
HAL Id: hal-04673966
https://hal.science/hal-04673966v1

Submitted on 20 Aug 2024

HAL is a multi-disciplinary open access archive
for the deposit and dissemination of scientific re-
search documents, whether they are published or not.
The documentsmay come from teaching and research
institutions in France or abroad, or from public or pri-
vate research centers.

L’archive ouverte pluridisciplinaireHAL, est des-
tinée au dépôt et à la diffusion de documents scien-
tifiques de niveau recherche, publiés ou non, émanant
des établissements d’enseignement et de recherche
français ou étrangers, des laboratoires publics ou
privés.

Copyright - All rights reserved

Variability of Electron and Hole Spin Qubits Due to Interface
Roughness and Charge Traps
Biel Martinez, Yann-Michel Niquet

To cite this version:
Biel Martinez, Yann-Michel Niquet. Variability of Electron and Hole Spin Qubits Due to Interface Roughness
and Charge Traps. Physical Review Applied, 2022, 17 (2), pp.024022. ⟨10.1103/physrevapplied.17.024022⟩.
⟨hal-04673966⟩

https://hal.science/hal-04673966v1
https://hal.science/licences/copyright/
https://hal.science/licences/copyright/
https://hal.archives-ouvertes.fr


PHYSICAL REVIEW APPLIED 17, 024022 (2022)
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Semiconductor spin qubits may show significant device-to-device variability in the presence of spin-
orbit coupling mechanisms. Interface roughness, charge traps, layout, or process inhomogeneities indeed
shape the real-space wave functions, and hence the spin properties. It is, therefore, necessary to under-
stand how reproducible the qubits can be, in order to assess strategies to cope with variability, and to set
constraints on the quality of materials and fabrication. Here we model the variability of single-qubit prop-
erties (Larmor and Rabi frequencies) due to disorder at the Si/SiO2 interface (roughness, charge traps) in
metal-oxide-semiconductor devices. We consider both electron qubits (with synthetic spin-orbit coupling
fields created by micromagnets) and hole qubits (with intrinsic spin-orbit coupling). We show that charge
traps are much more limiting than interface roughness, and can scatter Rabi frequencies over one order of
magnitude. We discuss the implications for the design of spin qubits and for the choice of materials.

DOI: 10.1103/PhysRevApplied.17.024022

I. INTRODUCTION

Spins in semiconductor quantum dots have emerged
as a promising platform for quantum technologies [1,2].
Silicon [3,4] and germanium [5] are particularly attrac-
tive host materials because their main isotopes are free of
nuclear spins that may interfere with the electron spins.
Record spin lifetimes have thus been measured in isotopi-
cally purified 28Si samples [6,7]. High-fidelity single- and
two-qubit gates have been reported in a variety of Si/SiO2
and Si/Ge devices [8–18], and, more recently, a four-qubit
processor has been demonstrated in germanium (with hole
spins) [19].

The spin carrier can indeed be either an electron or a
hole [19–25]. Electrons in the conduction band of silicon
and germanium undergo much weaker spin-orbit coupling
(SOC) than holes in the valence band [26–28]. Therefore,
electron spin qubits are better protected against electri-
cal noise and undesirable interactions with, e.g., phonons.
They tend to show, as a consequence, longer coherence and
relaxation times than hole “spin-orbit” qubits [29–31]. On
the other hand, electron spin qubits can hardly be manipu-
lated electrically [32] using electric dipole spin resonance
(EDSR) [33–35]. To enable EDSR, an artificial SOC can
be synthesized with micromagnets that generate a gradient
of magnetic field [8,10–14,16,17,36–38]. The real-space
motion of the electron in this gradient indeed translates into
an effective time-dependent magnetic field in the frame
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of the carrier, acting on its spin. Electrically driven spin
rotations with Rabi frequencies up to a few MHz can be
achieved that way in electron spin qubits (while tens of
MHz are typically reported for holes with intrinsic SOC).
Anyhow, introducing artificial SOC enhances the inter-
actions of the spin with noise and phonons and tends to
decrease the lifetimes of the qubits. The strength of SOC
can be controlled by confinement and strains in hole spin-
orbit qubits [39], while it is set by the micromagnet design
in electron spin qubits.

Another consequence of SOC for spin qubits is vari-
ability: the spin properties depend on the real-space wave
function, and hence on inhomogeneities on a global
scale (device-to-device variations in layout and charac-
teristic sizes, wafer scale process fluctuations), and on
a local scale (disorders such as interface roughness and
charge traps). Such short-range fluctuations are partic-
ularly annoying because they are random and cannot,
therefore, be accounted for a priori in the design. As a
consequence, each qubit must, in practice, be character-
ized individually before operating the quantum processor.
While manageable for a few qubits, this may become a
daunting bottleneck on the scale of hundreds of devices,
especially if device-to-device variations are very large and
cannot be at least partly compensated by bias adjustments
or control software.

There is evidence in the literature that present spin
qubits (with intrinsic or artificial SOC) show significant
variability [13,17,24,25,40]. While the design of these
devices is often responsible for part of this variability
(nonequivalent gate layouts for each qubit, for example),
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it is useful to understand how reproducible the qubits can
be in the presence of uncontrolled local disorder, in order to
set constraints on the quality of materials and fabrication.

The variability of metal-oxide-semiconductor (MOS)
transistors has been extensively investigated and mod-
eled [41–44], yet systematic studies on semiconductor spin
qubits are still scarce [45–48]. In this work, we specifically
model two sources of disorder at the Si/SiO2 interface,
roughness and charge traps (dangling bond Pb defects),
that are ubiquitous in MOS spin qubits. We focus on
single-qubit properties and discuss the distribution of the
Zeeman splittings (or Larmor frequencies) and of the Rabi
frequencies as a function of the strength of the disorder
(height and lateral extent of the interface-roughness fluctu-
ations, density of traps). The speed of one-qubit gates in a
quantum processor will indeed be limited by the smallest
Rabi frequencies, while the overall lifetimes can be limited
by the largest ones (since faster qubits are better coupled
to the electric field and may, therefore, be more sensitive
to noise). Also, large deviations of the individual Larmor
and Rabi frequencies will complicate the management of
rf control signals on the chip. We consider spin qubits in
one-dimensional silicon-on-insulator channels as prototyp-
ical devices but most conclusions are generic and apply to
other device layouts. We compare hole spin qubits with
intrinsic SOC and electron spin qubits with artificial SOC
and highlight the similarities and differences between the
two kinds of carriers and SOC. We show that charge dis-
order in the vicinity of the qubits is much more critical
than interface roughness, and can scatter Rabi frequencies
over more than one order of magnitude. We finally discuss
the implications for qubit lifetimes and performances, for
device design and materials, and some solutions to mitigate
variability.

The devices and methodology are introduced in Sec. II;
the results for interface roughness are presented in Sec. III,
and the results for charge traps in Sec. IV. The implications
and perspectives are discussed in Sec. V.

II. DEVICES AND METHODOLOGY

In this section, we describe the devices and the method-
ology used in this study.

A. Devices

We consider two classes of silicon devices: hole spin
qubits with intrinsic SOC and electron spin qubits with a
synthetic SOC created by micromagnets.

1. Hole devices

The hole spin qubits are similar to those of Refs. [20,
29,49] and are shown in Fig. 1(a). The devices are made
of a [110]-oriented silicon nanowire channel with width
W = 30 nm [(11̄0) facets] and height H = 10 nm [(001)

facets] on top of a 25-nm-thick buried silicon oxide and
a silicon substrate. A 30-nm-long central gate overlapping
half of the nanowire controls a quantum dot. It is insulated
from the channel by 5 nm of SiO2. Two other gates on the
left and right mimic neighboring qubits. The whole device
is embedded in Si3N4. The silicon substrate can be used
as a back gate, grounded throughout this study. The left
and right gates are also grounded, and the depth of the dot
potential is controlled by the central front gate voltage VFG.

Poisson’s equation for the single-particle potential in
the empty dots is solved with a finite-volume method
(assuming dielectric constants κSi = 11.7, κSiO2 = 3.9, and
κSi3N4 = 7.5). The ground-state Kramers pair is then com-
puted with a finite-difference six-band k · p model [49]
(assuming Luttinger parameters γ1 = 4.285, γ2 = 0.339,
γ3 = 1.446, split-off energy � = 44 meV, and Zeeman
parameter κ = −0.42 [50]). This Kramers pair splits at
finite magnetic field B and can be manipulated electrically
with a rf signal on the central gate, resonant with the Zee-
man splitting EZ between the “|⇑〉” and “|⇓〉” (pseudo)spin
states. The single qubit can hence be characterized by the
Larmor frequency fL = EZ/h, and by the Rabi frequency
fR, which quantifies the speed of the pseudospin rotations
under electrical driving. Both are computed numerically
with the g-matrix formalism of Ref. [49]. This device
operates in the “g-tensor magnetic resonance” (g-TMR)
mode [51], where the rf electric field from the central
gate essentially modulates the lateral confinement [see Fig.
1(c)], hence the principal g factors of the dot owing to the
strong, intrinsic spin-orbit coupling in the valence bands
[39,49,52]. We verify that similar conclusions are achieved
when the hole is driven as a whole along the channel by a
rf signal on the left and right gates (“iso-Zeeman EDSR
mode” [39], see Appendix E).

The Larmor and Rabi frequencies of hole qubits are
strongly dependent on the orientation of the external mag-
netic field Bext. They are computed for Bext along y + z,
which is near the optimal direction in the g-TMR mode
(see axes in Fig. 1) [39,49,52]. fL is proportional to the
amplitude Bext of the magnetic field, and fR to both Bext
and the amplitude Vrf of the driving signal δVFG(t) =
Vrf sin(2π fLt) on the central gate. Therefore, fL and fR
are normalized to reference Bext = 1 T and Vrf = 1 mV
throughout this work.

2. Electron devices

Intrinsic spin-orbit coupling is inefficient in the con-
duction band of silicon owing, in part, to the indirect
nature of the band gap [32]. Therefore, a synthetic spin-
orbit coupling must be introduced in order to allow for
the electrical manipulation of electron spin qubits. This
can be achieved by placing the qubits in a gradient of
magnetic field provided by micromagnets [8,10–12,38].
The rf electric field from the gate shakes the electron in
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VFG = −100 mV

EEDSR

VFG = −50 mV

V FG
Vrf(a)

(b)

(c)

FIG. 1. (a) Sample of the rough devices generated for this study. The silicon channel is in red, the buried oxide in green, and the
gates in gray (the 5-nm-thick gate oxide surrounding the whole channel is partly removed for clarity). The dot is controlled by the
central gate, while the substrate below the buried oxide and the side gates are grounded. The interface roughness is here characterized
by rms� = 0.4 nm and correlation length Lc = 8 nm. (b) Illustration of the micromagnets’ layout used for electron devices. The cobalt
micromagnets are in purple. The height of the micromagnets is not to scale for the sake of readability. The external magnetic field is
oriented along (a) x + y for holes, and (b) y for electrons (c) Maps of the squared ground-state hole wave function in the cross section
of the channel at VFG = −50 mV and VFG = −100 mV. The cross-section plane is outlined by the shaded pink area in (a). Vertical
motion (along z) is dominated by structural confinement in the channel with thickness H , while lateral motion (along y) is dominated
by electrical confinement by the top gate (with characteristic length scale �Ey � W). �Ey decreases with increasingly negative VFG;
therefore, a rf signal on the central gate (EDSR) drives the dot from left to right and modulates its lateral extension.

this gradient; this translates into a time-dependent mag-
netic field in the frame of the electron, which acts on its
spin. We add, therefore, two semi-infinite Co micromag-
nets 100 nm above the channel. They are 300 nm thick
and are split apart by 200 nm [Fig. 1(b)]. We assume
that the magnetic polarization J = 1.84 T of the Co mag-
nets [53] is saturated in a transverse, external magnetic
field Bext = 1 T along y. The vector potential created by
these micromagnets is calculated with a technique similar
to Refs. [54,55] (see Appendix A); and its action on the
real space and spin motions is described by an anisotropic
effective-mass model for the Z valleys (with longitudinal
mass m∗

l = 0.916m0 and transverse mass m∗
t = 0.191m0,

see Appendix B). We discard spin-valley and valley-orbit
interactions in this study. The effects of interface roughness
and steps and charge traps on the valley splitting have been
discussed, for example, in Refs. [45,46,56–60] (see further
discussion in Sec. V A).

B. Disorders and methodology

In this work, we focus on two kinds of disorder at the
Si/SiO2 interface: interface roughness and charge traps (Pb
defects). We also briefly address disorder in the micromag-
nets in Appendix D.

1. Interface roughness

Interface roughness is explicitly added in the solvers
for Poisson’s equation and for the six bands k · p or

effective-mass models. For that purpose, samples of rough-
ness are randomly generated on each facet of the wire with
a target Gaussian autocorrelation function [61]:

E[δh(R‖)δh(R‖+r‖)] = �2e−r2
‖/L

2
c , (1)

where δh(r‖) is the out-of-plane displacement of the inter-
face, R‖ and r‖ are in-plane positions, and E[·] denotes an
ensemble average. � is the rms amplitude of the rough-
ness, and Lc is a correlation length that characterizes the
lateral extent of the fluctuations. The samples are gener-
ated in Fourier space, then transformed to real space, along
the lines of Ref. [62].

In microelectronic grade devices, atomic scale TEM
images and room-temperature mobility measurements sug-
gest � in the 0.2–0.4 nm range and Lc in the 1–4
nm range [61,63–67]. However, the interface-roughness
limited mobility is typically measured at high carrier
density, and therefore probes short-length-scale fluctua-
tions, whereas spin qubits operate at low carrier density,
and are thus presumably more sensitive to longer-length-
scale fluctuations (as revealed, for example, by atomic
force microscopy [63]). We vary, therefore, Lc between
1 and 30 nm, in order to span the experimentally rele-
vant range and allow for a systematic exploration of the
trends.
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2. Charge traps

The Si/SiO2 interface separates a crystalline and an
amorphous material, and is therefore prone to be defective.
The prototype of these defects is the dangling bond (Pb)
at the interface [68–72]. Pb defects are amphoteric: they
trap electrons on shallow to deep acceptor levels in n-type
devices, and trap holes on donor levels in p-type devices.
For simplicity, we model the charged defects as negative
(−e) point charges at the interface in electron spin qubits,
and as positive (+e) point charges in hole spin qubits,
with densities ni ranging from 1010 to 1011 cm−2. These
densities are, again, typical of microelectronic grade inter-
faces [73–76]. Our point-charge model neglects the finite
extension of the bound charge density around the defects;
however, this is not very relevant as the majority of carri-
ers in the dots get repelled by a charged Pb, and, therefore,
do not probe the Coulomb singularity much.

3. Methodology

The Larmor and Rabi frequencies are collected on sets
on N ≥ 500 random samples of disorder (either interface
roughness or charge traps) [77]. Then the average Larmor
or Rabi frequency f , and its standard deviation σ(f ) are
estimated as [78]

f = 1
N

N∑

i=1

fi, (2a)

σ(f ) =
[

1
N − 1

N∑

i=1

(
fi − f

)2

]1/2

, (2b)

where the fi are the sampled frequencies. We characterize
the variability by the relative standard deviation (RSD):

σ̃ (f ) = σ(f )/f , (3)

and by the interquartile range (IQR):

�f50 = ˆf (0.75)− ˆf (0.25), (4)

where ˆf (α) is the frequency such that a proportion α

of the devices have fi < ˆf (α). Therefore, 50% of the
qubits lie within the IQR. Confidence intervals on f , σ̃ (f )
and the IQR are estimated using a percentile bootstrap
(resampling) method [79].

III. INTERFACE ROUGHNESS

A. Holes

The RSD σ̃ (fR) of the Rabi frequency and the RSD
σ̃ (fL) of the Larmor frequency of rough hole qubits are
plotted as a function of Lc for different � and front-
gate voltages VFG in Fig. 2(a). They are normalized with

VFG = −50 mV VFG = −75 mV VFG = −100 mV 

= 0.3 nm = 0.2 nm= 0.4 nm

(a)

(b)

FIG. 2. (a) RSD σ̃ (fR) of the Rabi frequency and RSD σ̃ (fL) of
the Larmor frequency of rough hole qubits as a function of Lc for
different� and gate voltages VFG. The error bars outline the 95%
confidence interval. (b) Distribution of the rough hole devices in
the (fL, fR) plane for different � and Lc at VFG = −50 mV. Each
green point is a particular realization of the interface-roughness
disorder. The orange dashed line is the pristine device frequen-
cies as a function of VFG (crosses by steps of 10 mV, increasingly
negative from top right to down left, with the orange point at
VFG = −50 mV).

respect to the average Rabi frequency fR 	 f 0
R and aver-

age Larmor frequency fL 	 f 0
L , which are very close to the

Rabi frequency f 0
R and Larmor frequency f 0

L of the pris-
tine device given in Table I. The interquartile ranges are
IQR(fR) 	 4σ(fR)/3 and IQR(fL) 	 4σ(fL)/3, as expected
for quasinormal distributions.

The interface roughness primarily modulates the thick-
ness of the channel. This alters the shape of the hole
envelopes, and hence the dipole or momentum matrix
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TABLE I. Larmor frequency f 0
L and Rabi frequency f 0

R of the
pristine hole devices, computed at Bext = 1 T along y + z, and
Vrf = 1 mV. The confinement length �0

y =
√

〈y2〉 − 〈y〉2 is also
given (see Sec. III C).

VFG (mV) f 0
L (GHz) f 0

R (MHz) �0
y (nm)

−50 40.46 128.47 3.28
−75 37.62 84.00 2.71
−100 36.06 56.19 2.38

elements relevant for the Larmor and Rabi frequencies
[39]. This is further analyzed in Sec. III C.

On the one hand, the variability increases, as expected,
with the rms amplitude � of the interface-roughness fluc-
tuations (almost linearly in this range). On the other
hand, the variability shows a nonmonotonic behavior with
respect to the correlation length Lc of the fluctuations, and
peaks near Lc = 10 nm. Indeed, fluctuations with length
scales much shorter than the characteristic size of the dot
tend to be averaged out and have little effect on the enve-
lope functions of the holes. On the opposite, the interfaces
become flat again on the scale of the dot when Lc is much
greater than the gate dimensions. Yet the variability does
not tend to zero when Lc → ∞: in fact, the thickness and
width of the channel can still vary from device to device
(with rms

√
2�) as top-down, left-right interface fluctua-

tions are uncorrelated. The variability is maximal when the
length scale of the fluctuations is comparable with the size
of the dot (see Sec. III C).

As the front-gate voltage is made further negative, the
dot gets squeezed on the side of the channel by the lat-
eral electric field Ey [see Fig. 1(c) and Table I] [49,52]. In
this regime, the electric confinement length shall prevail
over the characteristic scales of disorder on the top and
bottom facets of the channel. The absolute standard devia-
tions σ(fL) and σ(fR), are, therefore, expected to decrease.
However, f 0

R also decreases continuously with increasingly
negative VFG because the strongly confined dot can hardly
be shaken anymore by the rf electric field [39,52]. As a
consequence, the RSD σ̃ (fR) shows a rather weak scaling
with VFG. The RSD σ̃ (fL) exhibits an even weaker scal-
ing even though the Larmor frequency f 0

L remains finite at
large negative VFG. As discussed in Ref. III C, this results
from the increasing role of the disorder on the side facets.

For a rms � = 0.3 nm, σ̃ (fL) can be as large as 8%,
and σ̃ (fR) as large as 20% (VFG = −50 mV). The distribu-
tion of devices in the (fL, fR) plane is plotted in Fig. 2(b).
There are no clear correlations between the deviations of
Larmor and Rabi frequencies. The [fL(VFG), fR(VFG)] line
of the pristine device is also reported on this figure. It out-
lines the average electrical tunability of the Larmor and
Rabi frequencies. The deviations of Larmor frequencies
must, in particular, be correctable if one wishes to address
all qubits at a well-defined rf frequency. The extent of bias

corrections is, however, limited by the stability diagram
of the device. Assuming a charging energy U 	 10 meV
typical for these qubits, the range of gate voltage giving
rise to chemical potential shifts |δμ| < U/2 in the dot is
only |δVFG| � 10 meV. This limitation can nonetheless be
overcome if interdot tunneling can be cut down sufficiently
during single-qubit operations. The deviations of Rabi fre-
quencies may also be corrected by tuning the driving rf
power for each qubit. This is further discussed in Sec. V.

B. Electrons

The data for electron qubits are shown in Fig. 3.
First of all, the Rabi frequencies of the pristine elec-

tron qubits (Table II, in the MHz range) are much smaller
than the Rabi frequencies of the pristine hole qubits (Table
I, in the tens of MHz range). These ranges are consis-
tent with the Rabi frequencies measured in electron and
hole spin qubits with different layouts [10,13,17,20,22,24].
Intrinsic spin-orbit coupling in the valence band is indeed,
much more efficient than synthetic spin-orbit coupling in
the conduction band. As a consequence, fast electrical
driving calls for much larger real-space motion (larger
electric dipoles) in electron than in hole qubits, hence
for larger and shallower dots. For the sake of consis-
tency, we nonetheless compare electron and hole qubits
with the same topology and structural dimensions here.
Alternatively, the Rabi frequencies may be increased using
stronger micromagnets or bringing them closer to the
qubits, when technologically feasible.

The variability of Larmor frequencies is as low as
0.05%, but increases monotonously and saturates at large
Lc. It results from the vertical displacement of the dot as
a whole in the gradient of magnetic field, induced by the
interface roughness (see discussion in the next section).

The trends for the Rabi frequencies are the same as in
hole qubits. The dependence of σ̃ (fR) on gate voltage is
slightly stronger for electrons than for holes; yet variabil-
ity remains much smaller in electron qubits [σ̃ (fR) < 5% at
� = 0.3 nm and VFG = 50 mV]. We emphasize, though,
that electron qubits are subject to additional sources of
variability (e.g., alignment and homogeneity of the micro-
magnets [48,80]) that are discussed in Sec. V A.

TABLE II. Larmor frequency f 0
L and Rabi frequency f 0

R of the
pristine electron devices, computed at Bext = 1 T along y and
Vrf = 1 mV. The confinement length �0

y =
√

〈y2〉 − 〈y〉2 is also
given (see Sec. III C).

VFG (mV) f 0
L (GHz) f 0

R (MHz) �0
y (nm)

25 35.837 3.20 5.20
50 35.845 2.22 4.69
75 35.853 1.48 4.21
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VFG = 25 mV VFG = 50 mV VFG = 75 mV 

= 0.3 nm = 0.2 nm= 0.4 nm

(a)

(b)

FIG. 3. (a) RSD σ̃ (fR) of the Rabi frequency and RSD σ̃ (fL)
of the Larmor frequency of rough electron qubits as a function
of Lc for different � and gate voltages VFG. They are normalized
with respect to the average Rabi frequency fR 	 f 0

R and average
Larmor frequency fL 	 f 0

L given in Table II. The error bars out-
line the 95% confidence interval. (b) Distribution of the rough
electron devices in the (fL, fR) plane for different � and Lc at
VFG = 50 mV. Each blue point is a particular realization of the
interface-roughness disorder. The orange dashed line is the pris-
tine device frequencies as a function of VFG (crosses by steps of
10 mV, increasing from top to down, with the orange point at
VFG = 50 mV).

We analyze below the mechanisms responsible for vari-
ability and the differences between electron and hole
qubits.

C. Mechanisms responsible for the variability

The electrons and holes are confined in the cross section
of the channel by the vertical component Ez and the
lateral component Ey of the electric field from the

central gate. The strength of this electric field can, there-
fore, be characterized by the electric confinement lengths
�Ez = [�2/(2m∗

⊥eEz)]1/3 and �Ey = [�2/(2m∗
‖eEy)]1/3, where

m∗
⊥ is the vertical confinement mass along [001], and m∗

‖
the in-plane mass [39]. In the regimes explored in this
work, �Ez � H while �Ey � W: the vertical confinement is
dominated by the structure, while the in-plane confinement
is dominated by the electric field [see Fig. 1(c)].

When H � �Ez , the interface roughness on the main top
and bottom facets essentially modulates the thickness H
of the channel and the associated structural confinement
energy E⊥ = �2π2/(2m∗

⊥H 2). Therefore, in a single-band
model, long wavelength thickness fluctuations of δH(x, y)
translate into a potential

W(x, y) ≈ δH(x, y)
∂E⊥
∂H

≈ −δH(x, y)
�2π2

m∗
⊥H 3 (5)

for the motion in the weakly confined (x-y) plane [81–83].
In the opposite limit �Ez � H , W(x, y) ≈ −eEzδzt(x, y)
would be dominated by the fluctuations of the position
zt(x, y) of the top interface in the vertical electric field. This
regime is, however, more relevant for the iso-Zeeman driv-
ing mode of the holes (whose optimum is at strong field),
and for the contribution of the side facets (whose role is
discussed below).

The dot essentially oscillates along y when the driv-
ing rf signal is applied to the central gate because the
electric dipole is small along the strong confinement
axis z. The model for the electron qubits developed in
Appendix B shows that the Rabi frequency of the electrons
is then proportional to (∂Bz/∂y)× (∂〈y〉/∂VFG), where
〈y〉 = 〈ψ |y|ψ〉 is the expectation value of the in-plane y
coordinate in the ground state |ψ〉 at zero magnetic field.
The interface roughness shapes the envelope function of
the electron in the (x-y) plane and hence the electrical
response ∂〈y〉/∂VFG of the dot.

In the simplest models for the dot (hard-wall or har-
monic confinement potential with homogeneous electric
field along y [39,52]), a dimensional analysis of the per-
turbation series for 〈y〉(Vg) suggests that ∂〈y〉/∂VFG ∝ �4

y ,
where �y =

√
〈y2〉 − 〈y〉2 is the extension of the dot along

y: the stronger the confinement, the weaker the electri-
cal response. Although the disordered potential considered
here is rather complex, we can still expect correlations
between the lateral size of the dot and the Rabi frequency.

In order to highlight such correlations, we plot the Rabi
frequency fR of the electron qubits as a function of the
extensions �x =

√
〈x2〉 − 〈x〉2, �y , and �z =

√
〈z2〉 − 〈z〉2

of the ground state in Fig. 4(a) (VFG = 50 mV, � = 0.4
nm, Lc = 10 nm). The correlation coefficient ρ between
the abscissas (X = �x, �y , or �z) and the ordinates (Y = fR),
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Electrons

Holes

0.08 0.67 −0.21

−0.350.250.20

−0.95 0.52

0.93

−0.610.34

−0.13

− 0.09 0.80 −0.34

(a)

(b)

FIG. 4. (a) Correlations between the Rabi frequency fR of the
electron qubits and the extension �x, �y , and �z of the dots
along the x, y, and z axes, respectively. Each point is a partic-
ular realization of interface-roughness disorder with� = 0.4 nm
and Lc = 10 nm (VFG = 50 mV). The orange dot is the pris-
tine device. The correlation coefficient ρ [Eq. (6)] between the
abscissas and ordinates is given in each panel. The dashed orange
line δfR/f 0

R = 4δ�y/�
0
y is a guide to the eye for the discussion of

Sec. III C. (b) Same for hole qubits: correlations between the
Rabi frequency fR, the Larmor frequency fL, the gyromagnetic
factors gy and gz , and the extension of the dots �x, �y , and �z
(VFG = −50 mV). The dashed orange line δfR/f 0

R = 3δ�y/�
0
y is

a guide to the eye.

defined as

ρ = 1
σ(X )σ (Y)

E
[
(X − X )(Y − Y)

]
,

≡ 1
σ(X )σ (Y)(N − 1)

N∑

i=1

(Xi − X )(Yi − Y), (6)

is reported in each panel (ρ = 0 for uncorrelated and
|ρ| → 1 for linearly correlated X and Y). The correlations
are much more significant between fR and �y than between
fR and �x or �z, and follow approximately the relation
δfR/f 0

R ≈ 4δ�y/�
0
y expected from the ∝ �4

y dependence of

Holes

Electrons

FIG. 5. Dependence of the RSD σ̃ (fR) of the Rabi frequency of
electrons and hole qubits on the channel thickness H (interface-
roughness disorder with � = 0.4 nm and Lc = 10 nm; VFG =
+50 mV for electrons and VFG = −50 mV for holes). The dashed
lines are ∝ 1/H 3 extrapolations from H = 6 nm.

∂〈y〉/∂VFG (with δfR = fR − f 0
R , δ�y = �y − �0

y , and �0
y the

extension of the ground state in the pristine device). This
supports the conclusion that the Rabi frequency is primar-
ily modulated by the distortions of the dot along y induced
by the interface roughness. Note that the distribution of �z
is skewed towards large �z > �0

z , as the electron tends to
localize in the thickest parts of the channel [84].

A simple analytical model for variability in a parabolic
in-plane confinement potential, based on first-order per-
turbation theory, is discussed in Appendix C. This model
explains most trends outlined above, even though con-
finement is highly anharmonic in the present devices. It
confirms, in particular, that σ̃ (fR) ∝ �/(m∗

⊥H 3) in rough
films with thickness H � �Ez , as evidenced by Fig. 5. It
also highlights that σ̃ (fR) increases, in general, with the in-
plane mass m∗

‖: the heavier the particles, the stronger they
localize in the disorder. Finally, this model shows that the
variability peaks when Lc ≈ 2�0

y : fluctuations with wave-
lengths comparable to the size of the dot are expected to
have the largest impact on its shape. The data of Fig. 3 peak
at a slightly larger Lc, owing, likely, to the anharmonicity
of the in-plane confinement.

The analysis is more intricate for holes. The model of
Ref. [39] suggests that the Rabi frequency of the holes
is inversely proportional to the gap �LH ∝ 1/H 2 between
the heavy- and light-hole sub-bands, and proportional to
�αy , where α can range from 1 (W � �Ey ) to 4 (W � �Ey ).
This behavior essentially results from the fact that fR ∝
∂〈k2

y 〉/∂VFG instead of ∝ ∂〈y〉/∂VFG, where ky = −i∂/∂y
and the expectation value is computed for the ground-
state heavy-hole envelope function. We may, therefore,
expect correlations between fR and �y and/or �z. Figure 4(b)
actually shows stronger correlations with �y (δfR/f 0

R ≈
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3δ�y/�
0
y) than with �z. The variability of the Rabi fre-

quency is still, therefore, dominated by fluctuations of the
in-plane size of the dot (at least for Lc < 20 nm).

As for the Larmor frequency of electrons, δfL = fL − f 0
L

depends on the position of the dot in the inhomogeneous
field of the micromagnets. The largest components of the
gradient are ∂Bz/∂y = ∂By/∂z (see Appendix A), but only
the latter gives rise to first-order variations of the Lar-
mor frequency in a static magnetic field along y (while the
former is responsible for the Rabi oscillations). As a con-
sequence, the Larmor frequency correlates with 〈z〉 instead
of �y . The spread of 〈z〉 is expected to grow monotonously
with increasing Lc; when Lc → ∞, the roughness profile
becomes flat again on the scale of the dot so that

〈z〉 ≈ 1
2
(zb + zt) , (7)

where zb and zt are the positions of the bottom and
top interfaces. As σ [(zb + zt)/2] = �/

√
2 (the interfaces

being uncorrelated),

σ̃ (fL) → 1
By

∂By

∂z
�√

2
, (8)

where By is the total (external and micromagnets) field
along y at the center of the channel. In the present layout,
σ̃ (fL) remains small because the inhomogeneous compo-
nent of the magnetic field �× ∂By/∂z is much lower than
the external magnetic field Bext = 1 T.

For holes, the heavy-hole ground state gets mixed with
a light-hole component by the electric field Ey [49], due to
the competition between vertical (mostly structural) con-
finement along z and lateral (electric) confinement along
y. As a consequence, the gyromagnetic factor gz decreases
while gy increases with decreasing �y and increasing
�z [see Fig. 4(b)] [39]. Both gy and gz show in fact
stronger correlations with �y than with �z because the
system is more polarizable along y than along z. The
Larmor frequency fL 	 μBBext

√
(g2

y + g2
z )/2 is, therefore,

also expected to show dominant correlations with �y , even
though the variations of gy and gz do partly cancel. The
correlations between fL and �y are, actually, further blurred
by the fact that y and z are not principal axes of the g ten-
sor anymore in rough channels, as the coupling between in-
and out-of-plane motions introduces an extra off-diagonal
gyz factor in the above expression for fL [85]. Finally, the
balance between vertical and lateral confinement is also
controlled by interface roughness on the lateral facets of
the channel, which play an increasing role when decreas-
ing VFG < 0; this partly explains why σ̃ (fL) [and to a lesser
extent σ̃ (fR)] shows little dependence on VFG at least in the
investigated bias range.

The variability due to interface roughness is signif-
icantly larger in hole than in electron qubits (also see

Fig. 5). For the Larmor frequencies, this results from
the dependence of the g factors of holes on the con-
finement discussed above. For the Rabi frequencies, this
mostly results from the different electron and hole effective
masses. Indeed, the in-plane mass of electrons and holes
are similar (m∗

‖ 	 0.2m0), but the confinement mass m∗
⊥

are different: m∗
⊥ = m∗

l = 0.916m0 for electrons and m∗
⊥ =

m0/(γ1 − 2γ2) = 0.277m0 for heavy holes. According to
Eq. (5), the interface roughness has, therefore, stronger
impact on the hole than on the electron qubits when H �
�Ez (vertical confinement dominated by the structure). This
may not be the case, however, in thicker channels operat-
ing in the �Ez � H limit (vertical confinement dominated
by the electric field).

IV. CHARGE TRAPS

A. Holes

The average Rabi frequency fR, the average Larmor fre-
quency fL, and the RSDs σ̃ (fR) and σ̃ (fL) of the hole qubits
are plotted as a function of the density of charge traps
ni in Fig. 6(a). The distribution of the Larmor and Rabi
frequencies of the qubits is plotted in Fig. 6(b) for ni =
5 × 1010 cm−2 and VFG = −50 mV. Each point represents
a particular realization of five unit charges in the whole
device of Fig. 1(a). The reference data f 0′

L and f 0′
R for the

pristine device are recomputed with a homogeneous den-
sity of charges σ = nie at the Si/SiO2 interface (in order to
capture the average electrostatic effect of the defects), and
do therefore differ from those for interface roughness.

The data are much scattered, the Rabi-frequency span-
ning, in particular, more than one order of magnitude. The
distribution of Rabi frequencies is non-normal at large
σ̃ (fR), so that we add the first and third quartiles of this
distribution on Fig. 6(a) as an extra measure of the vari-
ability (25% of the devices lie below, 25% above, and 50%
within the shaded areas). There are also a few strong out-
liers with Rabi frequencies > 500 MHz that are removed
from the statistics [86]. The envelope functions are, indeed,
strongly shifted and distorted by the disorder, especially
along the channel (the weakest confinement axis), as illus-
trated in Fig. 7(c). These real-space distortions give rise
to large fluctuations of fL and fR owing to the strong spin-
orbit coupling in the valence band. The displacements of
the dots along the channel will also complicate the man-
agement of the exchange interactions between neighboring
dots.

Remarkably, and in contrast with interface roughness,
the charge traps directly modulate the lateral (rather than
vertical) confinement, because the hole gets excluded from
the whole thickness of the film in the vicinity of a defect
[σ(�z) = 0.01 Å at ni = 5 × 1010 cm−2 and VFG = −50
meV, while σ(�z) = 0.6 Å on Fig. 4(b)]. As a consequence,
y and z remain good principal axes of the g tensor, so
that fL shows significant correlations with �y despite partial
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VFG = −50 mV

VFG = −75 mV

VFG = −100 mV

(a)

(b)

FIG. 6. (a) Average fR and RSD σ̃ (fR) of the Rabi frequency
of hole qubits as a function of the density of charge traps ni at the
Si/SiO2 interface, for different VFG; average fL and RSD σ̃ (fL)
of the Larmor frequency of the same hole qubits. The error bars
are the 95% confidence intervals. The first and third quartiles of
the distribution of devices are also displayed as a shaded area
for each VFG; 25% of the devices lie below, 25% above, and 50%
within this shaded area. (b) Distribution of the hole devices in the
(fL, fR) plane at ni = 5 × 1010 cm−2 and VFG = −50 mV. Each
green point is a particular realization of the charge disorder. The
orange point is the pristine device (recomputed with a homoge-
neous density of charges at the Si/SiO2 interface), and the purple
star the disordered device of Fig. 7(b).

cancellations between the variations of gy and gz (Fig. 8).
The deviations of the Larmor and Rabi frequencies are,
therefore, both primarily dependent on �y and are broadly
correlated (Fig. 6). In general, the charge traps, which repel
the holes, squeeze the dots and hinder their motion, so
that the average Rabi frequency decreases with increasing
ni. As a matter of fact, �y = 2.66 nm on Fig. 8, which is
smaller than �0

y = 3.28 nm in the pristine, traps-free device
(Table I), but larger than �0′

y = 2.47 nm in the reference
device with a homogeneous distribution of charges at the
Si/SiO2 interface (orange point in Figs. 6–8). In the same
way, the average fR = 88.8 MHz is larger than the Rabi
frequency f 0′

R = 62.8 MHz in that reference device, which

(a)

(b)

(c)

FIG. 7. Iso-density surface of the squared ground-state wave
function of (a) the pristine hole device [orange point of Figs. 6(b)
and 8] and (b) a disordered device [purple star of Figs. 6(b) and 8]
at ni = 5 × 1010 cm−2 and VFG = −50 mV. (c) Distribution of
the average position of the ground state (〈x〉, 〈y〉) for different
realizations of the charge disorder at ni = 5 × 1010 cm−2 and
VFG = −50 mV. The orange point and purple star are the devices
of (a),(b).

outlines the nonlinear response of the spins to nearby traps
(they are indeed expected equal in a first-order perturbation
theory such as Appendix C). The highest Rabi frequencies
typically result from the the formation of strongly coupled
multiple dots below the gate, allowing for large charge
oscillations under electrical driving.
σ̃ (fR) decreases with decreasing ni, but remains signifi-

cant down to ni = 1010 cm−2 [only one charge trap in the
whole device of Fig. 1(a)]. Indeed, a single stray defect
can have a sizable effect of the nearby qubit(s), as shown
in Appendix E. As discussed in Appendix C, the scat-
tering strength of the charged traps is expected to scale
as

√
ni within first-order perturbation theory; σ̃ (fR) actu-

ally increases faster than
√

ni, but slower than ni. This is
presumably due to the facts that fR also decreases with
increasing ni, and that σ(fR) is dominated by the Pb defects
very near or in the dot, to which the response is nonlinear.
σ̃ (fL) tends to saturate at large ni due to a complex inter-
play between the variations of the g factors gy and gz of
the strongly distorted dots.
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0.62 0.97

− 0.970.98

FIG. 8. Correlations between the Rabi frequency fR, the Lar-
mor frequency fL, the gyromagnetic factors gy and gz of the hole
qubits and the extension �y of the dots along y. Each point is a
particular realization of charge disorder at ni = 5 × 1010 cm−2

and VFG = −50 mV. The orange point is the pristine device, and
the purple star the disordered device of Fig. 7(b). The correla-
tion coefficient ρ [Eq. (6)] between the abscissas and ordinates is
given in each panel. The dashed orange line δfR/f 0′

R = 3δ�y/�
0′
y

is a guide to the eye.

B. Electrons

The data for electrons are shown in Fig. 9. We remind
that Pb defects are amphoteric, and therefore repel elec-
trons in n-type devices (as they do repel holes in p-type
devices) once charged. The variability of the Larmor fre-
quency is much smaller for electrons than for holes for
the same reasons as for interface roughness (weak depen-
dence of By on vertical confinement). The average Larmor
frequency fL slightly increases with increasing ni as the
electron tends to move upward in the channel (the charged
defects being less screened by the gate on the bottom
than on the top interface). The variability of the Rabi fre-
quency is, nonetheless, as large as for holes, especially
at the highest trap densities. The potential of the charge
traps is, indeed, the same for electrons and holes, in con-
trast with the effective potential for interface roughness,
which depends on the confinement mass of the carriers
[Eq. (5)]. Also, this potential is expected to have similar
effects on the in-plane motion of electrons and holes, since
the in-plane mass m∗

‖ 	 0.2m0 of both carriers is compara-
ble [87]. The Rabi frequency of electrons remains largely
correlated to �y , except for some specific trap configura-
tions where the dot is strongly displaced or squeezed, or,
on the opposite, where coupled dots form under the gate as
a result of the disorder.

The charge disorder variability of the Larmor and Rabi
frequencies of both electron and hole qubits shows only a
weak dependence on the channel thickness H .

(a)

(b)

VFG = 75 mV

VFG = 50 mV

VFG = 25 mV

FIG. 9. (a) Average fR and RSD σ̃ (fR) of the Rabi frequency
of electron qubits as a function of the density of charge traps ni
at the Si/SiO2 interface, for different VFG; average fL and RSD
σ̃ (fL) of the Larmor frequency of the same electron qubits. The
error bars are the 95% confidence intervals. The first and third
quartiles of the distribution of devices are also displayed as a
shaded area; 25% of the devices lie below, 25% above, and 50%
within this shaded area. (b) Distribution of the electron devices in
the (fL, fR) plane at ni = 5 × 1010 cm−2 and VFG = 50 mV. Each
blue point is a particular realization of the charge disorder. The
orange point is the pristine device.

V. DISCUSSIONS

We now outline the implications of the above results
and possible strategies to mitigate disorder. We discuss,
in particular, the relations between the variability of the
Rabi frequencies and of the qubit lifetimes (T1, T2), and
the consequences for multiqubit systems.

A. Sensitivity to disorder

Spin-orbit qubits are sensitive to disorder. This is the
price to pay for the possibility to manipulate the spins
electrically. Unless material and device engineering can
mitigate the disorder, each individual qubit needs to be
characterized separately in order to account for its own
“personality.” On the other hand, the same spin-electric
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coupling provides opportunities to tune the qubits and
partly correct for device-to-device deviations. This, of
course, requires that the spread of characteristics is man-
ageable, and that the qubits remain functional and can be
coupled together.

In this respect, charge traps are much more critical than
interface roughness. This is reminiscent of the behavior
of classical field effect transistors. Indeed, a spin qubit at
a Si/SiO2 interface is in essence a field-effect transistor
operating in the low electric field and low carrier-density
range; the carrier mobility is well known to be primar-
ily limited by the (unscreened) Coulomb disorder in this
regime [62,64,65]. Disorder is an even stronger concern for
qubits as the relevant energy scales are typically in the sub-
meV range (as compared to the kT or source-drain voltage
range for classical transport) while fluctuations are in the
few meV range.

We would like to draw attention to the fact that electron
spin qubits are subject to additional sources of variabil-
ity not accounted for in this work. First, spin-valley-orbit
coupling (SVOC) is neglected in the present effective-
mass approximation. Interface roughness is known to be
responsible for a significant variability of the valley split-
ting and spin-valley mixing, as discussed, for example,
in Refs. [45,56]. This is not expected to have a strong
impact on the Rabi frequencies (the dipole matrix ele-
ments between valley states being small along the main
direction y of the EDSR motion), unless the valley and
Zeeman splittings are close enough to allow for intrinsic
SVOC-driven Rabi oscillations [32,45]. However, SVOC
may slightly lower the g factor of electrons (by up to a
few hundredths) [88–91]; device-to-device fluctuations of
the g factor δg = 0.005 would give rise to variations of
the Larmor frequency δfL = 70 MHz at a net field B = 1
T. Such fluctuations are on the scale or even larger than
those reported in Figs. 3 and 9. Achieving robust and con-
trollable valley splitting is actually a key to the realization
of well-defined two-level systems for spin manipulation
and readout. Also, the electron spin qubits may be sen-
sitive to local inhomogeneities (roughness, variations of
the magnetic polarization. . . ) and global misalignment
(misplacement and misorientation) of the micromagnets
[48,80]. These disorders, which are specific of extrinsic
spin-orbit coupling, are addressed in Appendix D.

As pointed out in Sec. II, we may attempt to drive
the hole devices with the two side gates on the left and
right of the dot (the present micromagnets’ layout is not
suitable for that purpose in the electron qubits). The dot
then essentially moves as a whole along the channel axis
x. As discussed in Ref. [39], the Rabi frequency in this
“iso-Zeeman” mode is proportional to �4

x . The situation is
not, therefore, expected to be more favorable: the channel
axis being typically the direction of weakest confinement,
�x shows strong device-to-device variations (as evidenced
in Figs. 4 and 7). This conclusion is supported by

numerical simulations showing comparable or even larger
Rabi-frequency variability in this driving mode (see
Appendix E). As a matter of fact, these simulations also
show the emergence of a significant g-TMR contribution
on top of the original iso-Zeeman one, the disorder giv-
ing rise to sizable modulations of the gyromagnetic factors
under driving.

Finally, we would like to emphasize that the present
data are collected at fixed gate voltage. We may, alterna-
tively, collect data at fixed chemical potential μ in the dot
(fixed ground-state energy), with the prospect of reduc-
ing the variability (because μ shall also correlate with the
extension of the ground-state wave function). This is more-
over closer to the experimental situation when the dots
remain connected to reservoirs of particles while being
operated. The computational procedure is, however, more
complex and time consuming, as the bias must be corrected
for each disordered device in order to achieve the target
chemical potential. Yet our attempts for interface rough-
ness and charge traps did not show any clear improvement
of the variability. As a matter of fact, even in a separa-
ble three-dimensional model, working at fixed chemical
potential does not ensure that the x, y, z motion energies
are all preserved (only their sum is). As suggested above,
the variability can indeed be partly compensated by bias
adjustments, however aimed at correcting, e.g., the exten-
sion along y or the position along z, and not the total energy
of the dot. Such bias corrections may nonetheless be lim-
ited by the stability diagram of the devices. To be more
specific, the Larmor frequency of 46% of the rough hole
qubits, and of 55% of the hole quits with charged traps
can be matched to the pristine device with bias corrections
|�VFG| ≤ 20 mV (VFG = −50 mV; � = 0.4 nm, Lc = 10
nm; ni = 5 × 1010 cm−2). This |�VFG| = 20 mV is how-
ever already about twice the typical charging energy and
therefore calls for tight control over the barriers to pre-
vent interdot tunneling. The situation is not much better
for electrons despite the smaller variability of the Larmor
frequency, as the Stark effect (electrical tunability of fL) is
much weaker than for holes.

B. Relations with qubit lifetimes

The disorder will also give rise to variability in the
qubit relaxation time T1 and dephasing time T∗

2. This can
have detrimental consequences on the performances of a
multiqubit processor.

First, we expect as a general trend that the devices
with the largest Rabi frequencies also show the short-
est relaxation times T1. Indeed, 
1 = 1/T1 ∝ ∑

f n
L |M1|2

in the Fermi golden rule or Bloch-Redfield approxima-
tion, where the exponent n depends on the relaxation
mechanism (n = 1 for Johnson-Nyquist noise, n = 3 to
5 for phonons [29,92–94]), and M1 ≡ 〈⇑|M1|⇓〉 is the
matrix element of an operator M1 that describes some
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spin-electric coupling. M1 can, therefore, be expected to
scale with fR (which is also such a transverse spin-electric
coupling matrix element).

The pure dephasing rate is, likewise, 
∗
2 = 1/T∗

2 ∝∑ |M2|m, where M2 ≡ 〈⇑|M2|⇑〉 − 〈⇓|M2|⇓〉 for some
coupling operator M2, m = 2 for regular noise (Bloch-
Redfield approximation) and m = 1 for quasistatic 1/f
noise [92]. Although the relations between the longitudinal
matrix elements involved in 
∗

2 and the transverse matrix
elements involved in fR and 
1 is far from obvious, we
can still expect that devices with stronger spin-electric cou-
pling show, on average, larger fR, 
1, and 
∗

2 , unless some
sweet spot has been found. Some Pb defects themselves
may be a source of 1/f noise if their charge trapping and
detrapping or structural rearrangement times are shorter
than the duration of an experiment [95]. This problem
goes, however, beyond the scope of the present work.

We illustrate these trends on the relaxation time T1 and
on the pure dephasing time T∗

2 of holes. The phonon-
limited 
1 is calculated along the lines of Ref. [29]. As for

∗

2 , we assume a quasistatic 1/f noise with finite band-
width whose action on the qubit can be modeled as an
effective fluctuation δVFG(t) of the gate voltage with rms
amplitude δVFG,rms. Then [96],


∗
2 = 1√

2�
e|〈⇑|D|⇑〉 − 〈⇓|D|⇓〉|δVFG,rms, (9)

where D(r) is the derivative of the total potential V(r) in
the device with respect to the gate voltage VFG. We set
δVFG,rms = 5 μV as an illustration. Note that for such a
1/f noise the coherence decays as exp[−(t/T∗

2)
2] instead

of exp[−t/T∗
2].

The distribution of Rabi frequencies fR and relaxation
rates 
1 is plotted in Fig. 10(a) for interface-roughness
disorder (� = 0.4 nm, Lc = 10 nm). The corresponding
data for 
∗

2 are plotted in Fig. 10(c). They are computed
at Bext = 1 T along y + z (
1 scales as B5

ext [29] and 
∗
2 as

Bext). As hinted above, the larger the Rabi frequency, the
larger 
1 (and, to a much lesser extent, 
∗

2 ) tends to be.
There is, nonetheless, a significant spread of the single-
qubit quality factors Q1 = 2fR × T1 and Q∗

2 = 2fR × T∗
2

(number of π rotations that can be achieved within T1 or
T∗

2), as shown in Figs. 10(b) and 10(d).
In an ensemble of qubits, the relevant figure of merit

for relaxation is, however, Q̂1 = 2 min(fR)× min(T1). It
is limited by the slowest and by the shortest-lived qubits,
which are in principle different. Assuming 
1 ∝ (fR/f 0

R )
α ,

we can give an estimate for Q̂1:

Q̂1 ≈ Q0
1

min(fR)/f 0
R[

max(fR)/f 0
R

]α , (10)

where Q0
1 is the quality factor of the pristine device. A

similar expression can be obtained for Q̂∗
2 = 2 min(fR)×

(a) (b)

(c) (d)

FIG. 10. (a) Distribution of the rough hole devices in the
(fR,
1) plane (� = 0.4 nm, Lc = 10 nm, VFG = −50 mV, and
Bext = 1 T). Each green point is a particular realization of the
interface-roughness disorder. The orange point is the pristine
device. The dashed orange line, 
1 ∝ (fR/f 0

R )
2, is provided as

a guide to the eye. (b) Histogram of the quality factors Q1 =
fR × T1 for the same set of devices. The orange dashed line is the
quality factor of the pristine device. (c) Distribution of the rough
hole devices in the (fR,
∗

2) plane (same conditions as before).
The dashed orange line, 
∗

2 ∝ fR/f 0
R , is provided as a guide to the

eye. (d) Histogram of the quality factors Q∗
2 = fR × T∗

2 for the
same set of devices.

min(T∗
2), with a possibly different α. This highlights how

detrimental the variability can be for the operation of
an ensemble of qubits. In the case of Fig. 10, Q̂1 =
444 on the 90% best qubits (450 best individual Q1 out
of 500 devices), and Q̂

∗
2 = 16.7, much lower than Q0

1 =
1895 and Q∗0

2 = 76.0. The operation of slow qubits can
be sped up by increasing the driving rf power (Q̂ →
Q0/[max(fR)/f 0

R ]α at same power-corrected Rabi frequen-
cies), yet at the expense of a more complex rf management
on the chip, and at the risk of heating up the qubits.

C. Mitigation of the disorder

The qubits may be made more resilient to variability
through material and/or device engineering. In particular,
the previous sections highlight how critical is the quality of
materials and interfaces for the control and reproducibility
of spin qubits. Improving the smoothness and passivation
of the Si/SiO2 interface will definitely reduce variability;
a RSD σ̃ (fR) < 10%, however, calls for very clean and sta-
ble interfaces with charged defect densities ni < 1010 cm−2

that are at the state of the art.
The interface-roughness variability can be largely

alleviated by a proper optimization of the channel or film
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thickness and vertical electric field in order to reach the
best balance between single-qubit performances and sensi-
tivity to disorder (see Fig. 5). This optimum is presumably
dependent on the device layout and mechanisms used to
drive the spin.

Nevertheless, one of the most reliable solutions to
the variability problem is to switch from a crystalline-
amorphous interface such as Si/SiO2 to an epitaxial inter-
face such as Si/SiGe (electron qubits), or Ge/SiGe (hole
qubits). Indeed, epitaxial interfaces show, in principle, low
roughness and very small density of traps. Strains must
be carefully addressed in order to avoid threading disloca-
tions in the active areas, but this is now fluently managed
in group-IV materials. The four-hole qubit device of Ref.
[19] was actually realized in a Ge/SiGe quantum well
controlled by accumulation gates.

The charged defects are then deported at the surface
of the heterostructures on which the metal gates are
deposited. This surface is usually no more than 50 nm
away from the well (in order to keep a tight enough elec-
trostatic control on the qubits). We emphasize, though, that
the impact of charge traps decreases significantly once they
are taken away from the quantum dots. As an illustration,
we consider SOI hole devices with a SiO2/HfO2 gate stack
[Fig. 11(a)]. The channel is therefore now separated from
the gate by a layer of SiO2 with thickness tSiO2 , and by
a layer of HfO2 with thickness tHfO2 (κHfO2 = 20). This
HfO2 layer extends only below the gates and not under
the spacers. We then introduce the charged defects at the
SiO2/HfO2 instead of the Si/SiO2 interface, with density
ni = 5 × 1011 cm−2 chosen only [97] for illustrative pur-
poses [98]. The RSDs σ̃ (fL) and σ̃ (fR) of the Larmor and
Rabi frequencies are plotted as a function of tSiO2 and tHfO2
in Fig. 11(b). The variability decreases when the SiO2 is
made thicker and the traps are moved away from the chan-
nel. Remarkably, the variability increases rapidly with the
thickness of the HfO2 layer because the screening of the
charge traps by the metal gate is softened [98]. In general,
surrounding the qubits by materials with higher dielec-
tric constant (SiGe versus SiO2), and by a dense set of
gates will reduce the impact of charged defects on variabil-
ity (and possibly of charge noise on qubit lifetimes) [99].
Working in the many electrons or holes regime may also
enhance screening, but usually makes the dots larger and
more responsive to disorder. The optimal number of parti-
cles in the dots (as far as variability is concerned) remains,
therefore, an open question [100].

Finally, the model of Appendix C shows that the vari-
ability increases with the in-plane mass m∗

‖ (at given dot
sizes �0

x and �0
y). Heavier particles indeed localize more

efficiently in the disorder. It is, therefore, a priori advan-
tageous to switch from silicon to lighter mass materials
such as germanium for holes (for interface roughness,
the variability is ∝ m∗

‖/m
∗
⊥ when H � �Ez so that Ge is

advantageous over Si even in this regime). However, the

(a)

(b)

FIG. 11. (a) Hole device with a SiO2/HfO2 gate stack. The
thickness of the SiO2 layer (green) is tSiO2 , and the thickness of
the HfO2 layer (purple) is tHfO2 . The HfO2 layer extends only
under the gates. (b) RSDs σ̃ (fL) and σ̃ (fR) of the Larmor and Rabi
frequencies plotted as a function of tSiO2 (at tHfO2 = 2 nm), and
as a function of tHfO2 (at tSiO2 = 2 nm). The density of trapped
charges at the SiO2/HfO2 interface is ni = 5 × 1011 cm−2, and
the bias voltage is chosen so that the ground-state energy of the
pristine device remains the same as in the original qubit of Fig.
1 at VFG = −50 mV whatever tSiO2 and tHfO2 . The error bars are
the 95% confidence intervals.

dots are usually made larger in light mass materials [the
dot sizes �0

x and �0
y scale as (m∗

‖)
−1/4 in a given parabolic

potential for example, and as (m∗
‖)

−1/2 at given confine-
ment energy], hence can be more polarizable and sen-
sitive to disorder. Equation (C14) actually suggests that
the variability may not necessarily improve when decreas-
ing the mass at given confinement energy, especially in
the presence of long-wavelength disorders such as charge
traps.

VI. CONCLUSIONS

We investigate the variability of single-qubit proper-
ties (Larmor and Rabi frequencies) due to disorder at the
Si/SiO2 interface (roughness and charge traps) in MOS-
like devices. We compare, in particular, hole qubits subject
to intrinsic spin-orbit coupling and electron qubits subject
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to a synthetic spin-orbit coupling created by micromag-
nets. The Larmor frequencies of electrons are more robust
to disorder than the Larmor frequencies of holes, which
are rather sensitive to changes in the potential landscape.
The Rabi frequencies show anyway much larger variabil-
ity than the Larmor frequencies for both kinds of carriers.
The deviations of the Rabi frequencies can be traced back
to the modulations of the size of the dots by the disorder.
In thin (001) films, holes are more sensitive to interface
roughness than electrons because the confinement mass of
the heavy holes is smaller than the confinement mass of the
electrons in the Z valleys (hence the effects of fluctuations
of the film thickness are larger). The main source of vari-
ability is, however, charge traps at the Si/SiO2 interface,
which can spread both electron and hole Rabi frequencies
over one order of magnitude. The dots can be significantly
distorted and displaced by charge disorder, which does not
only scatter one-qubit properties, but may also compli-
cate the management of exchange interactions between the
dots. The disorder also scatters the relaxation and dephas-
ing times, which systematically degrades the figures of
merit of an ensemble of qubits (as the lifetimes of such an
ensemble are limited by the poorest qubits). Low variabil-
ity σ̃ (fR) < 10% calls for smooth and clean interfaces with
charge-trap densities ni < 1010 cm−2. This is presumably
more easily achieved with epitaxial heterostructures such
as Si/SiGe or Ge/SiGe, where the residual (surface) charge
traps can be deported tens of nanometers away from the
active layer. The impact of charge traps indeed decreases
very fast once they are moved away from the qubits, espe-
cially when the latter are embedded in materials with high
dielectric constants and are controlled by dense sets of
gates that screen the Coulomb disorder.
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APPENDIX A: VECTOR POTENTIAL CREATED
BY THE MICROMAGNETS

The magnetic field created by micromagnets has been
discussed, for example, in Refs. [53–55,80]. Here we deal
with the calculation of the corresponding vector potential,
which is the natural input for quantum-mechanics codes
(see Appendix B).

We consider a micromagnet layout that can be viewed
as an arrangement of homogeneous bar magnets. The total
vector potential and magnetic field are hence the sum of
those of each individual bar magnet. Let B be a bar mag-
net with magnetic moment density M = Mw and sides Lu,

Lv, and Lw along three orthonormal axes u, v, and w. The
vector potential A created at point r by this magnet is

A(r) = μ0

4π
M ×

∫

B
d3r′ r − r′

|r − r′|3 . (A1)

Setting r = (u, v, w) in the {u, v, w} axis set with the origin
at the center of the magnet, explicit integration yields

Aα(u, v, w) = J
4π

1∑

i,j ,k=0

(−1)i+j +kFα

(
u + (−1)i

Lu

2
, v

+ (−1)j
Lv
2

, w + (−1)k
Lw

2

)
, (A2)

where α ∈ {u, v, w} and J = μ0M is the magnetic polar-
ization. The F functions are

Fu(U, V, W) = −Vatan
(

UW
VR

)
+ Wln (R + U)

+ Uln (R + W) , (A3a)

Fv(U, V, W) = Uatan
(

VW
UR

)
− Wln (R + V)

− Vln (R + W) , (A3b)

Fw(U, V, W) = 0, (A3c)

with R = √
U2 + V2 + W2. The components of the mag-

netic field B = ∇ × A then read

Bα(u, v, w) = J
4π

1∑

i,j ,k=0

(−1)i+j +kGα

(
u + (−1)i

Lu

2
,

v + (−1)j
Lv
2

, w + (−1)k
Lw

2

)
, (A4)

with

Gu(U, V, W) = ln (R + V) , (A5a)

Gv(U, V, W) = ln (R + U) , (A5b)

Gw(U, V, W) = −atan
(

UV
WR

)
. (A5c)

The above expressions for the vector potential and mag-
netic field are valid outside the magnet.

In the present calculations, Ly � Lx � Lz and we
assume that the magnetic polarization of cobalt J = 1.84
T [53] is saturated in an external magnetic field Bext = 1
T along y. The total vector potential A = A1 + A2 + Aext
is the sum of the vector potentials A1 and A2 of the two
micromagnets, and of the vector potential Aext = −r ×
Bext/2 of the external magnetic field.
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APPENDIX B: RABI FREQUENCY IN A
GRADIENT OF MAGNETIC FIELD

We compute the Rabi frequencies of the electrons with
an anisotropic effective-mass model for the Z valleys. We
make the substitution �k → −i∇ + eA (with k the wave
vector) and add the spin Zeeman Hamiltonian:

HZ = 1
2

g0μB(∇ × A) · σ , (B1)

where g0 	 2,μB is Bohr’s magneton and σ is the vector of
Pauli matrices. We next compute the energies E⇓/⇑ and the
wave functions of the the ground state |⇓〉 and first excited
state |⇑〉 in the electrostatic potential V(r) of the gates with
a finite-difference method. When a time-dependent modu-
lation δVFG(t) = Vrf sin(2π fLt) is applied to the front gate,
resonant with the Zeeman splitting EZ = hfL = E⇑ − E⇓,
the spin rotates at Rabi frequency [45,49]:

fR = e
h

Vrf |〈⇑|D|⇓〉| , (B2)

where D(r) = ∂V(r)/∂VFG is the derivative of the elec-
trostatic potential V(r) in the device with respect to the
front-gate voltage VFG (the potential created by a unit
potential on that gate while all others are grounded when
the electrostatics is linear, as is the case here).

When the gradient of magnetic field is homogeneous
enough, we can derive an alternative formulation for
the Rabi frequency that emphasizes its dependence on the
electric dipole of the dot. We hence assume that the
magnetic field Bm created by the micromagnets can be
approximated near the dot as

Bm(r) 	 Bm(r0)+ G(r − r0), (B3)

where r0 is some reference point and G is the matrix of
derivatives of the magnetic field components Bmα (α ∈
{x, y, z}):

Gαβ = ∂Bmα

∂rβ
(r0). (B4)

Note that the Gαβ’s are not independent as they must fulfill
Maxwell’s equations ∇ · Bm = 0 and ∇ × Bm = 0 outside
the magnets, namely,

Gxx + Gyy + Gzz = 0, (B5a)

Gαβ = Gβα (α �= β). (B5b)

Neglecting the action of the vector potential on the
orbital motion, the effective Hamiltonian of the spin can

then be written:

H = 1
2

g0μB (Bext + 〈Bm〉) · σ + 1
2

g0μBδVFG(t)

×
(

G
∂〈r〉
∂VFG

)
· σ . (B6)

Here, 〈r〉 = 〈⇑|r|⇑〉 = 〈⇓|r|⇓〉 is the average position
of the dot in the ground state at zero magnetic field,
〈Bm〉 = Bm(r0)+ G(〈r〉 − r0) is the average micromag-
net field seen by the dot, and δVFG(t) = Vrf sin(ωt) is the
time-dependent modulation of the gate voltage VFG that
drives the spin. When �ω is resonant with the Zeemann
splitting EZ = g0μB|Bext + 〈Bm〉|, the spin rotates at Rabi
frequency:

fR = Vrf

2h
g0μB

∣∣∣∣b ×
(

G
∂〈r〉
∂VFG

)∣∣∣∣ , (B7)

where b is the unit vector aligned with the total mag-
netic field B = Bext + 〈Bm〉. The derivation is similar to
the g-matrix formula for intrinsic spin-orbit coupling [49].

The response ∂〈r〉/∂VFG can be evaluated using either
perturbation theory [38] or finite differences at two biases
VFG and VFG + δV:

∂〈r〉
∂VFG

	 〈r〉(VFG + δV)− 〈r〉(VFG)

δV
. (B8)

Although the above estimation is not necessarily much
faster than Eq. (B2) for a single orientation of the mag-
netic field Bext, it clearly highlights the relation between
the Rabi frequency and the electrical response of the dot.
In the present devices, 〈Bm〉 and the G matrix read at the
average position of the pristine dot (VFG = 50 mV)

〈Bm〉 = (0.00, 0.28, −0.01) T, (B9a)

G =
⎛

⎝
0.00 0.00 0.00
0.00 0.12 2.56
0.00 2.56 −0.12

⎞

⎠ mT/nm. (B9b)

Therefore,

fR ∝ ∂Bz

∂y
∂〈y〉
∂VFG

, (B10)

because the dot essentially moves along y when driven by
the central gate.

APPENDIX C: SIMPLE MODEL FOR THE
VARIABILITY OF THE RABI FREQUENCY OF

ELECTRONS

According to Appendix B, the Rabi frequency of elec-
trons is fR ∝ ∂〈y〉/∂VFG in the present setup. In this
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Appendix, we derive a simple model for the variability of
fR in a disordered dot using first-order perturbation theory.

We consider a quantum dot with energies En and eigen-
states |ψn〉 at zero magnetic field (we discard, therefore,
the spin index for simplicity). In the presence of a disorder
potential W(r), the first-order ground state reads

|ψ̃0〉 = |ψ0〉 +
∑

n>0

〈ψn|W|ψ0〉
E0 − En

|ψn〉 + O(W2), (C1)

so that

〈y〉 = 〈ψ0|y|ψ0〉 + 2
∑

n>0

〈ψ0|y|ψn〉〈ψn|W|ψ0〉
E0 − En

+ O(W2).

(C2)

We assume real wave functions (as always possible at zero
magnetic field in the absence of spin-orbit coupling). Next,

〈y〉′ = 2〈ψ ′
0|y|ψ0〉 + 2

∑

n>0

1
E0 − En

{
〈ψ ′

0|y|ψn〉〈ψn|W|ψ0〉 + 〈ψ0|y|ψ ′
n〉〈ψn|W|ψ0〉〈ψ0|y|ψn〉〈ψ ′

n|W|ψ0〉

+ 〈ψ0|y|ψn〉〈ψn|W|ψ ′
0〉 − E′

0 − E′
n

E0 − En
〈ψ0|y|ψn〉〈ψn|W|ψ0〉

}
+ O(W2), (C3)

where f ′ stands for ∂f /∂VFG. Moreover,

E′
n = −e〈ψn|D|ψn〉, (C4a)

|ψ ′
n〉 = −e

∑

m �=n

〈ψm|D|ψn〉
En − Em

|ψm〉, (C4b)

where, as before, D(r) = ∂V(r)/∂VFG is the derivative of
the electrostatic potential V(r) in the device with respect to
the front-gate voltage VFG.

This problem can be solved analytically in some
paradigmatic cases. We assume that the motions along x, y,
z are separable in the pristine dot, and that the confinement
along y is harmonic, with characteristic energy �ωy . We
also assume that the gate creates a homogeneous electric
field along y, that is D(r) = y/L with L some characteristic
device length. Then, using the relation

〈i|y|j 〉 =
√

�

2m∗
‖ωy

(√
j + 1δi,j +1 +

√
j δi,j −1

)
(C5)

for the eigenstates |i〉 of the harmonic oscillator, we get

〈y〉′ = e
m∗

‖ω2
y L
(1 + F[W]) , (C6)

where

F[W] = 1
�ωy

∫
d3rW(r)ρ(r), (C7)

and

ρ(r) = ψ0(r)2 − ψ1(r)2 −
√

2ψ0(r)ψ2(r). (C8)

Here ψ1(r) and ψ2(r) are the wave functions with, respec-
tively, one and two quanta of excitation along y. Therefore,
if E[W(r)] = 0, the average Rabi frequency fR = f 0

R is that
of the pristine device, and

σ̃ (fR) = σ̃ (〈y〉′) = σ(F), (C9)

where

σ 2(F) = 1
(�ωy)2

∫
d3r

∫
d3RS(r)ρ(R)ρ(R + r),

(C10)

with S(r) = E[W(R)W(R + r)] the autocorrelation func-
tion of the disorder (assumed independent on R). We
next introduce the Fourier transform of S(r) (the power
spectrum of the disorder):

S(q) =
∫

d3rS(r)e−iq·r, (C11)

and reach

σ̃ 2(fR) = 1
(�ωy)2

∫
d3q
(2π)3

S(q) |ρ(q)|2 . (C12)

We now apply this expression to interface-roughness
disorder in a thin film with thickness H . When H � �Ez ,
the disorder potential W(r) is given by Eq. (5), and the
autocorrelation function S(r) is twice Eq. (1) (because
there are two independent top and bottom interfaces).
Since W(r) depends only on r‖, we just need to spec-
ify the wave function in that plane, and to integrate Eq.
(C12) over q‖ [d3q/(2π)3 → d2q‖/(2π)2]. Therefore, we
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also assume parabolic confinement along x, with a possibly
different characteristic energy �ωx, so that

ρ(r‖) = 1
π�0

x�
0
y

exp
(

− x2

2(�0
x)

2

)
exp

(
− y2

2(�0
y)

2

)

×
(

1 − y2

(�0
y)

2

)
, (C13)

where �0
x =

√
�/(2m∗

‖ωx) and �0
y =

√
�/(2m∗

‖ωy) are the
characteristic sizes of the pristine dot. Substituting the
Fourier transforms of Eqs. (1) and (C13) into Eq. (C12),
we finally reach

σ̃ (fR) =
√

6π2 m∗
‖

m∗
⊥

�Lc�
0
y

H 3

(
�0

y

�0
x

)1/2 (
4(�0

x)
2

4(�0
x)

2 + L2
c

)1/4

×
(

4(�0
y)

2

4(�0
y)

2 + L2
c

)5/4

. (C14)

This expression highlights several key points discussed in
this work.

(a) The variability is proportional to the rms fluctua-
tions � (see Figs. 2 and 3), and scales as ∂E⊥/∂H ∝
1/(m∗

⊥H 3) with the thickness of the film and the confine-
ment mass of the carriers [Eq. (5)].

(b) The variability has a nonmonotonous behavior with
Lc, and shows a peak at

Lc = 1√
2

(√
(�0

y)
4 + 26(�0

x�
0
y)

2 + 9(�0
x)

4

+ (�0
y)

2 − 3(�0
x)

2
)1/2

, (C15a)

	 2

√
2
3
�0

y when �0
x � �0

y , (C15b)

	 �0
y when �0

y � �0
x . (C15c)

As discussed in Sec. III, fluctuations with wavelengths
λ � �0

y are averaged out, while the interface becomes flat
again on the scale of the dot when λ � �0

y . The fluctua-
tions with wavelengths comparable to the size of the dot
are actually the most detrimental to the variability.

(c) At given dot sizes �0
x and �0

y , the variability is pro-
portional to the in-plane mass m∗

‖: the heavier the particles,
the stronger they localize in the disorder. We emphasize
nonetheless that �0

x and �0
y also depend on m∗

‖ for a given
confinement potential.

(d) When increasing the dot size �0
x or �0

y , the dot
becomes more polarizable and responsive to the disorder.
Yet fluctuations along the driving axis y are expected to

have much more impact on the motion of the dot than fluc-
tuations along the transverse axis x. Actually, σ̃ (fR) even
decreases monotonously with increasing �0

x , because the
fluctuations get better averaged out on the scale of the dot.
However, σ̃ (fR) increases monotonously with increasing
�0

y ; it scales as (�0
y)

4 when �0
y � Lc, and as (�0

y)
3/2 when

�0
y � Lc. The relative variability σ̃ (fR) decays slower than

the absolute variability σ(fR) when �0
y → 0 because σ(fR)

also tends to 0 as (�0
y)

4.

We point out that the expression of σ̃ (fR) as a function
of �0

x , �0
y , and Lc is distinctive of the confinement potential

(e.g., parabolic versus triangular), of the operators cou-
pling the spin and electric fields (e.g., y for electrons and k2

y
for holes), and on the power spectrum S(q) of the disorder.
In the devices investigated in this work, the dots are con-
fined in an anharmonic potential along y, and show weaker
scalings with �0

y (see Fig. 2) than expected from Eq. (C14),
especially for holes.

Finally, we briefly discuss the dependence of the vari-
ability of fR on the density ni of Pb defects at the Si/SiO2
interface. As a prototypical example, we consider an
ensemble of N defects at random positions {Ri‖} on a pla-
nar interface S with area S located at z = 0. We assume
that the vertical confinement at this interface is strong
enough that we can introduce an effective two-dimensional
potential ν(r‖, R‖) for a point charge at position R‖ (the
defect potential averaged over the ground-state envelope
function along z). We also assume that the interface
is homogeneous, so that ν(r‖, R‖) ≡ ν(r‖ − R‖) depends
only on r‖ − R‖ [101]. Then, the total disorder potential
reads

W(r‖) =
N∑

i=1

ν(r‖−Ri‖). (C16)

If the Ri‖ are uncorrelated, we reach when S → ∞ [62]

E[W(r‖))] = niν̃, (C17a)

S(r‖) = niSc(r‖)+ n2
i ν̃

2, (C17b)

where

ν̃ =
∫

S
d2R‖ν(R‖), (C18)

and

Sc(r‖) =
∫

S
d2R‖ν(R‖)ν(R‖+r‖) (C19)

is the spatial autocorrelation function of the potential of a
single charge. E[W(r‖)] is the potential created by a homo-
geneous density of traps at the interface that simply shifts
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the dot energies, while only Sc(r) gives rise to variabil-
ity. Therefore, σ̃ (fR) is expected to scale as

√
ni according

to Eq. (C12). Indeed, two defects would scatter Rabi fre-
quencies twice as much as a single defect only if they were
systematically at the same positions.

The data of Figs. 6 and 9 scale faster than
√

ni but
slower than ni. We attribute this discrepancy to the break-
down of the above assumptions. In particular, the average
Rabi frequency fR decreases with increasing ni in the non-
parabolic confinement potential of the one-dimensional
channel, which strengthen the scaling of σ̃ (fR). Also, the
variability is dominated by the defects that are close to or
within the dot, and whose effects go beyond first-order per-
turbation theory. At small densities, the likelihood to have
a defect within the dot directly scales as ni.

APPENDIX D: EFFECTS OF MICROMAGNET
IMPERFECTIONS

In this Appendix, we briefly discuss the effects of disor-
der in the micromagnets on the variability of electron spin
qubits. The relevant parameters of the micromagnets are
displayed in Fig. 12(a).

The qubits may be sensitive to local inhomogeneities
of the magnets (roughness, variations of the magnetic
polarization J ), and to “global” (but more systematic)
deficiencies such as misalignment (misplacement and mis-
orientation) [48,80]. The roughness of the magnets tends
to be softened in the far field and is likely not a strong
concern, unless particularly large or long ranged. The
variations of the magnetic polarization J due to mate-
rial inhomogeneity or incomplete saturation can be readily
addressed when they take place over length scales much
longer than the distance to the qubits (that is, in the hun-
dreds of nm range). The magnetic polarization J can then
be considered as locally homogeneous, but device depen-
dent. The Larmor and Rabi frequencies of the pristine qubit
are thus plotted in Figs. 12(b) and 12(c) as a function of the
average magnetic polarisation J = (J1 + J2)/2 of the two
magnets (they are almost independent on �J = J1 − J2 in
this range). The Rabi frequency being directly proportional
to the gradient of the micromagnets’ field, any relative
variation of J results in a similar relative variation of fR
[dotted lined fR ∝ J in Fig. 12(c)]. The Larmor frequency
fL shows a weaker, yet significant linear dependence on
J as the micromagnets’ field is only 	 20% of the total
magnetic field [dotted lined in Fig. 12(b)]. As a matter of
fact, a 1.3% variation of J results in a 100-MHz drift of
the Larmor frequency, which is sizable with respect to the
distributions shown in Figs. 3 and 9. The homogeneity of
the magnets can, therefore, be critical for the control of the
Larmor frequencies.

We also plot in Figs. 12(d) and 12(e) the Larmor and
Rabi frequencies as a function of the width Wμ of the
trench between the magnets (nominally Wμ = 200 nm).

(a)

(b) (c)

(d) (e)

(f) (g)

FIG. 12. (a) Sketch of the device with the definition of the
width Wμ and misalignment�y of the trench between the micro-
magnets. (b) Larmor and (c) Rabi frequency of the pristine
electron qubit as a function of the average magnetic polarization
J = (J1 + J2)/2 of the two micromagnets. The plots collect data
for different �J = J1 − J2 ranging from −0.17 to 0.17 T. The
orange lines are simple linear models fR ∝ J and fL ∝ J + J0,
where J0 accounts for the static magnetic field. (d) Larmor and
(e) Rabi frequency as a function of the width Wμ of the trench
between the two magnets. (f) Larmor and (g) Rabi frequency as
a function of the misalignment �y between the channel and the
trench. In all panels, VFG = 50 mV and the orange point is the
nominal device (J = 1.84 T, Wμ = 200 nm, and �y = 0).

fL increases and fR decreases when widening the trench
because By increases (the qubit looks better aligned with
the magnets) but ∂Bz/∂y decreases. Making a bevel trench
is actually a solution to detune the qubits on purpose
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in order to address them individually at different Larmor
frequencies (∂fL/∂Wμ ≈ 18 MHz/nm) [80]. Finally, the
Larmor and Rabi frequencies are plotted in Figs. 12(f) and
12(g) as a function of the misalignment �y between the
channel and the micromagnets’ trench. The variations are
small and mostly second order in the |�y| < 20 nm range
because symmetric positions on both sides of the (x-z)

(a)

(b)

VFG = 75 mV 

VFG = 50 mV 

VFG = 25 mV 

Electrons

Holes

VFG = − 100 mV 

VFG = − 75 mV 

VFG = − 50 mV 

FIG. 13. (a) Rabi frequency of electron qubits as a function
of the position x of a single negative charge along the chan-
nel, for different gate voltages VFG. The charge is located on the
top Si/SiO2 interface, at y = 10 nm. The horizontal lines are the
Rabi frequencies of the pristine qubits. (b) Rabi and Larmor fre-
quency of hole qubits as a function of the position x of a single
positive charge along the channel, for different gate voltages VFG.
The charge is located on the top Si/SiO2 interface, at y = 0 nm.
The horizontal lines are the frequencies of the pristine qubits.

mirror plane of the magnets are roughly (but not strictly)
equivalent (the major component By is the same but the
minor component Bz changes sign). If the micromagnets
are misoriented by 2◦ with respect to the channel axis,
neighboring qubits (that are 60 nm apart in the design of
Fig. 1) are shifted by �y = ±2 nm.

APPENDIX E: ADDITIONAL FIGURES

In this Appendix, we provide additional data on the
effects of charge traps on the Larmor and Rabi frequen-
cies of electron and hole qubits, and discuss some results
on hole qubits driven in the iso-Zeeman EDSR mode.

1. Effects of a single charge on electron and hole qubits

The Larmor and Rabi frequency of electron and hole
qubits is plotted in Fig. 13 as a function of the position
x of a single charge along the channel. This charge is pos-
itive for hole qubits, negative for electron qubits, and is
located on the top facet. The deviations from the pristine
qubit are sizable when the charge is within approximately
25 nm from the qubit. Note the “overshoot” of the Rabi fre-
quency at small bias when the charge goes through the gate
and tends to split the dot in two strongly coupled pieces.

(a) (b)

(c) (d)

FIG. 14. (a) Distribution of the Larmor and Rabi frequencies,
and (b) histogram of the Rabi frequencies of rough hole devices
driven in the iso-Zeeman EDSR mode (� = 0.4 nm, Lc = 10
nm, and VFG = −50 mV). The pure g-TMR contribution f TMR

R
arising from the sole modulation of the principal g factors is
plotted as a function of the total Rabi frequency in (c), and its
histogram in (d). Each green point of (a) and (c) is a particular
realization of the interface-roughness disorder. The orange points
and lines are the pristine device, while the purple dots and lines
are the average device.
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2. Hole qubits driven in the iso-Zeeman EDSR mode

We now consider a hole qubit driven by a rf field
Vl(t) = Vrf sin(2π fLt)/2 on the left gate and Vr(t) =
−Vrf sin(2π fLt)/2 on the right gate. This field shakes the
dot as a whole in the quasiharmonic confinement potential
along the channel axis; the principal g factors are there-
fore not very dependent on the position 〈x〉 of the hole (no
g-TMR in the pristine device). The dot, however, expe-
riences Rashba-type spin-orbit interactions that rotate the
spin [27,28,39]. The magnetic field Bext is oriented along
y − z, which is closer to the optimum in this configuration.

At variance with the g-TMR mode, the Rabi frequency
of the pristine device increases with increasingly negative
VFG because the Rashba spin-orbit coupling gets enhanced
by the lateral and vertical electric fields. It reaches fR ≈
7 MHz at VFG = −100 mV (where it is almost saturated)
[102]. It is much smaller than the g-TMR Rabi frequency
because g-tensor modulation is more efficient than Rashba
spin-orbit interactions over a wide range of bias voltages in
such heavy-hole devices [39]. Moreover, the left and right
gates are pretty far from the qubit in the present layout (and
are partly screened by the front gate), which can, however,
be compensated by a larger drive amplitude.

(a) (b)

(c) (d)

FIG. 15. (a) Distribution of the Larmor and Rabi frequen-
cies, and (b) histogram of the Rabi frequencies of hole devices
with charge traps driven in the iso-Zeeman EDSR mode (ni =
5 × 1010 cm−2, VFG = −50 mV). The pure g-TMR contribution
f TMR
R arising from the sole modulation of the principal g fac-

tors is plotted as a function of the total Rabi frequency in (c),
and its histogram in (d). Each green point of (a),(c) is a particular
realization of the interface-roughness disorder. The orange points
and lines are the pristine device, while the purple dots and lines
are the average device.

The distribution of Larmor and Rabi frequencies for
interface roughness (� = 0.4 nm, Lc = 10 nm) and charge
traps (ni = 5 × 1010 cm−2) are plotted in Figs. 14 and 15.
The RSD σ̃ (fR) = 67.13% for interface roughness and
σ̃ (fR) = 100.28% for charge traps are much larger than
in the g-TMR mode [respectively, σ̃ (fR) = 24.44% and
σ̃ (fR) = 63.07%]. Strikingly, the average Rabi frequency
systematically increases in the presence of disorder. This
results from the emergence of a strong g-TMR contribu-
tion on top of the original iso-Zeeman mechanism in the
disordered qubits (the gyromagnetic factors now depend-
ing significantly on the position of the dot along x). To
support this conclusion, we plot the distribution of this g-
TMR contribution, calculated from the sole dependence
of the principal g factors on the driving rf field, in Figs.
14 and 15. It is indeed zero in the pristine qubit, but can
reach up to a few tens of MHz in the disordered devices.
g-TMR even becomes the prevalent mechanism in a signif-
icant fraction of the qubits in the presence of charge traps
(as the wave function can be substantially distorted by the
rf drive). The weak confinement along x, necessary for effi-
cient driving (the iso-Zeeman Rabi frequency scales as �4

x
[39]), as well as the mixing with a strong, disorder-induced
g-TMR contribution explain the huge variability of the
Rabi frequencies. The average Rabi frequency fR, and the
absolute standard deviation σ(fR) are also plotted as a
function of the rms interface roughness � in Fig. 16. As
expected, σ(fR) increases almost linearly with strengthen-
ing �, while fR increases quadratically (since this increase
is second order in the disorder when the latter averages

5
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Lc = 20 nm
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FIG. 16. Average Rabi frequency fR, and absolute standard
deviation σ(fR) as a function of the rms interface roughness �
for two correlation lengths Lc = 10 and 20 nm. The orange dot
is the pristine device.
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to zero, as suggested by Appendix C). These trends were
confirmed with atomistic tight-binding calculations [45] on
selected devices.
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