(8)

where I is the identity matrix of dimension ð6; 6Þ. If the
matrixQ ðxÞ is bounded in the study interval, these series
are always convergent (Baron 2005). The components of
the matrix Q are continuous in x and the study interval is
bounded (thickness of the waveguide), consequently the
hypothesis is always borne out. The matricant verifies
the propagator property (Baron 2005):

hðxÞ5Mðx; x0Þhðx0Þ: (9)

Free boundary conditions. The waveguide is
considered to be in vacuum, so the traction vector sx

defined in (4 and 5) is null at both interfaces. Using the
propagator property of the matricant through the thic-
kness of the structure, eqn (7) is written as
hðx0 1 tÞ5Mðx01 t; x0Þhðx0Þ with x0 5 0 for the plate
and x0 5 a0 for the tube. Factorizing the matricant
M ðx0 1 t; x0Þ under four block matrices of dimension
ð3; 3Þ, eqn (7) becomes:

�
uðx5 x01tÞ

0

�
5

�
M1 M2

M3 M4

��
uðx5 x0Þ

0

�
: (10)

Equation (10) has non-trivial solutions for
det M3 5 0. As detailed in Appendix A for a transversely
isotropic material and from eqn (8), the components of
M3 are bivariate polynomials in ðsz;uÞ or ðkz;uÞ. Conse-
quently, seeking the zeros of det M3 amounts to seeking
the pairs of values ðsz;uÞ or ðkz;uÞ, which describe the
dispersion curves of guided waves propagating in a plate
or a tube respectively.

RESULTS

Gradient of porosity
The variation in porosity across the cortical thick-

ness and its age-related evolution are presented in
Table 2. Figure 3 shows that a linear profile is a good

Fig. 3. Variation in porosity across the cortical thickness: linear
regression for each age range (R2 $ 0:9).
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approximation to model porosity changes. For every age
range, p%5 a x1b, where x is the spatial variable along
the cortical thickness, ða; bÞ˛<2.

The porosity gradient (%/mm) is deduced from an
estimation of the slope a for each age class (Table 2).

Figure 3 clearly shows that porosity sharply
increases with age in the endosteal region, whereas it
remains fairly stable in the periosteal region. Moreover,
cortical thickness greatly decreases with age, from adult-
hood to old age. These two processes identified by Bous-
son (Bousson et al. 2000, 2001) are linked under the name
trabecularization of the endosteal region.

The age-related evolution of the porosity gradient
represented on Figure 4 reveals an inverse trend
compared with the evolution of BMD (Melton III et al.
2000): it remains almost constant up to the 4th decade
and then it increases with advancing age. The regression
is exponential, similar to the evolution of the risk of frac-
turewith age reported in the literature (Hui et al. 1988; De
Laet et al. 1997; Kanis et al. 2008).

Sensitivity of guided waves to the gradient of
material properties

The effect of a realistic intracortical porosity
gradient on guided wave propagation was investigated
to determine how sensitive the guided waves are to the
age-related evolution of long bone strength; in particular,

whether they are sensitive both to thinning of the cortex
and to increased endosteal porosity during aging. We
compared the ultrasonic guided waves’ interaction with
three planar waveguides and three tubular waveguides
modeling the diaphysis of the femur at three different
age ranges: [30–39], [60–69] and [80–99] (Bousson
et al. 2001). Waveguides dimensions are reported in
Table 3. The dispersion curves are plotted as functions
of the frequency-thickness product in the usual range
for the study of ultrasonic waves in long bones (Bossy
et al. 2004; Muller et al. 2005; Tatarinov et al. 2005;
Protopappas et al. 2006). For guided waves in long bones,
the typical frequency range is between 50 kHz to 350
MHz (Moilanen et al. 2008) to generate wavelengths
greater than the cortical thickness (Bossy et al. 2004).
Consequently, the frequency-thickness product to be
considered is roughly [0.2, 1.5] MHz.mm for [30–39],
[0.15, 1.1] MHz.mm for [60–69] and [0.125, 0.875]
MHz.mm for [80–99].

The dispersion curves of Lamb modes propagating
in plates show measurable differences throughout aging
(Fig. 5). The discrepancy between the dispersion spectra
obtained for each age range grows with the frequency-
thickness product. For example, at 1 MHz.mm, the phase
velocity of the S0 mode for the [80–99] age group is 6%
lower than for the [30–39] age group, the phase velocity
of the A2 mode for the [60–69] age group is 5% higher
than for the [80–99] age group and 10% lower than for
the [30–39] age group. All these differences correspond
to several thousand meters per second, which are experi-
mentally measurable quantities.

The same trends can be seen from the dispersion
curves of the longitudinal and flexural modes propagating
in the tubes (Fig. 6). Thecut-off frequencies of all themodes
are distinct for the three age ranges considered (Table 4).

Fig. 4. Age-related evolution of the porosity gradient: exponen-
tial regression (R2 5 0:93).

Table 3. Geometry of the waveguides for three age
ranges

Thickness (plate or tube) Tube dimensions

t=aqt (mm) a0 (mm) aq (mm)

[30–39] 4.368 7.64 12 0.36
[60–69] 3.104 8.9 12 0.26
[80–99] 2.502 9.5 12 0.21

Fig. 5. Dispersion curves of Lambmodes propagating in a trans-
versely isotropic plate, for three age ranges: [30–39] straight

line, [60–69] dots and [80–99] dotted line.
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The phase velocities are also significantly different: for
instance, the discrepancy between the F ð1; 3Þ-mode phase
velocity for [80–99] and the F ð1; 3Þ-mode phase velocity
for [30–39] is about 420 m/s.

One of the critical parameters of long bone strength
is cortical thickness. To evaluate cortical thickness, Moi-
lanen and his team showed the relevance of considering
the F ð1; 1Þ mode instead of the A0 mode (Moilanen
et al. 2007). This is confirmed by our results on the group
velocity of these two modes calculated for the three age
ranges (Fig. 7).

It is clearly shown that around the frequency of
200 kHz used by Moilanen and colleagues, the group
velocity of A0 mode is consistently different from the

group velocity of the F ð1; 1Þ mode and it appears that
the group velocity of the F ð1; 1Þ mode is very sensitive
to the porosity gradient in the frequency range
considered.

DISCUSSION

The Stroh formalism used in this study has several
advantages. First, it allows ultrasound propagation to be
investigated in a continuously varying medium (FGM)
instead of approximating it by a multilayered medium,
thus, avoiding potential round-off errors and artifacts
that cannot be estimated. It provides an exact solution
to the exact problem and the degree of round-off error
is manageable (Baron 2005). Furthermore, this formalism
is numerically stable and is applicable to planar and
tubular geometries whatever the degree of anisotropy of
the material. The conventional methods used to solve
the wave equation are unable to deal with cylindrical
coordinates coupled with general anisotropy. The Stroh
formalism is one of the only ways to provide an analytical
solution (Peano expansion of the matricant) to the wave
equation in a cylindrical structure whatever the aniso-
tropy of the material (Shuvalov 2003). Moreover, fluid-
loading of the waveguide here can be treated as in the
case of the plate (Baron and Naili 2010). The advantages
of this formalism in the context of bone characterization
are clear, since long bone can be realistically modeled as
an FGM orthotropic tube surrounded by blood and full of
marrow. In addition, because this method takes into
account actual variations in material properties of long
bones, it could prove useful as a reference to validate
models which do not allow for the gradient of material
properties, confirming the range of validity (frequency
domain, thickness range, order of the modes) of the
results yielded by such simplified models.

Bone fragility has long been known to be related to
the quantity of material (bone density), its quality

Fig. 6. Dispersion curves of the eight first longitudinal modes
(in black) and the ten first flexural (in grey) modes propagating
in a transversely isotropic tube, for three age ranges: [30–39]

straight line, [60–69] dots and [80–99] dotted line.

Table 4. Variations in cut-off frequencies for
longitudinal and flexural modes with aging

L(0,2) L(0,3) F(1,2) F(1,3) F(1,4) F(1,5)

D f30=60 (kHz) 4.9 88.3 2.9 4.5 87.2 80.8
D f60=80 (kHz) 3.4 60.3 2.2 4 60.1 59.7
D f30=80 (kHz) 8.3 148.6 5.1 8.4 147.3 140.5

Fig. 7. Group velocity of A0 mode (in black) and F ð1; 1Þ mode
(in grey) propagating in a transversely isotropic plate and tube
respectively, for three age ranges: [30–39] straight line, [60–69]

dots and [80–99] dotted line.
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(stiffness) and its organization (geometry and micro-
architecture). An accurate evaluation of fracture risk
has to assess these three parameters together. As cortical
bone ages, endosteal trabecularization induces thinning
of the cortex. Thus, the spatial variation in porosity across
the cortical thickness revealed during aging can be taken
as the ‘‘missing’’ parameter to represent bone quality.
This is confirmed by Figure 4, which illustrates an evolu-
tion in porosity gradient with age similar to the evolution
in risk of fracture reported in the literature for the vertebra
(Cooper et al. 1992) and for the hip (De Laet et al. 1997).
As previously pointed out, the gradient of material prop-
erties (density and stiffness coefficients) reflects the
spatial distribution of the quantity and quality of bone
across the cortical thickness. Looking at the dispersion
curves obtained here for the plate and for the tube, this
discrepancy between the different age ranges appears to
be experimentally measurable. Thus, this study indicates
that the gradient of homogenized material properties can
be evaluated from measured ultrasound velocities.

Solving the inverse problem, however, will be tricky,
and further work will be required before this can be
achieved. An accurate evaluation of the various factors
influencing bone strength would require a wider range
of measurements (other ultrasound frequencies, other
imaging modalities).

Our work demonstrates the sensitivity of guided
waves to realistic variations in the intrinsic properties of
human cortical bone: porosity, density, stiffness, as re-
vealed by the gradient inmaterial properties.Nevertheless,
it remains difficult to establish a reliable criterion to apply
in a clinical protocol. Careful consideration needs to be
given to choosing appropriate anatomical sites for ultra-
sonic evaluation. To avoid too much ultrasound absorp-
tion, the most suitable sites are the phalanx, the radius
and the tibia (Njeh et al. 2001). These sites are long bones
for which the question of the influence of the curvature on
wave propagation needs to be addressed (Baron 2011). The
choice of geometric model (plate or tube) is particularly
important in pediatrics since the thickness over outer
radius ratio (t=aq) of growing bone is greater than 0.5.
Thus, ultrasound evaluation is a promising alternative
technique in pediatrics.

Our model could usefully be extended. Several real-
istic characteristics can easily be added to the formalism
we use. First, how soft tissue affects wave propagation
can be modeled by fluid-loading, as examined in a recent
paper (Baron and Naili 2010). Second, the gradual varia-
tion in the intrinsic properties of the bone matrix
described in Lakshmanan et al. (2007) can be included
in the homogenization step and would contribute to the
mesoscopic gradient of bone properties.

Furthermore, it would be relevant to consider not
only the variation in ‘‘global’’ intracortical porosity (the

ratio of the volume of pores over the total volume) but
also the distribution of pore sizes and of the number of
pores across the cortical thickness. In Bousson et al.
(2001), it was noted that increased endosteal porosity
arises from an increase in the size of pores rather than
from an increase in the number of pores; this difference
in the organization of the microstructure may affect the
mechanical behavior of the bone.

CONCLUSION

The gradient of material properties appears here to
be relevant to evaluating age-related changes in cortical
bone, particularly in the context of osteoporosis and ther-
apeutic follow-up. This article describes an original
method applied to bone characterization able to take
into account the heterogeneity (porosity gradient) and
the anisotropy (orthotropy) of the material as well as
the tubular geometry of the structure, even under in vivo
conditions (soft tissue).

Ultrasound evaluation appears to be a good candi-
date to characterize long bone (structure, geometry and
material); however, the potential of in vivo techniques
that take into account the influence of soft tissue and
marrow needs to be further explored.

The results we obtained are promising but themethod
should be extended, in particular,with a view to solving the
inverse problem. An in vitro experimental program would
validate the feasibility of the ultrasound measurements on
bone samples of different ages. It could also evaluate the
relevance of using an in vivo characterization of the
gradient of properties across the cortical thickness to deter-
mine bone strength and the risk of fracture.
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APPENDIX A

d

dx
hðxÞ5 ıuQðxÞhðxÞ; (A.1)

Plate/tube

Formalism for plate.

with the relations:

zðxÞ5 c33ðxÞ2
c213ðxÞ
c11ðxÞ

; kz 5usz; (A.3)

where sz is the z-component of the slowness.

Formalism for tube. Expression of the vector hðrÞ
and of the matrixQðrÞ for a material with hexagonal crys-

tallographic symmetry (5 independent stiffness coeffi-
cients). The symbol :̂ represents the quantities in the
Fourier domain.
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a b s t r a c t

Child cortical bone tissue is rarely studied because of the difficulty of obtaining samples.

Yet the preparation and ultrasonic characterization of the small samples available, while

challenging, is one of the most promising ways of obtaining information on the mechan-

ical behavior of non-pathological children's bone. We investigated children's cortical bone

obtained from chirurgical waste. 22 fibula or femur samples from 21 children (1–18 years

old, mean age: 9.775.8 years old) were compared to 16 fibula samples from 16 elderly

patients (50–95 years old, mean age: 76.2713.5 years old). Stiffness coefficients were

evaluated via an ultrasonic method and anisotropy ratios were calculated as the ratio of

C33/C11, C33/C22 and C11/C22. Stiffness coefficients were highly correlated with age in

children (R40.56, po0.01). No significant difference was found between C11 and C22 for

either adult or child bone (p40.5), nor between C44 and C55 (p40.5). We observe a

transverse isotropy with C334C22¼C114C44QC554C66. For both groups, we found no

correlation between age and anisotropy ratios. This study offers the first complete analysis

of stiffness coefficients in the three orthogonal bone axes in children, giving some

indication of how bone anisotropy is related to age. Future perspectives include studying

the effect of the structure and composition of bone on its mechanical behavior.

& 2015 Elsevier Ltd. All rights reserved.

1. Introduction

Bone is a hierarchical and organized structure with properties
varying by successive stages from juvenile to mature state.

Numerous studies have aimed to determine the mechanical
properties of cortical bone tissue collected from adult human
subjects (Bensamoun et al., 2004; Choi et al., 1990; Cuppone
et al., 2004; Grimal et al., 2009; Ho Ba Tho et al., 1991; Keller

http://dx.doi.org/10.1016/j.jmbbm.2015.05.013
1751-6161/& 2015 Elsevier Ltd. All rights reserved.
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et al., 1990; Lotz et al., 1991; Reilly et al., 1974; Reilly and
Burstein, 1975; Smith and Smith, 1976; Zioupos and Currey,
1998). Ultrasonic waves have frequently been used in the
measurement of the elastic properties of adult bone in vitro
(Ashman et al., 1984; Yoon and Katz, 1976; Rho, 1996; Espinoza
Orías et al., 2009; Rudy et al., 2011; Baumann et al., 2012;
Bernard et al., 2013). A method based on the measurement of
both longitudinal and shear ultrasonic bulk wave velocities
(BWV) allows the determination of numerous stiffness coeffi-
cients of the elasticity tensor Cijkl, on a single specimen
(Ashman et al., 1984; Rho, 1996; Espinoza Orías et al., 2009;
Rudy et al., 2011; Baumann et al., 2012; Lang, 1969). Cortical
bone is an anisotropic medium due to its highly oriented,
mineralized collagen fibril structure, and the literature on
adults contains different assumptions regarding the type of
anisotropy of the cortical bone structure. Some authors (Haïat
et al., 2009; Neil Dong and Edward Guo, 2004; Rho, 1996; Yoon
and Katz, 1976) assume that human cortical bone can be
considered as transverse isotropic (five independent elastic
coefficients), meaning that bone elastic properties are similar
in the transverse directions (radial and tangential) but are
different in the axial direction. Others have made the more
general assumption of orthotropy (Ashman et al., 1984;
Hoffmeister et al., 2000; Rho, 1996) (with three perpendicular
planes of symmetry), where nine elastic coefficients are
needed to fully characterize the medium.

Little reference data is available on young bone mechanical
behavior, especially on children's cortical bone. Several papers
study mechanical properties of children's bone by uniaxial
bending (Currey and Butler, 1975; Jans et al., 1998; Davis et al.,
2012; Agnew et al., 2013; Berteau et al., 2013; Albert et al.,
2013a, 2013b, 2014), compression (McPherson et al., 2007;
Ohman et al., 2011) or ultrasonic characterization (Berteau
et al., 2012, 2013). Some even study mechanical properties at
the tissue level by nanoindentation (Fan et al., 2006; Weber
et al., 2006; Albert et al., 2013a,2013b; Imbert et al., 2014).
However, most of these studies were conducted on only a few
samples, because of the scarcity of specimens for laboratory
testing. Moreover, the representativeness of these samples is
questionable, since they are largely associated with child
pathologies. Due to the limited number of samples available,
papers have up to now focused on mechanical properties in
only one axis, generally the axial direction. The notion of
anisotropy, particularly transverse isotropy or orthotropy, has
rarely been investigated. Only one study on this subject
reports orthotropy in children's bone before ossification
(McPherson and Kriewall, 1980). In our study, children's bone
samples were recovered from small chirurgical bone waste,
with exclusion criteria; the only way to obtain non-pathologic
bone samples from children. Yet this adds a difficulty: the
specimens have been cut into very small cubes (�2 mm),
smaller than those used in a previous study which tested
5 mm samples on Resonant Ultrasound Spectroscopy (RUS)
and obtained promising results (Bernard et al., 2013).

Here, we report measurements of ultrasonic wave velo-
cities (compressional and shear) in the three orthogonal bone
axes (axial, radial and tangential) to obtain the diagonal
elements of the stiffness matrix (C11, C22, etc.). To our knowl-
edge, this study is the first to provide numerous stiffness
coefficients on non-pathologic pediatric cortical bone. The

major aim of the study was to obtain stiffness coefficients of
children's cortical bone samples, and to analyze the aniso-
tropic Hooke's law enabling us to explore the anisotropic
behavior of child cortical bone. Values from children were
compared with those from elderly adult cortical bone sam-
ples to evaluate how stiffness evolves with age. To achieve
this objective, we required an experimental protocol specifi-
cally for measuring ultrasonic parameters with very small
samples, both compressional and shear; the protocol needed
to be reproducible and robust.

2. Methods

2.1. Sample preparation

15 fibula and 7 femur samples from 21 children (1–18 years
old, mean age: 9.775.8 years old) were extracted from
chirurgical waste during lower limb lengthening surgery
performed in Marseille, France. Samples were extracted from
the lower 1/3 of the bone. The selected population was
composed of walking children not on drugs disturbing their
bone metabolism.

16 fibula samples from 16 elderly patients (50–95 years old,
mean age: 76.2713.5 years old) were extracted from the same
anatomic location, but from cadavers at Inserm U1033 and
UMR-T 9406 Ifsttar/UCBL (Lyon, France) bone bank.

The fresh material was frozen and stored, the child bone
at �80 1C (to lessen the impact of collagen degradation,
which will be analyzed in a future study) and the adult bone
at �20 1C. The samples were slowly thawed and then cut
with a water-cooled low-speed diamond saw (Buehler Isomet
4000, Buehler, Lake Bluff, IL, USA) into cubic parallelepipeds
(dimensions: 2�2�2mm3; mean¼ 1.9670.56 mm). The faces
of the specimens were oriented according to the radial (axis
1), tangential (axis 2) and axial (axis 3) directions defined by
the anatomic shape of the bone diaphysis (Fig. 1).

The greatest challenge here was the very small size of the
chirurgical waste bone (less than 1 cm in the axial axis), the
radial thickness of the sample being imposed by the cortical
thickness taken. The second difficulty was cutting samples this

Fig. 1 – Sketch showing orientation of cortical bone samples
prepared to study bone anisotropy. Figure adapted from
(Reilly et al., 1974).
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small with parallel faces. This necessitated an enhancedmount-
ing protocol for the cutting. The mass density (ρ g/cm3) was
measured with a micrometric balance equipped with a density
kit (Voyager 610, Ohaus Corporation, FlorhamPark, NJ, USA,
measurement uncertainty of 0.001 g/cm3) and the dimensions
were measured with a digital caliper (Absolute digimatik solar,
Mitutoyo, Kanagawa, Japan, measurement error of 0.03mm).

2.2. Theoretical approach

In this study, we considered cortical human bone as an
elastic unlimited medium (the wavelength is smaller than
the transverse dimension of the sample). Human bones are
generally considered to be orthotropic (Ashman et al., 1984;
Yoon and Katz, 1976).

For generally anisotropic media, Hooke's law is written as
follows:

σij ¼ Cijkl εkl where i; j; k; lA 1;2;3f g ð1Þ

In Eq. (1), σij denotes the ij component of the stress tensor,
εkl represents the components of the strain infinitesimal
tensor and Cijkl is the stiffness tensor. Assuming orthotropic
behavior of the bone requires nine independent elastic
coefficients of the stiffness tensor which can be expressed
in Voigt notation as follows:

CIJ ¼

C11 C12 C13 0 0 0

C21 C22 C23 0 0 0

C31 C32 C33 0 0 0

0 0 0 C44 0 0

0 0 0 0 C55 0

0 0 0 0 0 C66

2
6666666664

3
7777777775

ð2Þ

We calculated the velocities of pure compressional and
shear waves propagating along the three principal axes,
which gave us the diagonal elements of the stiffness matrix.
The relationships between the velocities and elastic coeffi-
cients of the material are:

C11 ¼ ρV2
11

C22 ¼ ρV2
22

C33 ¼ ρV2
33

C44 ¼ ρV2
23 ¼ ρV2

32

C55 ¼ ρV2
13 ¼ ρV2

31

C66 ¼ ρV2
12 ¼ ρV2

21 ð3Þ
Vii: velocity of a compressional wave propagating in the i

direction, with particle motion in the i direction;
Vij: velocity of a shear wave propagating in the i direction,

with particle motion in the j direction;
Anisotropy was measured as the ratio of elastic constants

in the axial/radial (C33/C11), in the axial/tangential (C33/C22)
and in the radial/tangential (C11/C22) anatomic specimen axes
(Rudy et al., 2011; Baumann et al., 2012).

2.3. Ultrasonic measurements

To find the diagonal elements of the stiffness matrix, the
velocities of compressional and shear waves need to be
determined. Two mountings, one for compressional waves
and the other for shear waves, were used. For both compres-
sional and shear waves, we assumed a non-dispersive

medium and we determined the wave velocity propagating
in the xi direction using a comparison method:

Vij ¼
lsample_i

�Δtþ lref
Vref

� Vij : compressional (i¼ j) or shear (ia j) wave velocity;
� lsample_i : thickness of the sample in direction xi;
� Δt: time delay between the first arriving signal traveling in

the reference medium and the first arriving signal propa-
gating through the bone sample;

� lref : distance between the two transducers in the reference
medium;

� Vref : ultrasonic wave velocity in the reference medium.

2.3.1. Compressional wave velocity measurement
The ultrasonic bench consisted of two transducers (VP1093,
center frequency 5 MHz, CTS Valpey Corporation, Hopkinton,
MA) facing each other with their axes aligned and operating
in transmission mode. The whole device was immersed in
water. First, a reference measurement was made in water
without samples (Vref). The bone sample to be tested was
then placed over a gelatin block (agar) to keep it aligned
between the transducers (Fig. 2).

The entire protocol was validated on bovine bone samples.
We obtained V11¼3375765 m/s, V22¼3637791 m/s and V33¼
3999731 m/s, in agreement with the literature (Lees et al.,
1979; Lipson and Katz, 1984; Lasaygues and Pithioux, 2002).

2.3.2. Shear wave velocity measurement
Measurements were made with two transverse wave trans-
ducers (Panametrics V156, 5 MHz, Inc., Waltham, MA) facing
each other with their axes aligned and operating in transmis-
sion mode. First, a reference measurement was made in a
5 mm thick aluminum sample. The bone samples to be
tested were then placed in contact between the transducers
(Fig. 3).

Fig. 2 – Picture of the experimental set-up (left), and example
of a reference signal (water) and ultrasonic wave through the
bone sample.
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2.4. Statistical analysis

Statistical analysis was performed using the SPSS program
(SPSS Statistics 22, IBM, USA). The Shapiro–Wilk test was used
to evaluate the normality of the distribution. A Pearson correla-
tion was performed for normal distribution and a Spearman
correlation was performed for non-normal distribution. The
significance level is po0.05. The Wilcoxon rank-sum test was
used to determine the difference between coefficients.

3. Results

Raw data are presented. All the values of ultrasonic wave
velocities are presented in Table 1, with mean and standard
deviation for each group. The relationships established above
between the velocities and the stiffness coefficients of the
material gave the Cii coefficients summarized in Table 2. The
mean values of elastic coefficients from our study are also
compared with values from the literature (Table 2).

The elastic coefficients for adult fibulae are quite similar to
those from the literature for femur and tibiae evaluated with
ultrasonic methods (Ashman et al., 1984; Hoffmeister et al.,
2000). Values from the children's bone, especially the femur,
are lower than those from the adults. Due to the mean age
gap of the two groups (resp. 12.973.3 years.o for fibula and
3.675.3 y.o for femur), we cannot compare fibula and femur
values in these children. A significant correlation was found
in the children's bone between all the stiffness coefficients
and age (R40.56, po0.01). Moreover, the stiffness coefficients
are all correlated (R40.55, po0.01). In the elderly adult bone,
we only found a negative correlation between C33 and age
(R¼�0.63, po0.01).

No significant difference was found between C11 and C22

and between C44 and C55, for either adult or child bone
(p40.5), which confirms transverse isotropy with
C334C22QC114C44QC554C66. In both groups, we found no
correlation between age and anisotropy ratios.

Fig. 4 shows the evolution of stiffness coefficients with
age, revealing that stiffness coefficients increase in growing
bone. Moreover, the effect of main direction is observed, with

the axial stiffness coefficient (C33) 1/3 above radial and
tangential values (respectively C11 and C22).

Fig. 5 illustrates the evolution of the axial stiffness coeffi-
cient (C33) with age. Depending on age range, the linear
interpolation slope changes from positive to negative. A
Spearman correlation was found between age and C33; in
the children's bone, we obtained a positive value (R¼0.694,
po0.01) whereas in the elderly adult bone, we obtained a
negative value (R¼�0.634, p¼0.08).

Fig. 6 represents the evolution of anisotropy ratios with
age. In both groups, we found no correlation between age and
anisotropy ratios.

4. Discussion

The first aim of the study was to determine and to compare
stiffness coefficients in children's and elderly adults' cortical
bone samples. The method we used is based on measuring
both compressional and shear ultrasonic bulk wave velocities
(BWV) propagating along various directions of a bone speci-
men (Lang, 1969). While this method is widely used, it has
major drawbacks related to specimen size and geometry.
With a range frequency of 1–2.5 MHz, the specimen must
typically be larger than a few millimeters (�5 mm). This is
because measured wave velocities must be linked to bulk
waves, which propagate when the wavelength is smaller than
the dimension of the specimen (Ashman et al., 1984). In this
study, samples were machined from fibulae whose cortical
thickness was below 3 mm. By improving the cutting process
so as to avoid any lack of parallelism, we finally obtained
specimens of approximately 2�2�2 mm3. For both compres-
sional and shear wave velocity measurements, we used a
frequency of 5 MHz to achieve a wavelength greater than the
typical size of bone tissue heterogeneities (oa few hundred
microns) and smaller than the specimen dimensions.
Another limitation of this study was that only elastic con-
stants for the main diagonal of the stiffness tensor could be
evaluated. It takes one or several 451 oblique cuts to retrieve
all non-diagonal terms of the stiffness tensor, which was not
technically possible with our specimen size. This prevented
conversion of the elastic stiffness coefficients into engineer-
ing coefficients (Young's moduli, shear moduli and Poisson's
ratios).

The longitudinal stiffness coefficients (C11, C22 and C33)
generally found for adult cortical bone with the ultrasonic
method range between 16.8 GPa and 31.7 GPa (Ashman et al.,
1984; Bernard et al., 2013; Espinoza Orías et al., 2009;
Hoffmeister et al., 2000). However, these values were for
femur or tibia bone; to our knowledge, no value for the fibula
is available. These results on adult fibulae therefore contri-
bute a new batch of data and allow us to compare adults' and
children's values for the same bone from the same anatomic
location. The results on children's bone enrich the literature
concerning the mechanical properties of children's bone. Our
findings show that stiffness coefficients increase with age up
to puberty, when they appear to reach adult values (Fig. 4).
The evolution of C33 with age shows a linear regression by age
group, positive in the children and negative in the adults
(Fig. 5). This trend is similar to the evolution of the bone

Fig. 3 – Picture of the experimental set-up (left), and example
of a reference signal (aluminum sample) and ultrasonic
wave through the bone sample.
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Table 1 – Ultrasonic wave velocities (compressional and shear) for all directions.

Samples Age
(years)

Mass density
(kg/m3)

V11

(m/s)
V22

(m/s)
V33

(m/s)
V31

(m/s)
V32

(m/s)
V13

(m/s)
V12

(m/s)
V23

(m/s)
V21

(m/s)

fibula 1 6 1873 2924 2912 3632 1506 1553 1446 1279 1535 1340
fibula 2* 10 1864 2972 2537 3596 1603 1701 1525 1306 1598 1378
fibula 3 10 1398 2406 2449 2920 1309 1347 1435 1339 1248 1460
fibula 4 10 1768 3170 3137 3994 1621 1608 1628 1354 1613 1379
fibula 5 10 1690 3181 2836 3358 1462 1409 1459 1361 1501 1202
fibula 6 12 1735 3033 3069 3873 1615 1591 1549 1355 1547 1431
fibula 7 13 1664 3053 3155 3491 1351 1514 1471 1319 1526 1243
fibula 8 14 1598 3194 2728 3320 1314 1348 1462 1165 1280 1199
fibula 9 14 1790 3228 3031 3964 1520 1616 1352 1478 1444 1269
fibula 10 15 1848 2985 3183 3918 1608 1599 1628 1369 1664 1295
fibula 11 15 1798 3099 3166 3666 1548 1551 1540 1347 1584 1365
fibula 12 16 1882 3199 3100 4057 1662 1612 1737 1436 1557 1329
fibula 13 17 1617 3455 3566 4012 1525 1616 1583 1364 1666 1396
fibula 14 18 1764 3071 3103 3918 1641 1684 1489 1440 1651 1351
Mean 12.9 1734 2930 2903 1466 1507 1475 1324 1500 1303 1466
SD 3.3 182 292 279 132 121 120 99 116 89 132

femur 1 1 1498 2491 2532 2960 1307 1362 1343 1272 1440 1383
femur 2 1 1712 2791 2798 3146 1287 1494 1404 1113 1464 1224
femur 3 1 1365 2515 2616 3206 1314 1319 1217 1209 1393 1250
femur 4 1 1873 2751 2858 3132 1403 1479 1314 1213 1505 1255
femur 5 1 1688 2678 2654 3287 1398 1383 1375 1220 1400 1154
femur 6 5 1798 2892 2658 3642 1298 1341 1477 1475 1378 1147
femur 7 15 2197 2439 2883 3613 1500 1520 1552 1397 1503 1315
Mean 3.57 1733 2651 2714 3284 1358 1414 1383 1271 1440 1247
SD 5.26 268 172 133 255 79 81 109 124 52 84

Adult 1 67 1748 4258 3190 3382 1599 1707 1645 1385 1618 1399
Adult 2 80 1761 4028 3390 3556 1586 1626 1636 1454 1621 1431
Adult 3 95 1623 3862 2672 3465 1728 1684 1676 1298 1545 1344
Adult 4 68 1664 4402 3367 3514 1727 1732 1679 1426 1705 1421
Adult 5 87 1573 3770 2755 2195 2218 1680 1464 1238 1550 1507
Adult 6 83 1798 3818 3412 3169 1575 1658 1690 1386 1600 1412
Adult 7 78 1647 3965 3248 2442 1699 1564 1684 1609 1579 1490
Adult 8 73 1831 3819 3051 2014 1840 1667 1598 1234 1675 1532
Adult 9 73 1855 4011 3332 3375 1660 1627 1661 1394 1662 1404
Adult 10 77 2230 3830 3020 3128 1473 1492 1728 1788 1476 1359
Adult 11 89 1577 3867 3299 3280 1620 1637 1582 1374 1679 1346
Adult 12 50 1775 4071 3414 3508 1645 1713 1714 1398 1691 1381
Adult 13 76 1882 4192 3016 3447 1529 1720 1665 1464 1669 1497
Adult 14 56 1914 4093 3206 3454 1583 1693 1472 1439 1718 1635
Adult 15 91 1498 3906 3166 3068 1368 1602 1617 1434 1559 1328
Adult 16 57 1623 4015 3250 3191 1504 1675 1653 1502 1575 1398
Mean 76.2 1750 3174 3137 3994 1647 1655 1635 1426 1620 1430
SD 13.5 177 223 486 178 189 63 76 134 69 82

n Mean value of two fibulae samples from the same child.

Table 2 – Average stiffness coefficients (SD).

Children (n¼14) Children (n¼7) Adults (n¼16) Hoffmeister et al. (2000) Ashman et al. (1984)

fibula (GPa) femur (GPa) fibula (GPa) tibia (GPa) femur (GPa)
C11 16.5 (2.70) 12.2 (2.42) 17.7 (2.89) 19.5 (2.0) 18.0 (1.60)
C22 15.8 (3.24) 12.9 (3.15) 17.7 (5.27) 20.1 (1.9) 20.2 (1.79)
C33 24.0 (5.15) 19.0 (5.50) 28.0 (3.71) 30.9 (2.1) 27.6 (1.74)
C44 4.17 (0.800) 3.57 (0.833) 4.69 (0.518) 5.72 (0.49) 6.23 (0.479)
C55 4.05 (0.746) 3.31 (0.921) 4.72 (0.579) 5.17 (0.57) 5.61 (0.398)
C66 3.13 (0.373) 2.77 (0.656) 3.60 (0.690) 4.05 (0.54) 4.52 (0.371)
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mineral density with age (Bonjour, 1998; Boot et al., 2010). An
in vivo study by Drozdzowska and Pluskiewicz (2003) assessed
the speed of sound (SOS) at the hand phalanx in a population
of people aged from 7 to 80. The authors conclude that the
SOS increases linearly to a maximum reached at around 25–
30 years old, after which values decrease more slowly up to
the age of 80. These data differ from ours because the in vivo
approach introduces the effect of soft tissue and bone
geometry. Moreover, the study was performed on the hand
phalanx, which is not mechanically stressed. Nevertheless,
even with the gap in age coverage between our studies (our
population being children of 1–18 and adults of 50–95), our
in vitro results exhibit the same trend as their in vivo study.

The second aim of this study was to analyze the aniso-
tropic behavior of our samples. The results for all specimens
show transverse isotropy for both adult and child bone, and
both fibula and femur, at the location tested. Several studies
point to the fact that ultrasonic wave velocity measurement
relies on anatomical location. It has been suggested that
ultrasonic wave velocity depends on the circumferential
location (Bensamoun et al., 2004; Rho, 1996). Rudy et al.
(2011) showed that anisotropy depends on the location along
the bone: their tissue specimens, pooled from multiple
donors, exhibited orthotropy at all locations along the
femoral diaphysis and transverse isotropy at mid-diaphysis.
In this study, samples were extracted from the lower 1/3 of
the bone, which does not explain the transverse isotropy.

Anisotropy in cortical bone can be explained by multiple
factors. Bone material properties depend on microscopic-
scale components such as hydroxyapatite crystals and col-
lagen (Hasegawa et al., 1994; Burr, 2002; Currey, 2003; Follet,
2004; Boivin et al., 2008), and their layout, as confirmed
experimentally in a study showing that ultrasonic velocity
is influenced by changes in organic matrix (Mehta et al.,
1998). Katz et al. (1984) argued that orthotropic versus trans-
versely isotropic symmetry was dependent on whether the
tissue exhibited a predominately laminar or Haversian micro-
structure, respectively. According to Baumann et al. (2012),
transverse isotropy is governed primarily by apatite crystal
orientations while orthotropy is governed primarily by intra-
cortical porosity. While our study did not investigate any of
these factors, further exploration would enrich our knowl-
edge of the anisotropy of bone.

In conclusion, this study contributes a new set of ultra-
sonic wave velocities and elasticity values for children's
cortical bone, providing insights into the evolution of stiff-
ness coefficients with age. Moreover, it offers the first com-
plete analysis of stiffness coefficients in the three orthogonal
bone axes in children, giving some indication of how bone
anisotropy is related to age. Future perspectives include
studying the effect of the structure and composition of bone
on its mechanical behavior.
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a b s t r a c t

Cortical porosity is a major determinant of bone strength. Haversian and Volkmann's

canals are'seen’ as pores in 2D cross-section but fashion a dynamic network of inter-

connected channels in 3D, a quantifiable footprint of intracortical remodeling. Given the

changes in bone remodeling across life, we hypothesized that the 3D microarchitecture of

the cortical pore network influences its stiffness during growth and ageing.

Cubes of cortical bone of 2 mm side-length were harvested in the distal 1/3 of the fibula

in 13 growing children (mean age7SD: 1374 yrs) and 16 adults (age: 75713 yrs). The cubes

were imaged using desktop micro-CT (8.14 mm isotropic voxel size). Pores were segmented

as a solid to assess pore volume fraction, number, diameter, separation, connectivity and

structure model index. Elastic coefficients were derived from measurements of ultrasonic

bulk compression and shear wave velocities and apparent mass density.

The pore volume fraction did not significantly differ between children and adults but

originates from different microarchitectural patterns. Compared to children, adults had 42%

(p¼0.033) higher pore number that were more connected (Connective Density: þ205%,

p¼0.001) with a 18% (p¼0.007) lower pore separation. After accounting for the contribution

of pore volume fraction, axial elasticity in traction-compression mode was significantly

correlated with better connectivity in growing children and with pore separation among adults.

The changes in intracortical remodeling across life alter the distribution, size and

connectedness of the channels from which cortical void fraction originates. These alterations

in pore networkmicroarchitecture participate in changes in compressive and shear mechanical

behavior, partly in a porosity-independent manner. The assessment of pore volume fraction

(i.e., porosity) provides only a limited understanding of the role of cortical void volume fraction

in its mechanical properties.
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1. Introduction

Human cortical bone displays a multiscale porous architec-
ture originating from optimization to contradictory needs.
Bone has to be stiff and strong to resist loading but light to
allow mobility (Bala et al., 2015; Seeman and Delmas, 2006).
During last decade, cortical porosity has emerged as a major
predictor of bone strength (Baron et al., 2007; McCalden et al.,
1993) and fragility fracture (Bala et al., 2014b, 2015; Bjornerem
et al., 2013). The cortical void volume fraction contributes to
bone mechanical behavior because the apparent density
(inverse of porosity) is inversely proportional to the 7th power
of its stiffness (Schaffler and Burr, 1988).

Cortical bone void volume originates from Haversian and
Volkmann’s canals that contain bone vasculature and inner-
vation. While these canals are ‘seen’ as pores in cross-section
images (Chappard et al., 2013; Thomas et al., 2006), they form
a three dimensional network of interconnected canals
(Chappard et al., 2013; Cooper et al., 2007). The structure of
this porous network is not static; the number of canals, their
diameter, and their connectedness are the quantifiable foot-
prints of the bone remodeling activity and balance (Cooper
et al., 2007).

During growth, the skeleton adapts its size, shape and
material properties to be of sufficient strength to support the
evolving physical activity (Currey and Butler, 1975; Jee and
Frost, 1992; Loro et al., 2000; Palacio-Mancheno et al., 2014;
Parfitt et al., 2000). Histomorphometric studies highlighted
that this adaptation was made possible through changes in
modeling and remodeling activity and its balance at both the
tissue and the Bone Multicellular Unit (BMU) level (Parfitt
et al., 2000; Rauch et al., 2007). For instance, from 2 to 20
years, the thickening of the cortex is determined by a net
positive balance at the tissue level between endocortical
resorption and periosteal formation (Rauch et al., 2007). In
this age range, intracortical remodeling activation frequency
decreases and displays a �5% positive balance at BMU level
reducing intracortical porosity and participating to bone
consolidation (Parfitt, 1994b, Parfitt et al., 2000).

During young adulthood, remodeling is slow and in
steady-state at the tissue-level - the number of Bone Multi-
cellular Units (BMU) resorbing bone equals the number of
BMU refilling cavities excavated earlier at other locations. At
the level of the BMU, remodeling is balanced – each BMU
resorbs and deposits similar volumes of bone matrix. At this
stage there is little or no bone loss or structural decay in
cortical bone (Bala et al., 2014a; Compston, 2011). After
midlife in women and later in men, a rapid extent of
remodeling surfaces at the tissue level coupled to a �5%
negative balance at the BMU level, increases pore number
and diameter resulting in an overall higher cortical void
volume fraction and permanent bone loss (Bjornerem et al.,
2011; Lips et al., 1978; Qiu et al., 2010; Recker et al., 2004; Vedi
et al., 1983). This has been repeatedly observed using 2D
histomorphometry (Lips et al., 1978; Rauch et al., 2007;
Schnitzler, 2015; Schnitzler and Mesquita, 2013; Schnitzler
et al., 2009; Zebaze et al., 2010). However, the structural
changes in pore network 3D microarchitecture beyond these
alterations in the void volume fraction are not known.

Recent studies suggest that porosity achieved during
growth may influence intracortical remodeling and structural
decay later in life (Bala et al., 2014b; Bjornerem et al., 2013; Bui
et al., 2013; Loro et al., 2000; Seeman, 2008). Haversian and
Volkmann's canal density, size and connectivity in young
adult defines indeed the extent of surfaces available for
unbalanced remodeling to be initiated upon at the onset of
age-related perturbation at the BMU level (Bui et al., 2013).
However, porosity is only regarded as a single value describ-
ing void volume fraction and may not be sufficient to predict
entirely the influence of microstructure on cortical bone
fragility (Chappard et al., 2013; Yeni et al., 1997; Yeni and
Norman, 2000). There is most likely a contribution of age-
related structural changes in pore network microarchitecture
but these parameters, especially in growing bone, are rarely
investigated.

Given the age related-changes in bone remodeling activity
and balance across life, we hypothesized that cortical bone
void volume fraction originates from canals networks with
different microarchitectures in growing children and adults.
This study also aimed to evaluate comprehensively the
impact of the canal network microarchitecture on cortical
bone elasticity. We tested these hypotheses in human cor-
tical bone samples collected in the distal fibula of growing
children and ageing adults. Pore number, diameter, connec-
tivity and other morphological parameters of the cortical void
volume were quantified using micro-CT. These variables were
compared to the elasticity assessed in the same samples
using ultrasonic bulk wave velocities in the three principal
directions of bone. Understanding the contribution of pore
volume fraction and pore network microarchitecture to bone
mechanical properties during growth and ageing may help in
finding early predictors of bone fragility.

2. Material and methods

2.1. Specimens

Bone samples were collected in the distal 1/3 of the fibula in
13 children (9 males and 4 females, mean age7SD: 13.273.5
years, range: 6–18 years) during corrective surgery after a
fracture at the growth plate or equinovarus of the foot (n¼2).
Equinovarus of the foot is apparently not associated with
alterations in bone remodeling parameters (Rauch et al.,
2007). Surgeries were performed at the Timone Hospital
(Marseille, France). All children were ambulatory prior to
surgery and none received medications known to affect bone
remodeling. In accordance with the French code of public
health and after approbation of the study by the committee
for the protection of persons, informed consents were
obtained from children’s legal guardians. In addition, bone
samples were harvested in the distal 1/3 of the fibula from 16
human donors (7 males and 9 females, mean age7SD:
75.0712.9 years, range: 50–91 years). Autopsies were per-
formed between 2010 and 2012 under the guidance of the
INSERM UMR-S 1033 (Lyon, France) and the IFSTTAR UMR-T
9406 (Bron, France) in order to build a bone sample bank.
Samples were maintained frozen at �20 1C wrapped in
Phosphate Buffer Saline soaked gauze. Twenty-nine 2x2x2
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mm cubic samples were extracted from the cortex using a
water-cooled low speed diamond saw (Buehler Isomet 4000,
Buehler, Lake Bluff, IL, USA). All cubes included the periosteal
region and the 2 mm thickness permitted to avoid the highly
‘trabecularized’ endosteal region in samples from elderly. The
regions of coring were matched by the quadrant and the
fraction of bone length between children and adults. Cubes
faces were identified according to the radial (axis 1), tangen-
tial (axis 2) and axial (axis 3) orientations in the fibula (Fig. 1).

2.2. Image acquisitions

The cubic samples were imaged using a desktop micro-CT
system (Skyscan 1174, Bruker, Kontich, Belgium). Scanning
was done with the bone specimen immerged in distilled
water in a 6 mm inner diameter plastic tube and held in
place thanks to gauze. Sample axial axis (i.e., Haversian
canals' principal orientation) was aligned to the rotation axis
of the sample holder. Scans were performed with a field of
view of 1024�1024 pixels a source voltage 50 kV, current
800 mA, rotation step 0.61 over a 3601 rotation and a 0.5 mm-
thick aluminium filter for beam hardening reduction. An
isotropic voxel size of 8.14 mm was used with an exposure
time of 4 seconds, 2 frames averaging leading to a total scan
time of 82 minutes for each sample. The images were
reconstructed using a filtered back-projection algorithm
(NRecon software, V 1.6.9, Skyscan NV, Kontich, Belgium).
For each cube, a stack of 210 sections was reconstructed.

2.3. Morphometric analysis

From the stack of contiguous reconstructed images, the
volumes of interest were selected for morphometric analysis
using a semi-automated method (CTAnalyser Software V
1.14.4, Skyscan NV, Kontich, Belgium). For each specimen,

the external borders were contoured by the operator and then
automatically interpolated over the axial axis defining the
volume of interest (VOI). Within the tissue volume (TV,
mm3), the porosity (void volumes) was segmented as a solid
and the mineralized bone as a background by using global
thresholding. Calibration was performed using a phantom of
hydroxyapatite rods, a cut-off of 0.79 g/cm3 was chosen after
observation of several reconstructed images from samples
spreading the whole age-range. The following morphometric
variables were calculated: the pore volume fraction (Po.V/TV,
%), the pore surface to pore volume ratio (Po.S/Po.V, 1/mm).
Pore diameter (Po.Dm, mm) corresponding to the average
diameter of the pores and pore separation (Po.Sp, mm) corre-
sponding to the average separation between pores were both
calculated using a sphere-fitting algorithm (Hildebrand and
Ruegsegger, 1997; Ulrich et al., 1999). As an index of hetero-
geneity in the intra-individual distribution of pore size and
separation, the standard deviation of Po.Dm and Po.Sp are
reported as Po.Dm.SD and Po.Sp.SD both expressed in mm. The
pore number (Po.N, 1/mm) was calculated as: Po.N¼1/(Po.
SpþPo.Dm). Connectivity (ConnD, 1/mm3) was evaluated by
the Euler characteristic according to the method detailed by
Odgaard (1997) and normalized by the TV. We also assessed
the pore pattern factor (Po.Pf in analogy with the trabecular
pattern factor, 1/mm) calculated as the ratio of volumes and
surfaces before and after dilation. Lower Po.Pf indicates higher
concavity i.e., better-connected pore network.

2.4. Ultrasound based measurement of bone elasticity

Bone elasticity was determined using a well-established
method based on the measurements of ultrasonic bulk com-
pression and shear wave velocities and sample apparent mass
density (Espinoza Orias et al., 2009; Granke et al., 2011). This
method provides measurements of the elastic properties in the

Fig. 1 – From left to right, bone cubical samples were cored from the distal fibula and oriented according to the radial (1),
circumferential (2) and axial (3) axes for assessment of the elastic coefficients by ultrasound and pore network architecture
using micro-CT.
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three principal directions of a same bone material volume. The
apparent mass density (ρ, g/cm3) was measured with a micro-
metric balance equipped with a density kit (Voyager 610,
Ohaus Corporation, FlorhamPark, NJ, USA, measurement
uncertainty of 0.001 g/cm3) and the dimensions were measured
with a digital caliper (Absolute digimatik solar, Mitutoyo,
Kanagawa, Japan, measurement error of 0.03mm). Taking into
account average values of mass densities, determined during
the experiments, equal to 1700 kg/m3, we obtain a relative
error of 0.06%. For Time-Of-Flight measurements, uncertainties
are of around 0.02 ms, given by the laboratory test apparatus/
electroacoustic device (Eurosonic, Vitrolles, France). Given the
apparent density ρ, the diagonal terms Cij (1r ir6) of the elastic
tensor are calculated from:

Cii ¼ ρ:v2iiði¼ 1;2;3Þ

C44 ¼ ρ:v223 ¼ ρ:v232

C55 ¼ ρ:v213 ¼ ρ:v231

C66 ¼ ρ:v212 ¼ ρ:v221

where the longitudinal elastic coefficients C11, C22, and C33

represent the stiffness in traction-compression mode, C44, C55,
C66 represent the shear stiffness coefficients (Fig. 1). Velocity vij
denotes velocity of a wave propagating in the i direction, with
particle motion in the j direction. For compressional waves,
i¼ j, and for shear waves, iaj. Compressional and shear waves
velocities were measured using a pulse transmission method
with a pair of 5 MHz transducers (VP1093, CTS Valpey Corpora-
tion, Hopkinton, MA, USA for compressional waves and Pana-
metrics V156, Inc., Waltham, MA, USA for shear waves). The
received signal was post-processed with a custom MatLab
program (The Mathworks Inc., Natick, MA, USA) (Lefevre

et al., 2015). Repeated measurements on a set of same samples
revealed a good reproducibility for the stiffness with coefficient
of variation ranging between 0.8% and 2.5% depending on the
coefficients.

2.5. Statistics

Data are reported as mean 7 SD unless otherwise stated. As
our population is composed of growing children and ageing
adults, all analyses were performed separately in the two
groups and not on the pooled population. Statistical analyses
were performed using SPPS 20.0 (IBM, Amonk, NY, USA).
Normality was tested using Shapiro-Wilk procedure. Most of
the variables were not normally distributed, non-parametric
test were consequently used. Differences between groups
were tested using Mann-Whitney U test. Bivariates correla-
tions between morphometric variables and age were tested
by the Spearman's rank correlation test (r0). Correlations
between morphometric variables and elastic coefficients
were calculated with or without accounting for the contribu-
tion of the pore volume fraction. A two-tailed significance
level of 0.05 was used.

3. Results

3.1. Pore volume fraction originates from different
microarchitectures in children and adults

The pore volume fraction (Po.V/TV) did not significantly differ
between growing children and adults but originated from
different microarchitectural pattern (Table 1). Relative to
children, adults had a higher pore number (Po.N: þ42%) and
connectivity density (ConnD: þ205%), a lower pore separation
(Po.Sp: �18%) and intra-individual distribution of separation
(Po.Sp.SD: �20%). In accordance with a higher ConnD in
adults, Pore pattern factor tended to be lower in adults
compared to children but the difference did not reach
significance level (Po.Pf: �19%, p¼0.076) (Table 1).

Table 2 presents the correlation coefficients obtained
between the age and the parameters of the pore network
microarchitecture. Among growing children, increasing age
was negatively correlated with Po.V/TV. This decrease in the
pore volume fraction was associated with a decrease in Po.N,
Po.Dm and an increase in Po.Sp. Between 5 and 18 years old
there was also a positive correlation between age and the
specific surface of the pore (Po.S/Po.V). As expected, among
adults, increasing age between 50 and 91 years old was
correlated with higher Po.V/TV. This increase in pore volume
fraction was associated with an increasing Po.N and a
decreasing Po.Sp (Fig. 2).

3.2. Pore network microarchitecture contributes to cortical
bone elasticity

Despite the differences in pore network microarchitecture,
cortical bone from both children and adults were both trans-
versely isotropic (with C334C11¼C22 and C44¼C554C66). How-
ever, relative to children all elastic coefficients were higher in
adults (þ11%, þ17% and þ22% for C11, C22 and C33, respectively,

Table 1 – Values of microstructural parameters of the
pore network and elastic coefficients. P-values for group
comparison were obtained using Man–Whitney's U test.
Bold font denotes p-values r0.05.

Children
(5–18 yrs)

Adults
(50–91 yrs)

P-Value

Mean (SD) Mean (SD)

Po.V/TV (%) 10.3 (6.5) 15.9 (10.3) 0.151
Po.S/Po.V (1/mm) 40.5 (15.9) 37.7 (13.4) 0.628
Po.N (1/mm) 0.69 (0.28) 0.98 (0.29) 0.033
Po.Dm (mm) 139 (62) 144 (69) 0.626
Po.Dm.SD (mm) 67 (39) 67 (41) 0.953
Po.Sp (mm) 397 (58) 325 (62) 0.007
Po.Sp.SD (mm) 125 (22) 100 (20) 0.010
ConnD (1/mm3) 6.6 (5.5) 20.1 (15) 0.001
Structure Model
Index

3.2 (0.6) 2.8 (0.2) 0.002

Po.Pf (1/mm) 0.021 (0.007) 0.017 (0.006) 0.076

Elastic coefficients
(Gpa)

C11 16.1 (2.5) 17.9 (3.6) 0.021
C22 15.3 (2.5) 17.9 (6.15) 0.045
C33 23.6 (4.4) 28.8 (5.1) 0.011
C44 4.1 (0.8) 4.8 (0.6) 0.017
C55 4.0 (0.9) 4.9 (1.1) 0.019
C66 3.0 (0.4) 3.6 (1.0) 0.017
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and þ17%, þ23% and þ20% for C44, C55 and C66, respectively)

(Table 1).
Among growing children, increasing age was associated

with increasing elastic coefficients in traction-compression.

In adult group, increasing age was associated with lower

elastic coefficients in traction-compression mode. Correlation

between age and shear elastic coefficients did not reach

statistical significance in both groups (except for C44 in adult

group, r0 ¼ �0.70) (Table 2).
Table 3 reports the correlation coefficients obtained

between the elastic coefficients and the parameters of the

pore network microarchitecture. Among the children sam-

ples, the C33 elastic coefficient (i.e., axial traction-compres-

sion) was negatively correlated with Po.V/TV, Po.N and Po.Dm

(r0 from �0.46 to �0.82) and positively Po.S/Po.V, Po.Sp and

Po.Pf (r0 from 0.48 to 0.88). Similar results were obtained with

C66 (transverse shear). The positive correlation between C33

and Po.Pf remained significant after adjustment for Po.V/TV
(r0-adjusted¼0.52, p¼0.020). In the adult group, C33 was
negatively correlated with Po.V/TV (r0 ¼ �0.63) and Po.N
(r0 ¼ �0.59) and positively with Po.Sp (r0 ¼0.71) and Po.Sp.SD
(r0 ¼0.72). No correlation was observed between C66 and pore
network microarchitecture. When accounting for the contri-
bution of Po.V/TV, the correlation between C33 and Po.Sp and
Po.Sp.SD remained significant (r0-adjusted¼0.56, p¼0.007 and
r0-adjusted¼0.70, p¼0.001, respectively).

4. Discussion

To our knowledge, the present study is the first to evaluate
the 3D-microarchitecture of the pore network in both chil-
dren and adults in appendicular skeleton. In site- and size-
matched samples of compact-appearing cortex, we report
that cortical porosity originates from different canal network
microarchitectures in growing children and adults. Growth
was associated with a decrease in cortical void volume
fraction due to a decrease in pore diameter, pore number
and pore connectivity. On the opposite, in adults, ageing was
associated with an increase in void volume fraction related to
an increase in pore number and pore connectivity, not in pore
size. Within the limitations of a small sample size that may
results in low statistical power to detect statistical signifi-
cance for some differences, our data support that elastic
properties are influenced by pore network microarchitecture
even after accounting for void volume fraction contribution,
suggesting an independent contribution.

4.1. Pore network microarchitecture during growth

During growth, long bones increase in width by periosteal
apposition (modeling formation) and endocortical resorption
(modeling resorption) and in length by endochondral ossifi-
cation (Cadet et al., 2003; Enlow, 1962; Rauch, 2012). At the
same time, bone also undergoes Haversian remodeling to
adapt to the mechanical environment and to face the
increasing need in calcium (Parfitt, 1994b; Parfitt et al.,
2000). Our knowledge of growth-related changes in cortical

Table 2 – Spearman correlation coefficients (r0) obtained
between variables of the pore network architecture,
elastic coefficients and age among children and adults
group. Bold font denotes p-values r0.05.

Children (5–18 yrs) Adults (50–91 yrs)

r 0 p-value r 0 p-value

Po.V / TV (%) �0.53 0.043 0.50 0.047
Po.S / Po.V (1/mm) 0.51 0.048 �0.19 0.471
Po.N (1/mm) �0.57 0.027 0.53 0.035
Po.Dm (mm) �0.50 0.048 0.17 0.524
Po.Dm.SD (mm) �0.41 0.083 0.23 0.395
Po.Sp (mm) 0.50 0.049 �0.77 0.001
Po.Sp.SD (mm) 0.58 0.029 �0.78 0.001
ConnD (1/mm3) �0.33 0.232 0.23 0.389
Structure Model Index �0.15 0.590 �0.23 0.436
Po.Pf (1/mm) 0.62 0.013 �0.60 0.009

Elastic coefficients
(Gpa)

C11 0.53 0.022 �0.41 0.057
C22 0.67 0.003 �0.46 0.038
C33 0.44 0.050 �0.55 0.014
C44 0.15 0.292 �0.70 0.001
C55 0.17 0.273 �0.22 0.210
C66 0.29 0.151 �0.22 0.207

10 yrs old 80 yrs old

100 µm

Fig. 2 – 3D reconstructions of the pore network imaged in cube of cortical bone cored in the distal part of the fibula in females.
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porosity has been nurtured by histomorphometric studies
performed in iliac crest samples limiting comparison with
present results. Most of these studies reported a high porosity
in children principally originating from large asymmetrical
drifting osteons (Schnitzler and Mesquita, 2013). In this set
up, bone resorption not only progresses in the cutting cone
forming a round and narrow canal in the matrix, but also
toward the endosteal surface. In these units, the onset of
bone formation appears to be delayed forming canals up to 30
times larger than common cutting cones (Robling and Stout,
1999; Schnitzler and Mesquita, 2013). Later when growth
slowdowns, these asymmetrical osteons are replaced
through remodeling by smaller symmetrical concentric
osteons (Parfitt, 1994a; Schnitzler, 2015; Schnitzler and
Mesquita, 2013).

We propose that the age-related decrease in void volume
fraction we observed might also be due to the replacement of
large drifting osteons by smaller symmetrical osteons. Our
bone samples were not evaluated by histomorphometry.
However, in the context of this study, we collected fibula
samples from a 6 years old and 16 years old boys and imaged
them using microradiography (Montagner et al., 2015). The
resulting images supported our statement and suggested a
transition from large asymmetric drifting osteons to smaller
symmetric osteons during growth at the fibula (Fig. 3). Growth
has been associated with an age-dependent decrease in
remodeling frequency. Rauch et al. indeed highlighted a fall
in the percentage of active osteons from �70% at 5 years old
to �20% at 20 years old (Rauch et al., 2007). These mechan-
isms contract the remodeling space consolidating bones
(Parfitt et al., 2000; Schnitzler et al., 2009).

In the present study, the consolidation of the cortical bone
(i.e., suggested by an increase in C33) was not only associated
with the decrease in porosity but also with an increase in the
pore pattern factor. This suggests that in growing children,
the age-related decrease in pore network connectivity also
increases stiffness in axial direction. However, as observed
for most of the variables describing pore network

microarchitecture, correlations were stronger with the elastic
coefficients corresponding to the tension-compression mode
than in shear. This may indicate that shear elasticity is more
sensitive to different parameters of cortical structure other
than porosity or material properties. Indeed, several ex vivo
studies show alterations of bone tissue structure and com-
position at the micro- and nano-scale during growth. Akkus
et al. suggested that the remaining fraction of primary
lamellar bone continues to mature as they observed an
increase in mineral particles size and an improvement in
its crystallinity between 17 and 25 years (Akkus et al., 2003).
Saito et al., described also age-related changes in average
collagen enzymatic cross-linking profile with a transition
from the immature forms to mature ones (Saito and
Marumo, 2010). All these parameters of bone quality are
known determinants of bone mechanical behavior in human
adults and in animal models (see (Bala and Seeman, 2015;
Ural and Vashishth, 2014) for reviews). Finally, it has been
shown in rats cortical bone that Young's and shear moduli
derived from ultrasounds were not determined by the same
physicochemical properties. For instance, shearing was influ-
enced by crystal size while elasticity was principally deter-
mined by apparent density (Kohles and Martinez, 2000).
Taken together, these results suggest that cortical shear and
tensile-compressive stiffness may not be similarly sensitive
to growth-related changes in microstructure and material
composition.

4.2. Pore network microarchitecture during aging

We observed an increasing void volume fraction with age. In
our experimental set up, higher pore number, not higher pore
diameter, accounted for the most of the higher void volume
fraction in older subjects. While this is consistent with some
earlier works by Kerley (1965) for instance , this seems in
contradiction with the repeated observation that most of the
age-related increase in porosity can be explained by an
increase in pore area, not in pore number (Cooper et al.,

Table 3 – Spearman correlation coefficients (r0) obtained between the different variables describing the pore network
microarchitecture and the elastic coefficients obtained by ultrasound in children/adults. n po0.05, nn po0.001, nnn po0.0001.
a: significant correlation after controlling for the contribution of the void volume fraction (Po.V/TV).

Elastic coefficients (GPa)

C11 C22 C33 C44 C55 C66

Children Adults Children Adults Children Adults Children Adults Children Adults Children Adults

Po.V/TV (%) �0.52n �0.64n �0.52n �0.71nn �0.80nnn �0.63n �0.52n �0.72nn �0.56n �0.08 �0.65n �0.13
Po.S/Po.V (1/mm) 0.40 0.69n 0.41 0.66n 0.70n 0.38 0.52n 0.56n 0.50n 0.01 0.64n 0.08
Po.N (1/mm) �0.80nnn 1 �0.21 �0.72nn,1 �0.36 �0.82nnn �0.59n �0.55n �0.67n �0.60n �0.25 �0.61n �0.12
Po.Dm (mm) �0.23 �0.67n �0.17 �0.61n �0.46n �0.30 �0.55n �0.64n �0.30 �0.15 �0.56n �0.13
Po.Dm.SD (mm) �0.35 �0.70n,1 �0.11 �0.63n �0.10 �0.41 �0.16 �0.72nn 0.02 �0.13 �0.48 �0.16
Po.Sp (mm) 0.62n,1 0.32 0.51n 0.50n 0.48n 0.71nn,1 �0.05 0.70nn 0.09 0.14 0.22 0.24
Po.Sp.SD (mm) 0.35 0.24 0.28 0.54n 0.07 0.72nn,1 �0.55n 0.76nn,1 �0.32 0.15 0.03 0.41
ConnD (1/mm3 ) �0.05 �0.31 �0.38 �0.59n,1 �0.39 �0.17 �0.06 �0.20 �0.22 0.37 �0.13 �0.07
Po.Pf (1/mm) 0.61n 0.71nn 0.63n,1 0.67n 0.88nnn,1 0.49 0.50n 0.63n 0.62n,1 0.06 0.69n �0.10

n po0.05,
nn po0.001,
nnn po0.0001
1 p o0.05 after controlling for the contribution of Po.V/TV
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2007; Perilli et al., 2015; Thomas et al., 2006). This apparent
discrepancy may be explained by the variability in the
localization of the VOIs analyzed among the studies. Indeed,
the age-related changes in void volume fraction are highly
heterogeneous in the bone cross-section and through the
thickness of the cortex (Keshawarz and Recker, 1984; Perilli
et al., 2015; Zebaze et al., 2010). A recent study by Perilli et al.
reported in human subtrochanteric cortical bone that both
higher pore number and size accounted for higher void
volume fraction in older subject in medial and lateral regions.
In the anterior region, the pore diameter, not the pore
number, was higher in older subjects compared to the
younger ones (Perilli et al., 2015). Across the cortical thick-
ness, with increasing age, bone remodeling becomes particu-
larly vigorous in the inner part of the cortex, the closest to the
medullary cavity (Zebaze et al., 2013; Zebaze et al., 2010). In
this region, pores not only enlarge focally because of the
negative balance, but also coalesce resulting in giant pores
and most likely in a local decrease in pore number. This
creates a gradient in pore size from the periosteum to the
endosteum (Bell et al., 1999; Bell et al., 2001; Chappard et al.,
2013; Zebaze et al., 2010).

In the current study, we extruded small cubical samples of
compact-appearing cortex excluding the cortico-trabecular
junction with its giant pores. In our VOIs, we propose that
age related increase in porosity principally originates from an
increase in pore number, modestly from an increase in pore
size. Indeed, the negative bone balance at the BMU level
responsible for canals enlargement is only �5%; 95% of the
bone removed by osteoclasts is refilled representing a deficit
of a few microns in regard of the osteonal wall width - a
difference unlikely to be detectable using an 8.14 mm voxel
size (Qiu et al., 2010). An increase in the number of canals in
these confined VOIs suggests an excavation of new canals.
This increase in pore number perhaps originates from

remodeling initiated upon surfaces of existing BMUs and
their branching (Maggiano et al., 2016) or within osteocytes
lacunae (Perilli et al., 2015). Indeed, many studies suggest that
osteocytes are key regulators of osteoclasts and osteoblasts
activities but also may be able to locally remodel the perila-
cunar bone matrix (Atkins and Findlay, 2012; Bonewald, 2011;
Qing et al., 2012; Teti and Zallone, 2009). However, knowing
whether new canals can emerge from, or under the control of
osteocytes activity needs further research. In addition to
increasing the cortical void volume fraction, the excavation
of new canals incidentally decreased the average separation
between them and that correlated with a lower axial elasti-
city in traction-compression mode.

It is well documented that the age-related increase in
porosity originating from alterations in intracortical remodel-
ing is detrimental for bone strength (Bala et al., 2015; Granke
et al., 2011; McCalden et al., 1993). At the tissue level (i.e.,
mesoscale), variations in cortical porosity explained from 62
to 98% of the variation in compression-tension and shear
elastic coefficients (Dong and Guo, 2004; Granke et al., 2011).
At the organ level (i.e., macroscale), variations in porosity,
explained the majority of the variation in long bones
mechanical properties in several human and animal models
(Baron et al., 2007; Bousson et al., 2006; Granke et al., 2011;
Yeni et al., 1997). However, in these studies, porosity was only
regarded as a fraction of void volume and therefore did not
provide information about the role of pore network micro-
architecture in bone mechanical behavior.

In our population, we noticed that in elderly men and
women, changes in pore separation and pore separation
intra-individual distribution were correlated with axial
tensile-compressive elasticity after accounting for void
volume fraction. This new result suggests that for a given
porosity, the way this void is fashioned in the bone volume
affects significantly bone elasticity. In addition, our results

6 yrs old 16 yrs old

0.5 mm

Tissue Mineral Density
(g/cm3)

0 0.5 1.0 1.5

Fig. 3 – Microradiographs of fibula cortical bone cored in the same quadrant from a 6 years old (left panel) and a 16 years old
(right panel) boy. White arrows highlight large asymmetric drifting osteons, dark grey arrows highlight smaller symmetric
osteons.
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also displayed that shear elastic coefficients C55 and C66 were
less sensitive to porosity and pore network microarchitecture
among adults than observed among growing children. As
bone anisotropy is influenced by material properties and
structural properties (including osteonal morphology), this
could reflect that bone anisotropy may emerge from rela-
tively different structural and compositional variables
across life.

Indeed, during growth and ageing the changes in cortical
remodeling activity, balance and their consequences on pore
network architecture are very distinct. However, with bone
tissue age as well as individual's age, matrix properties also
vary affecting tissue stiffness. During the last decade, the
study of the so-called bone quality or we should say bone
qualities has revealed that bone matrix stiffness was also a
function of bone mineralization, bone mineral characteristics
(crystallinity, maturity, carbonation), arrangement, maturity
and cross-linking profile of bone collagen fibrils, all these
properties varying with age of both the tissue and the
individual (Bala and Seeman, 2015; Malo et al., 2013). The
fact that the age-related changes in elastic coefficients are
likely multifactorial, with changing in both cortical structure
and matrix properties are likely to be the reason why the
relationships between some pore network architecture and
elastic coefficients were opposite in the present study (e.g.,
for Po.Sp.SD). Consequently, our understanding of the bio-
mechanical impacts of changes in void volume fraction
during pathology or treatments is only a partial improvement
in the prediction of bone elasticity using bone imaging and
computational modeling of the cortex may need to further
consider pore network microarchitecture and regional het-
erogeneity (Granke et al., 2011; Hellmich et al., 2004). Studying
the relative contributions of structural and material proper-
ties in age-related changes in mechanical properties will be
the very objective of our future studies.

4.3. Strengths and limitations

A strength of the study was the use of a high-resolution
imaging modality combined with relevant image processing
in assessing bone microstructure in vitro. In addition, assess-
ments were performed in site-matched samples of a long
bone in growing children and adults. This study is the first to
offer an analysis of the 3D microarchitecture of the pore
network in growing children in a long bone. Indeed, our
knowledge of growth-related changes in cortical porosity
comes from histologic studies in iliac crest samples, an
irregular and non-load-bearing bone site that rarely fractures
(Rauch et al., 2007; Schnitzler, 2015; Schnitzler and Mesquita,
2013; Schnitzler et al., 2009). In addition, elasticity has been
evaluated based on the assessment of ultrasonic bulk wave
velocities. While this method has been largely used for
investigation of bone mechanical properties, it is non-ioniz-
ing, non-destructive and provides both axial and one of the
few with Resonant Ultrasond Spectroscopy to allow the
assessment of shear elastic properties in the three principal
directions of bone (Ashman et al., 1984; Espinoza Orias et al.,
2009; Granke et al., 2011; Bernard et al., 2013; Remilleux et al.,
2015). In addition for such small dimensions, direct mechan-
ical testing are complicated to realize and interpret.

The first limitation of our study was the sample size that

precluded the analysis of the sex- and pubertal stage-related

differences in the trends we reported with age in both

children and adults groups. Bone microarchitecture is known

to vary with age with different chronologies in male and

female during bone growth or aging (Chen et al., 2010; Khosla

et al., 2006; Wang et al., 2010). The trends described in the

current paper are coherent with the known age-related

changes in bone remodeling and its balance at the BMU level,

though. Second, our analyses were performed on VOIs of

relatively small size (cubes of 2mm-sides) and consequently

were blind to the porosity gradient along the cortical thick-

ness that appears due to the trabecularization of the cortex

with ageing. Therefore, it may remain complicated to gen-

eralize those results to what happen in different ROIs.

However, despite limited to the compact-appearing cortex,

our results are relevant in regard of bone strength because

the VOIs were the farthest from the neutral axis, i.e., where

the effect of bone porosity on strength is at maximum in a

bone submitted to bending (Burr, 2010). Third, we used a

polychromatic cone-beam micro-CT device, incidentally sub-

mitted to beam-hardening. However due to the small size of

our specimens and the use of an aluminum filter that reduces

beam hardening artefact, no correction was necessary.

Fourth, it has been observed that most of the architectural

parameters are inter-correlated (Chappard et al., 2013) and

may result in multicollinearity. Unfortunately, using non

parametric statistics it was not possible to statistically eval-

uate for potential collinearity among variables. Finally, while

pediatric samples were included in our study based on the

literature's definition of ‘reference’ for this very population

(Rauch et al., 2007), we acknowledge that they were cored

following orthopedic issues and results need to be interpreted

with cautious.

5. Conclusion

In conclusion, within the limitation of a small sample size,

we infer that during both growth and ageing, changes in pore

network microarchitecture, that reflects activity and balance

of remodeling upon canals surfaces, contributes to cortical

bone stiffness. Alterations in this microarchitecture may

impact cortical bone mechanical properties independently

of the changes in the void volume fraction. While cortical

porosity is a strong determinant of bone elasticity, further

considering how this void volume fraction is fashioned will

improve our ability to predict the changes in strength asso-

ciated with pathologies and treatments.
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