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Abstract

A MHz-rate mid-infrared laser absorption sensing strategy has been developed to simultaneously measure the intra-cycle variation
of carbon monoxide (CO), carbon dioxide (CO2), water (H2O), pressure, and temperature in the chamber of rotating detonating
rocket engines (RDREs). The beams of two quantum cascade lasers (QCL) and one interband cascade laser (ICL) were multiplexed
to target rovibrational transitions in the fundamental bands of CO and H2O (at 5 µm) and CO2 (at 4.2 µm). Extended trapezoidal
injection current modulation via bias-tee circuitry provided sufficient spectral range to fully resolve collisionally broadened spectral
transitions with a 1-µs time resolution. The three laser beams are coupled into a single optical fiber for light delivery though a
sapphire window and into the annulus of a gaseous methane-oxygen rotating detonation rocket engine (RDRE) at the Air Force
Research Lab in Edwards, CA. The light was retro-reflected from the annulus centerbody and spectrally demultiplexed onto two
photovoltaic (PV) detectors. Quantitative, three-species concentration measurements along with temperature and pressure were
inferred from the spectrally-resolved signals at 1 MHz over a range of post-detonation, in-chamber conditions, 1500–3000 K
and 1–5 atm at targeted propellant mass flow rates ranging from 0.09–0.36 kg/s. The integrated five-parameter measurement
scheme captures approximately 80% of the total combustion gas composition and fully characterizes the thermodynamic state at
detonation-relevant time-scales, offering broad applicability to high-speed combustion flows.

© 2024 Published by Elsevier Ltd.
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1. Novelty and Significance Statement

This work involves development and application of a novel five-parameter, sub-microsecond combustion diagnos-
tic for highly dynamic gas properties in the chamber of a rotation detonation rocket engine. The laser spectroscopy
method is uniquely comprehensive in defining thermodynamic state from simultaneous species (CO, CO2, and H2O),
temperature, and pressure measurements attained using a multiplexed mid-infrared laser absorption strategy. The diag-
nostic captures 80-90% of the species composition, which reduces compositional uncertainty in collisional broadening
and thereby provides for highly quantitative MHz-rate optical pressure measurement. The quantitative time-resolved
pressure measurement is critical in the assessment of pressure-gain combustion systems, wherein traditional pressure
transducers are largely inadequate, while the species and temperature measurements also serve as important reference
data for simulations supporting the community efforts to advance rotating detonation engine technology.

2. Author Contributions

NMK: Data curation, Formal analysis, Investigation, Methodology, Software, Validation, Visualization, Writing
– original draft, Writing – review & editing. APN: Conceptualization, Data curation, Formal analysis, Investigation,
Methodology, Supervision, Writing – review & editing. ARK: Investigation. NQM: Data curation, Methodology,
Supervision, Writing – review & editing. EO: Investigation. BB: Investigation, Methodology, Resources. JK: Funding
acquisition, Project administration, Supervision. JWB: Conceptualization, Project administration, Writing – review
& editing. JB: Investigation, Methodology, Resources, Supervision, Writing – review & editing. SAD: Investigation,
Methodology, Resources, Supervision. RMS: Conceptualization, Funding acquisition, Investigation, Methodology,
Project administration, Supervision, Validation, Writing – original draft, Writing – review & editing.
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3. Introduction1

In recent years, the performance increases of traditional deflagration-based rocket engines have plateaued and2

small increases in efficiency are associated with significant increases in system cost and complexity, prompting further3

research into detonation-based propulsion to further increase propulsion system efficiencies [1]. In theory, detonation-4

based (or pressure-gain) combustion achieves performance closely approximated by a constant-volume heat-release5

process, yielding lower entropy generation and higher thermal efficiencies than constant-pressure deflagration, which6

is the default heat-release mode of most state-of-the-art aerospace-relevant combustion devices [2]. Realizing these7

gains in a practical engine configuration has eluded engineers despite significant research effort; several engine ar-8

chitectures have been proposed, including pulse detonation engines and standing oblique detonation wave engines,9

however, none have reached a level of technical maturity to warrant widespread adoption [2, 3, 4, 5]. A promising10

detonation engine architecture is the rotating detonation rocket engine (RDRE) in which reactants are pressurized by11

the leading shock of a self-sustaining detonation wave propagating azimuthally around the combustion chamber. The12

self-pressurization of reactants in the combustion chamber theoretically enables a ∼10% increase in specific impulse13

for a given combustor inlet pressure when compared to a conventional rocket engine [6, 7]. Alternatively, the inlet14

pressure of the RDRE could be decreased while hitting an identical performance target as a constant-pressure device,15

reducing the mass of large pumps and high-pressure propellant tanks [8]. In addition to propellant feed system mass16

savings, increased post-reaction pressures behind the detonation wave result in a small propellant reaction zone, en-17

abling complete combustion to be achieved in a shorter combustion chamber. Unfortunately, RDREs have proved18

challenging to design due to the uncertainty and dynamic nature of the detonation cycle, spanning a wide range of19

thermodynamic conditions at sub-millisecond time scales. The short time scales combined with extreme heat flux20

conditions in the chamber have also posed significant challenges to in-chamber diagnostics, exacerbating the chal-21

lenge of understanding the root causes of gaps between theoretical performance and realized performance. As such,22

there exists a distinct need for high-bandwidth, in-chamber diagnostics that yield quantitative data which can provide23

more granular insights into the reacting gas dynamics of rotating detonation rocket engine operation.24

Rotating detonation engine studies typically leverage traditional instrumentation such as load cells and pressure25

transducers. Average pressure and thrust measurement provide useful global performance metrics but lack the tem-26

poral and spatial resolution to probe intra-cycle variations which could contain useful information about combustion27

dynamics and specific loss mechanisms. High-bandwidth pressure transducers exist, offering responses in the 100’s28

of kHz range; however, the harsh thermal environment requires these devices to be stood off from the chamber,29

complicating pressure measurement [9]. Non-intrusive optical diagnostics have proved highly valuable in detona-30

tion engine studies due to their high bandwidth and the capability to collect in situ data. High-speed videography31

positioned to view the injector head-on has been leveraged to visualize the number of detonation waves in the cham-32

ber and to measure detonation wave speeds. This data provides insight into the transient evolution of detonation33

wave structure but is integrated over the axial direction, spanning a wide range of thermochemical conditions thus34

complicating analysis [10]. Advances in optically accessible RDRE chamber outer bodies have enabled OH* chemi-35

luminesence videography which captures the propagation of the detonation wave, providing qualitative assessments36

of wave propagation in the channel and subsequent heat release [11]. Other optical techniques applied to flows within37

RDREs are particle induced velocimetry (PIV) [12], coherent anti-Stokes Raman scattering (CARS) [13], and planar38

laser induced fluorescence (PLIF) [14]. Laser absorption spectroscopy (LAS) has proved to be a useful diagnostic39

method for RDRE studies, providing quantitative temperature, pressure, and species measurement in reacting flow40

environments with short time scales [15, 16]. Specifically, recent advances in temporal bandwidth to MHz rates has41

provided sufficient temporal resolution to resolve intra-cycle transients within RDREs with 5–20 kHz cycle frequen-42

cies [17, 18, 19, 20, 21, 16, 15, 22].43

In this article we present a multiplixed mid-infrared laser absorption sensing strategy which enables simultaneous44

1-MHz measurements of temperature, pressure, and three major combustion species (CO, H2O, and CO2) within the45

annulus of an RDRE. By capturing the intra-cycle evolution of these thermophysical properties, combustion progres-46

sion and dynamics of the detonation flow field can be evaluated. This work advances upon our prior MHz-rate sensing47

strategies by simultaneously probing three distinct species mid-stream within the annular RDE chamber, while also48

improving the pressure and temperature measurement methods to reduce uncertainty at elevated pressures. The spec-49

troscopic methods are implemented by developing a combined time- and wavelength-division multiplexing scheme50

to couple three mid-infrared lasers that share a single optical path through the engine. In Sec. 4 we overview the51
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fundamental theory and wavelength selection behind the mid-infrared laser absorption spectroscopy method and how52

thermophysical properties relate to the measured absorption spectra. Next, in Sec. 5 we detail the experimental setup53

on a methane-oxygen RDRE, detailing the opto-electronic design that enables MHz-rate, three-species measurement54

with the mid-infrared light sources. Section 6 discusses the improvements made to the spectroscopic data processing,55

including reduced uncertainty of the pressure measurement, and implementing a multi-line Boltzmann population fit56

to infer temperature. Using these data-processing methods, Sec. 7 shows how thermochemical properties are extracted57

from the measured absorption spectra at each time step and intra-cycle averaged properties are calculated.58

4. Theoretical Approach59

Laser absorption spectroscopy in the infrared domain may utilize rapidly-tunable semiconductor light sources60

to resolve spectral absorption features created by discrete rovibrational absorption transitions termed ‘lines’. In61

this study we employ a scanned-wavelength direct absorption (scanned-DA) spectroscopic technique wherein the62

injection-current is modulated to rapidly tune the wavelength of the emitted laser light to resolve the lineshape of mul-63

tiple spectral transitions within a 1-µs period. Rapid wavelength scanning enables correction of common convoluting64

factors such as beam steering and thermal emission, characteristic of harsh high-temperature environments [23]. Ad-65

ditionally, spectrally-scanned laser absorption is insensitive to line shifts from collisional effects and potential laser66

drift throughout the course of an experimental campaign. Figure 1 shows the targeted absorbance spectra at pres-67

sures representative of RDRE operation with the approximate spectral range captured by the lasers, showing the fully68

resolved features.69
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Figure 1. Simulated absorbance plots (using the HITEMP database [24]) of the three spectral ranges targeted in this study. The absorbance spectra
are simulated at the expected thermochemical conditions within the annulus of the RDRE.

The light attenuated from spectral absorption during engine operation It and the background signal intensity before70

the test I0 can be converted to an absorbance α using the relation α = −ln(It/I0). The absorption caused by each71

discrete rovibrational transition i of each species j is related to the thermophysical properties of the absorbing gas72

through the Beer-Lambert law, shown in Eq. 1. The Beer-Lambert law relates the measured absorbance spectra to the73

thermophysical properties of the flow: number density of species j, n j [cm−3], temperature, T [K], and pressure, P74

[atm], as well as the path length L [cm].75

αi j(ν) = − ln
(

It

I0

)
= n jLS i j(T )ϕi j(ν, P,T, XY ) (1)
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Figure 2. Linestrengths of the three CO transitions which are used to infer temperature.

The pressure and temperature dependence is contained within the linestrength S i j [cm−1/molecule·cm−2] and lineshape76

ϕi j [cm−1] functions. An additional dependence on flow composition XY is present within the lineshape function which77

requires additional treatment as discussed in Sec. 6. Equation 2 defines the temperature-dependent linestrength which78

relies on spectroscopic parameters including the partition function Q, lower-state energy E j [cm−1], and the center79

wavenumber of the transition ν0, j [cm−1], all documented in the HITRAN database [24].80

S j(T ) = S j(T0)
Q(T0)
Q(T )

× exp
−hcE′′j

k

(
1
T
−

1
T0

) × [
1 − exp

(
−

hcν0, j
kT

)]
×

[
1 − exp

(
−

hcν0, j
kT0

)]−1

(2)

Detailed spectral line analysis is required to accurately infer temperature, pressure, and species abundance from81

measured spectra. Temperature can be calculated from the relative magnitude of line intensities (or state populations)82

which is primarily governed by the Boltzmann distribution and lower-state energy assignments of each line. Selecting83

transitions of disparate lower state energy can enable sensitive thermometry, but sufficiently measurable intensity over84

the targeted temperature range is also required. Typically, linestrengths providing an absorbance near 1 at the expected85

thermodynamic conditions produces the highest signal-to-noise ratio [25]. The lineshape function captures the effects86

of pressure via line broadening from collisions. Collisional broadening is 4–20x higher than Doppler broadening at the87

predicted conditions of the RDRE, making the broadening primarily Lorentzian, with a smaller Gaussian contribution88

from the Doppler effect [26]. The convoluted lineshape function, typically well-approximated by a Voigt profile, can89

be defined with knowledge of the collisional width ∆νC and Doppler width ∆νD. In a collisionally dominated regime,90

such as that of an RDRE, the change in linewidth is linearly dependent on pressure, with additional dependence on91

temperature and gas composition as shown in Eq. 3.92

∆νC = P × 2γCO,mix(T, XY ) (3)

Specific methods for deconvoluting the effects of temperature and pressure on the absorbance spectra are discussed in93

Sec. 6.94

Careful mid-infrared wavelength selection enables sensitive and robust detection of the target species. The funda-95

mental vibrational bands of carbon monoxide (CO), water (H2O, symmetric bending), and carbon dioxide (CO2, asym-96

metric stretch)—centered near 4.7 µm, 6.3 µm, and 4.3 µm respectively—are orders of magnitude stronger (higher97

linestrength) than the overtone and combination bands in the near-infrared. Strong rovibrational absorption lines98

within these fundamental bands overlap in specific narrow spectral domains accessible with rapidly-tunable semi-99

conductor light sources, providing the opportunity for high species sensitivity at short optical path lengths (∼1 cm)100

such as those in the annuli of RDREs. The transitions targeted in this study were selected for their strength, temper-101

ature sensitivity, and spectral isolation from interfering absorption due to other combustion species at the conditions102

expected in the expanded detonation products of an RDRE (1000–4000 K and 1–5 atm).103
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Spectrally-resolved measurements of CO absorption were performed by targeting the P(0,31), P(1,27), and P(2,20)104

transitions in the fundamental vibrational bands (∆v=1) where P(v′′,J′′) indicates the respective lower vibrational105

(v′′) and rotational (J′′) quantum numbers. The P(1,27) line centered at 2002.11 cm−1 is shown in the left plot of106

Fig. 1 while the P(0,31) and P(2,20) lines, centered at 2008.53 cm−1 and 2008.42 cm−1 respectively, are shown in107

the center plot. By targeting transitions originating in the ground, first, and second vibrational states, the relative108

magnitudes of the absorbance transitions are sensitive to temperature over the range of relevant conditions (2000–109

3500 K). Figure 2 shows the temperature-dependent linestrength function of each of these transitions, illustrating the110

difference in temperature dependence of the three transitions. Previous works have targeted the P(0,31) and P(2,20)111

line pair [27, 28, 15]; however, Fig. 1 shows that these lines blend at elevated pressures which can complicate the112

interpretation of measured spectra. Adding the P(1,27) line as a third temperature sensitive CO transition enables113

a Boltzmann-fit temperature measurement scheme to be used as described in Sec. 6 [25], extending the range of114

conditions over which the method can be employed. The P(1,27) line was selected due to its temperature sensitivity115

complimenting the P(0,31) and P(2,20) transitions and its close proximity to a relatively strong water feature, enabling116

a two-species measurement with one light source.117

The targeted H2O feature near 5.0 µm, is a combination of two individual transitions of the ν2 (symmetric bending)118

band, the 240,24 → 251,25 and 241,24 → 250,25 rovibrational doublet of the ν2 fundamental band, where the notation119

JKa, Kb refers to the rotational quantum number J and angular momentum K about the a and b axes. This line pair120

will be referred to as the ”H2O doublet” or Q(0,24) for the remainder of this work. This transition is centered at121

2002.41 cm−1, creating a favorable spacing of ∼0.3 cm−1 from the P(1,27) CO line, allowing both transitions to be122

captured within the ∼1 cm−1 tuning range of the laser but providing enough distance such that the lines do not blend123

significantly at elevated pressures. Carbon dioxide concentration measurements were performed by targeting the124

R(0,64) transition of the ν3 asymmetric stretch band, centered near 2386.53 cm−1.125

5. Experimental Setup126

All experiments were performed on a rotating detonation rocket test rig at the Air Force Research Laboratory in127

Edwards, CA. The RDRE test article was a standard design using gaseous CH4 and O2 as propellants and studied128

by several research groups focused on reproducing performance at independent test locations [1]. Measurements129

were made over approximately 1 s for a range of test conditions spanning mass flow rates of 0.09–0.36 kg/s at an130

equivalence ratio of 1.1. For each test, a maximum of 500 ms of raw intensity data was recorded, consisting of 50 ms131

before ignition, 100 ms of startup transient, and up to 350 ms of steady state data. The dataset duration was limited132

by the maximum memory available on the data acquisition system or, in some cases, window failure associated with133

thermo-mechanical stress. The shortest quasi-steady state test duration was ∼50 ms, wherein the MHz measurement134

rate of the diagnostic provided ample data to assess gas properties (∼50,000 scans or ∼500 detonation cycles).135

Two continuous-wave distributed-feedback (DFB) quantum cascade lasers (QCL) (ALPES Lasers), tunable from136

2001 to 2012 cm−1, were used as the narrow-band light sources for probing the CO and H2O transitions while a137

third continuous-wave DFB interband cascade laser (ICL) (Nanoplus), tunable from 2382 to 2389 cm−1, targeted the138

CO2 transition. A bias-tee (SigaTek SB12D2D) configuration, detailed in Nair et al. [15] was used to bypass the139

bandwidth limitation of the commercial off-the-shelf laser controllers (Arroyo 6300 series), increasing the maximum140

achievable scan rate from 200 kHz to several MHz. Custom trapezoidal waveforms, scanning significantly below the141

lasing threshold, maximized tuning range during the 1-µs scan period using the bias-tee circuitry and a programmable142

function generator (Rigol DG1000Z) [29]. Supplied waveforms contained an 80-, 40- and 30-ns leading-edge ramp143

on the 4.99-µm, 4.98-µm, and 4.2-µm light sources respectively to prevent exceeding the detector bandwidth in the144

beginning portion of the scan. At 1 MHz, a scan depth of 0.74 cm−1 for the 4.99-µm light source, a scan depth of145

0.96 cm−1 for the 4.98-µm light source, and a scan depth of 0.57 cm−1 for the 4.2 µm light source can be achieved,146

enabling targeted spectral features to be well-resolved at pressures up to approximately 5 atm.147

Figure 3 illustrates the sensor hardware configuration and the interface with the engine. The multiplexed optical148

sensor consists of two optical breadboards: a ‘remote’ breadboard housing the three lasers connected (via optical149

fiber) to a ’detector’ breadboard which pitches the light into the annulus and catches the retro-reflected light on150

two photovoltaic detectors. On the remote breadboard, the two QCL laser beams are combined using a 50/50 CaF2151

beamsplitter and further time-division-multiplexed by utilizing trapezoidal injection current waveforms with a duty152

cycle of 45% from a single function generator, enabling consistent phase-locking of the signals. A dichroic mirror153
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Figure 3. Optical hardware layout showing the optical access point on the RDRE chamber and retro-reflector (Top). Sample background (black)
and transmitted signal (blue, red, and green) intensities recorded on the photovoltaic detectors (Bottom).

with a 4.5-µm cutoff transmits the 5µm light while reflecting the 4.2-µm light, making all three beams coincident154

with minimal loss of power. All three beams are pitched into a single fiber port, collimating the three beams into the155

InF3 single-mode fiber. Combining the beams into a single fiber simplifies the delivery to the engine and keeps the156

breadboard closest to the engine as compact as possible. Light exits the fiber and is collimated to a ∼1-mm diameter157

beam and pitched through a sapphire window into the annulus of the RDRE by adjusting a prism mirror. The top158

right sub-figure of Fig. 3 shows the exact configuration of the window and retro-reflector. A 12.7-mm diameter, 5-159

mm thick sapphire window is placed adjacent to the inner wall of the combustor outer body. The window is offset160

from the combustion gases by a thin metal lip and held in place with a retention ring threaded into the outer body.161

A silicone o-ring with a square-cross section is placed between the retention ring and window to reduce thermal-162

expansion induced stresses and minimize exhaust gas leakage across the window. The laser light is reflected off of163

a 6.3x6.3 mm flat milled onto the RDRE center body with a half angle of ∼ 5◦. After exiting the chamber, the164

light passes through another dichroic mirror with a cutoff at 4.5 µm, reflecting the 4.2-µm light and passing the 5-µm165

light onto two photovoltaic detectors (Vigo PVMI-4TE-8-1x1, 198-MHz bandwidth) with spectral bandpass filters at166

the respective light frequencies to reject broadband thermal emission. Sample laser intensities recorded by the PV167

detectors from the pre-test and test periods are shown in the bottom of Fig. 3. The time-division multiplexing scheme168

of the 5-µm light sources enables both intensities to be recorded on a single detector, saving significant cost and169

making the detector breadboard more compact. The relative wavenumber as a function of time is obtained by placing170

a germanium etalon in the beam path before a test and noting the time between successive constructive and destructive171

interference peaks of known wavenumber spacing (free spectral range).172
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6. Spectroscopic Data Processing173

In this section we detail the specific data-processing steps used to extract thermophysical properties associated with174

the measured absorbance spectra. As mentioned in Sec. 4, the effects of temperature and pressure on molecular spectra175

are convoluted and must be separated to obtain accurate results. A particular sequence is utilized to accommodate the176

inter-dependence of gas properties. First, a line-fitting method is used to obtain the integrated absorption area and the177

line width of the target transitions. Once line areas are extracted, a Boltzmann population fit uses the measured CO178

line areas to infer temperature. After temperature is quantified, the pressure is inferred from the measured line widths179

of the CO spectra. Finally, once temperature and pressure are quantified, the species mole fractions are inferred via180

the Beer-Lambert law. These data-processing steps are applied to each measured laser scan, providing thermophysical181

properties as a function of time.182

As discussed in Sec. 4, both the linestrength and lineshape functions are dependent on temperature; we seek to183

obtain the temperature as a function of linestrength only. A simplified expression of the Beer-Lambert law is obtained184

in Eq. 4 by integrating Eq. 1 and noting that
∫ ∞
−∞
ϕi j(ν)dν = 1. Equation 4 shows the integrated absorbance area of185

transition i of species j, Ai j [cm−1] is independent of the lineshape function ϕ.186

Ai j =

∫ ∞

−∞

αi j(ν)dν = n jLS i j(T ) (4)

With this integration, the absorbance area is dependent on n, T , and linestrength S . Calculating the ratio of measured187

line areas eliminates the dependence on pathlength, number density, and pressure, yielding a measurement parameter188

than is primarily a function of temperature.189
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Figure 4. Measured absorbance spectra and resulting Voigt fit for a single 1-µs period of a ṁ = 0.09 kg/s, ϕ = 1.1 test.

Spectral line areas and widths are extracted by minimizing the residual between the measured absorbance spectra190

and the sum of simulated Voigt profiles [30] approximating the shape of each line. Sample measured absorbance191

spectra, their corresponding Voigt fits, and their residual after fitting are shown in Fig. 4 for a single scan in the192

quasi-steady portion of a ṁ = 0.09 kg/s, equivalence ratio ϕ=1.1 test. Rather than fitting all lines at once, a sequential193

three-part fitting routine is employed, with each part optimized to capture a different set of spectral properties. The194

key steps of this three-part routine are summarized in Fig. 5 and discussed in this section. Fit #1 prioritizes extracting195

CO line areas and widths of the P(0,31), P(1,27), and P(2,20) lines, from which the number density of CO nCO,196

temperature T , and pressure p are calculated. While the Q(0,24) line is included in this initial fit, its lower magnitude197

compared to the P(1,27) line does not provide a reliable result. Fit #2 is performed between 2002.3–2002.6 cm−1,198
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Figure 5. Voigt fitting procedure for the absorbance spectra measured at 4.98 µm and 4.99 µm. The steps within the least squares fitting routine are
bounded by dashed boxes.

shown in Fig 4, fixing the CO line parameters and only floating the H2O Q(0,24) doublet parameters to extract the199

area of the Q(0,24) doublet. A third fit (Fit #3) extracts the area of the CO2 R(0,64) line.200

The first fitting routine (Fit #1) extracts line areas, widths, and line positions from the light recorded at 4.99 µm201

and 4.98 µm, corresponding to the left two plots of Fig. 4. The Voigt lineshape approximation requires a line area202

Ai, collisional width ∆νc,i, Doppler width ∆νd,i, and line position ν0,i. Two factors complicating the fitting routine are203

the presence of the P(3,14) line centered at 2008.55 cm−1 and the insensitivity of the least squares fitting routine to204

trade offs between collisional and Doppler width, requiring one to be fixed in order to obtain an accurate result for the205

other. The flow will be collisionally dominated at the temperatures and pressures expected in the annulus of an RDRE206

(∆νc,i ∼ 4–20x ∆νd,i), making the lineshape nearly Lorentzian. While the Doppler width is small, its contribution to207

the Voigt lineshape is non-negligible, requiring calculation at each time step. Additionally, the P(3,14) line area and208

width are unknown and it is difficult for the fit to accurately infer theses parameters, especially at higher pressures209

where the lines are blended. If not properly accounted for, this line can bias the area measurement of the P(0,31)210

line, biasing temperature measurement. Within the first routine, the P(0,31), P(1,27), and P(2,20) areas are fit which211
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defines a temperature, this temperature is then used to fix the area of the P(3,14) line and Doppler width of all lines.212

Details about the method used to convert line areas to a temperature are given in the next paragraph. Before fully213

accounting for the P(3,14) line, the collisional width must also be known. To simplify the fitting routine, all CO lines214

are assumed to have the same collision width. Nair et al. shows that this assumption introduces minimal error for the215

P(0,31), P(2,20), and P(3,14) lines at high-temperature combustion conditions [15]. We extend this assumption to the216

P(1,27) line, noting that the rotational quantum number J” = 27 is within the range of rotational quanta in the analysis217

by Nair et al. Finally, the line positions of all transitions are determined by floating the line positions of the P(1,27)218

and P(0,31) lines and fixing the line positions of the nearby lines for each spectral region respectively by noting the219

known relative line positions from the HITEMP database [24].220

T=2920 K

P(0,31)

P(1,27)

P(2,20)

T=1550 K

A
/S

0
,j
/e

x
p

(b
)
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150

Lower State Energy, E" [cm-1]

Figure 6. Measured areas normalized by reference linestrength and their respective Boltzmann population fit at two temperatures.

Temperature is inferred during the least squares minimization through a Boltzmann population fit. In LAS, the221

temperature is often inferred by utilizing the ratio of two transition areas [23, 31]. In a previous work [25], we222

developed a Boltzmann population fit method to account for more than two transitions to measure temperature and223

number density with reduced uncertainty. Equation 5 details how the ratio of integrated absorbance areas to the224

reference linestrength of transition i, S 0
i,CO [cm−1/molecule·cm−2], relates to nCO and T , where Ei [cm−1] is the lower-225

state energy of the transition [24], T0 = 296 K and hc/kB = 1.44 cm·K.226

ln

Ai,CO

S 0
i,CO

 = ln(LnCOq(T )) −
hc
kB

(
1
T
−

1
T0

)
Ei (5)

q(T ) represents the partition function taken from HITRAN [32, 33] multiplied by a stimulated emission factor, shown227

in Eq. 6 where ν0 = 2005 cm−1 [25].228

q(T ) =
Q(T0)
Q(T )

1 − exp
(
− hc

kBT ν0
)

1 − exp
(
− hc

kBT0
ν0

) (6)

Writing Eq. 5 in the form of Y = aEi + b yields a slope and intercept, a and b, which are rearranged to solve for T and229

nCO as shown in Eq.7 and Eq.8.230

T =
1

1/T0 − akB/hc
(7)

231

nCO =
exp(b)
Lq(T )

(8)

By utilizing the Boltzmann population fit, T is determined independently from other thermophysical properties and232

is considered a known for the subsequent fitting steps. Sample results of this Boltzmann population fit are shown in233

Fig 6. Note that in this figure the reference temperature has been set to T0 = 1000 K to better illustrate the temperature234

sensitivity.235
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The last part of the fitting routine accounts for small variations in the measured signal intensity due to mechanical236

vibration, beam steering, broadband interference, and broadband emission. These effects can not be completely237

eliminated but are significantly reduced by thoroughly securing optical components, centering the beam on all optics,238

and utilizing spectral-bandpass filters. A key benefit of the MHz scanned direct absorption technique used is that239

these effects appear frozen on the time scale of an individual scan. Offsetting and scaling the background I0 on a240

scan-by-scan basis as part of the fitting routine corrects for these effects to mitigate their influence on the measured241

properties and is captured by the B and C coefficients of Fig. 5. The guessed baseline coefficients are used to create242

a linear offset in the absorbance domain of the form αbaseline = Bν + C. These coefficients are floated in the fitting243

routine and correct for the effects of the harsh environment. The residual is then calculated between the measured244

absorbance and the sum of individual lines with the baseline correction. A least-squares fitting routine is employed to245

iterate on the guessed values until the residual reached a minimum value.246

It should be noted that the residual of the aforementioned spectral fit is most sensitive to CO areas and temperature;247

however, the Q(0,24) line contributes relatively little to the total residual, making the fit less sensitive to the Q(0,24)248

line width and area. As such, after the routine displayed in Fig 5, a second fit (Fit #2) is performed between 2002.3–249

2002.6 cm−1, fixing the temperature and CO parameters from the previous fit and floating only the Q(0,24) line area250

and collisional width. This second fit significantly decreases variation in the H2O line areas that are an artifact of251

the insensitivity of the previous fit. A third fitting routine (Fit #3) is performed on the CO2 line, floating the CO2252

line position, area, and collision width. The results of all fitting routines are shown in Fig. 4. Notably, the residuals253

are typically <3% for the CO features and <5% for the CO2 features. Residuals plotted in Fig. 4 are normalized by254

the peak absorbance value within their respective spectral domains; the Q(0,24) line fit residual is typically <10%255

when normalized by the peak absorbance between 2002.3–2002.6 cm−1. The measured line widths and areas are then256

converted to a pressure and mole fraction measurements.257

Pressure P [atm] is determined by utilizing Eq. 3 with the measured collisional linewidths ∆νC [cm−1] and es-258

timated collisional-broadening coefficient γCO,mix [cm−1/atm]. Collisional linewidth is dependent on the rate of col-259

lisions of the absorbing species with itself and other species in the reacting flow, making it linearly dependent on260

pressure. Each collision partner contributes to the aggregate collisional broadening coefficient of the mixture, charac-261

terized by the collisional broadening coefficient of each species γCO, j [cm−1/atm]. These species-specific collisional262

broadening coefficients effectively represent the incremental collisional width per partial pressure of species j. The263

total collisional-broadening coefficient is obtained by taking a mole-fraction-weighted sum of the individual species’264

broadening coefficients as shown in Eq. 9.265

γCO,mix(T, XY ) =
∑

j

X jγCO, j (9)

Accurate determination of γCO,mix often proves difficult due to a lack of reference broadening coefficients for many266

combustion species. Nair et al. [26] provide a method for simplifying this calculation for CO by considering only267

combustion species with X j > 1% and documents the necessary reference coefficients to calculate γCO,mix for CH4–O2268

combustion. While the major combustion products have documented broadening coefficients with CO, many minor269

species and intermediates remain unmeasured due to difficulty in forming them in appreciable quantities to make an270

accurate measurement of the broadening coefficient. These remaining species must have their broadening coefficients271

estimated by leveraging scaling arguments based on the dependence of collision rate on the reduced mass and collision272

diameter of each species. The balance gas concentrations are estimated by simulating the combustion conditions with273

thermochemical models. Here, the GRI-MECH 3.0 [34] is paired with the CalTech Shock and Detonation Toolbox274

[35] in Cantera [36] to approximate the gas composition immediately behind the detonation wave (frozen composi-275

tion) and when the flow is chemically equilibrated after being isentropically expanded from the CJ condition. These276

two states represent the thermodynamic extremes of flow composition for a given equivalence ratio ϕ. Evaluating277

γCO,mix at the frozen and equilibrated conditions shows < 5% variation between the two conditions. Test in which278

H2O and CO2 data were available enabled a further reduction of uncertainty because a majority (≳ 80%) of species279

were measured, further constraining the broadening model. The remaining ∼ 20% of species are estimated by initial-280

izing a gas in Cantera and balancing the concentrations of hydrogen, and oxygen at each time such that the entire281

mixture (including measured species) matched the targeted equivalence ratio of the test. This Cantera gas is equi-282

librated at the measured temperature and pressure of each time, approximating the remaining non-measured species.283
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When the broadening model is constrained to the measured species the pressure uncertainty is dominated by the un-284

certainty introduced in the reference broadening coefficient γCO,mix from the measured mole fraction uncertainties.285

The uncertainty in pressure when assuming concentrations bound between the frozen and equilibrium conditions is286

6%, incorporating the CO, H2O, and CO2 measurements into the broadening model reduces the uncertainty to 5% as287

reported in Appendix A. Additionally, Fig 8 shows that H2O and CO2 data are typically bounded between the frozen288

and equilibrium conditions, further justifying this approximation in cases where H2O and CO2 data are not available.289

This estimation of γCO,mix enables a pressure to be quantitatively inferred from each measured collision width.290

With temperature determined nH2O and nCO2 [cm−3] are found using Eq. 10. The CO number density nCO is already291

known from the first fitting routine and Eq. 8.292

ni =
Ai

S i(T )L
(10)

The total number density, ntot, is calculated with p = ntotkbT . The species mole fractions are then deduced with293

ni/ntot. The species mole fraction is a useful metric because it removes the variation in number density due to pressure,294

providing more detail about the chemical reactions occurring in the cycle. It should be noted that CO, H2O, and CO2295

typically account for more than 80% of the product gas composition for fuel-rich CH4–O2 combustion.296

7. Results297

Experimental data was recorded for mass flow rates between ṁ = 0.09–0.36 kg/s and an equivalence ratio of ϕ=1.1.298

In this section, we highlight key steps and results in converting the time-resolved spectral properties of CO, H2O, and299

CO2 into time-resolved and cycle-averaged measurements of temperature, pressure, and species mole fraction on an300

example test of ṁ = 0.09 kg/s and ϕ = 1.1.301
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Figure 7. Line properties extracted from the Voigt fitting routine over a 1000-µs period of quasi-steady RDRE operation at ṁ = 0.09 kg/s, ϕ = 1.1

After performing the Voigt fitting procedure described in Sec. 6, both the spectral line areas and collision widths302

are known as a function of time. The top and middle plots of Fig. 7 show the evolution of the collision widths and303

areas of the targeted features over a 1000 µs period of quasi-steady state RDRE operation. Both collision widths and304

areas follow a clear cyclic variation with a period on the order of 75 µs, approximately the expected period of detona-305

tion waves moving at a wavespeed of ∼ 1.5 km/s [22]. As the detonation wave consumes propellant, a discontinuity306
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Figure 8. Inferred thermochemical properties extracted from the line properties plotted in Fig. 7.

is formed between the high post-detonation pressure and lower pressure of expanded reactants. This pressure discon-307

tinuity forms an oblique shock wave which is the primary driver of the pressure trends at the measurement location308

[22]. The collisional width is most strongly correlated with pressure, explaining the strong rise as the oblique shock309

wave passes, followed by an expansion. Both the H2O and CO2 lines exhibit larger collisional widths than the CO310

lines due to their larger collisional cross-section, i.e. larger molecules collide more frequently with the surrounding311

gas molecules (higher γ), increasing collisional broadening. Line areas exhibit a clear cyclic trend as well, though312

distinct from that of the collision widths, reflecting the additional species and temperature dependence. Following the313

Boltzmann fitting procedure of Sec. 6, the natural logarithm of the ratio of each CO line area and its reference line314

strength is fit as a function of lower state energy, resulting in a slope a that is a strong function of temperature. The315

bottom plot of Fig. 7 shows the variation of this slope with time. Sharp increases in this slope are strongly correlated316

with collision width increases, indicating the increase of both temperature and pressure across the oblique shock.317

As outlined in Sec. 6, the Boltzmann slope is converted into a temperature, the CO line widths are converted into a318

pressure, and the line areas of all species are converted into species mole fractions.319

The results of this conversion are plotted in Fig. 8 for the same test time period as the line properties in Fig. 7.320

Similar to the collision widths of Fig. 7, the pressure trace of Fig. 8 exhibits a clear cycle beginning with the passage321

of the oblique shock followed by a nearly monotonic decrease in pressure until the next cycle begins. The temperature322

follows a similar cyclic trend, however, the temperature trend after the oblique shock is not monotonic—rather there323

is typically a sharp decrease, followed by a slight rise near the region immediately before the next wave. This non-324

monotonic trend is best seen near 450 µs where there is a ∼400 K increase in temperature near the end of the cycle,325

which then decreases by ∼200 K before the arrival of the next oblique shock. Since the pressure is decreasing during326
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Figure 9. Short-time Fourier transform of the measured pressure (Left) and temperature (Right) over the period of engine operation of a ṁ =
0.09 kg/s, ϕ = 1.1 test.

this entire period, this temperature variation is not a product of expansion or compression, but rather an indication that327

the gas has undergone a different thermochemical process upstream. These trends will become more apparent when328

cycle-averaged properties are examined.329

The scale of cycle-to-cycle variation confirms the need for high-speed diagnostics to resolve intra-cycle properties330

as opposed to bulk averaged measurements. Plots of mole fraction in the bottom part of Fig. 8 display significant331

variation with time. Water mole fraction establishes a cyclic trend in which the mole fraction is near 0.45 at the332

beginning of the cycle, increases to ∼0.5 near the middle of the cycle before returning to ∼0.45 at the end of the333

cycle. The cycle-to-cycle trends of CO and CO2 are more complex and not every cycle exhibits similar behavior.334

Overall, CO typically begins the cycle at a lower value, near 0.15 and increases to ∼0.2 near the middle of the335

cycle. Mole fractions serve as a useful quantity opposed to number density or partial pressure because it removes the336

influence of the pressure variation of the flow on markers of species concentration. The cyclic trends of mole fraction337

seem to lag the pressure and temperature rise associated with the oblique shock passage, which is suggestive of the338

shifting chemical equilibrium composition as the thermodynamic conditions (P, T ) of the gas vary throughout the339

cycle. The mole fractions predicted for post-detonation composition (“frozen”) and for local chemical equilibrium340

(“equilibrium”) are plotted as dashed lines in Fig. 8. Frozen and equilibrium calculations are performed using GRI-341

MECH 3.0 [34] in Cantera [36] with the CalTech Shock and Detonation Toolbox [35]. Frozen results are obtained342

by calculating the post-detonation composition of a mixture of methane and oxygen at ϕ = 1.1 with an initial pressure343

given by the average pressure recorded by pressure transducers at the injector face. Equilibrium values are obtained344

by initializing a gas object at the predicted equivalence ratio of the test, in this case ϕ = 1.1, and equilibrating it at345

the measured temperature and pressure at each time. The measured water mole fraction is consistently between the346

equilibrium and frozen values and tends to be closer to the equilibrium value immediately following the passage of347

the oblique shock. Thermochemical equilibrium calculations predict a rise in water mole fraction with decreasing348

temperature, a trend which is observed in the data near the middle of the cycle, but does not predict the drop in water349

mole fraction observed near the end of the cycle. This drop near the end of the cycle is indicative that gas near the350

end of the cycle is further from thermochemical equilibrium than at the beginning of the cycle. Similar to water mole351

fraction, CO and CO2 tend to be near the predicted equilibrium values near the beginning of the cycle. Mathews352

et al. [16] observed a similar trend of CO concentration data being closest to thermochemical equilibrium near the353

beginning of the cycle. Near the middle of the cycle, CO mole fraction tends to be above the predicted frozen value.354

Previous works have observed a trend showing rising CO concentrations in the middle of the cycle, attributed to a355

local variation in equivalence ratio due to asymmetric injector dynamics, pushing the propellant mixture temporarily356

to a more fuel-rich condition [15].357

Cycle-to-cycle variation can be assessed in a more quantitative way by partitioning the data into individual cycles358
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and comparing the variation of each cycle to the average. The procedure for determining these cycle ensemble359

statistics is given in [22], but the main steps are summarized here. First, a short-time Fourier transform (STFT) is360

performed on the pressure and temperature data with a 5 ms data interval and a 0.25 ms overlap using a Hamming361

window. The short-time Fourier transform of pressure and temperature are shown in Fig. 9 for a representative test.362

Time zero in Fig. 9 corresponds to the drop in measured signal intensity from the passage of the driving detonation363

wave from the pre-detonator. For this test, a ∼30 ms startup transient is observed marked by no clear dominant364

frequency in the power spectrum. After ∼30 ms, the dominant frequency in the power spectrum occurs near 13 kHz,365

corresponding to the approximate cycle frequency observed in the time-resolved results. As time progresses from366

30 ms to 70 ms, the dominant 13 kHz frequency slightly increases in frequency until stabilizing at 70 ms, past this367

point the engine has entered quasi-steady operation. Within the quasi-steady phase, each cycle is found by searching368

for the sharp increase in pressure observed across the oblique shock, i.e. by locating the local maxima of ∆P/∆t within369

the period of time determined by the peak frequency of the STFT. After identifying the bounds of individual cycles,370

we aggregate all cycles within the steady-state portion of the test to construct the average intra-cycle ensemble profiles371

and statistical variations. Figure 11 shows the intra-cycle ensemble pressure, temperature, and CO mole fraction for372

the 0.09 kg/s case in blue.373

A similar procedure is applied to higher flow rate tests as well to yield time-resolved temperature, pressure, and374

species. A sample fit absorbance spectra from the 0.36 kg/s test case is shown in Fig. 10. As expected, at higher375

pressures the spectra has broadened significantly to the point where lines which were previously isolated now overlap,376

particularly the P(0,31) and P(2,20) are almost completely blended. In these cases the addition of the P(1,27) line377

adds significant benefit to the fitting routine since it remains better isolated than the lines near 2008 cm−1, allowing378

for accurate recovery of temperature at extended pressures.379
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Figure 10. Measured absorbance spectra and resulting voigt fit for a single 1-µs period of a ṁ = 0.36 kg/s, ϕ = 1.1 test.

The top two plots of Fig 11 show the intra-cycle ensemble profiles of pressure and temperature at different pro-380

pellant flow rates. The solid lines indicate the average properties over the quasi-steady period while the transparent381

swaths represent the bounds of the 90th percentile of data, indicating the variation of the properties observed. The382

measured pressures increase with mass flow rate as expected, with intra-cycle trends that are similar. Flow rates below383

0.36 kg/s have a brief plateau followed by a monotonic decrease, while the pressure of the 0.36 kg/s exhibits a slight384

rise after the oblique shock followed by a monotonic decrease. As observed in the time-resolved data, the temperature385

trend exhibits a rise across the oblique shock followed by a decrease to a local minimum before another slight rise386

followed again by a decrease to a minimum. The dip in temperature across all three tests is correlated with a rise in CO387

concentration shown in the bottom of Fig 11. Previous works have measured a similar intra-cycle drop and recovery388

in temperature correlating to a rise in CO concentration [15]. This trend is attributed to a locally fuel-rich condition389

causing a rise in carbon monoxide and a drop in combustion temperature. As the detonation wave passes the injector,390

the high post-detonation pressures can slow/ halt propellant injection. The fuel and oxidizer injector elements may391

not reestablish flow simultaneously, creating a locally off-nominal mixture ratio. In this case the middle of the cycle392
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Figure 11. Intra-cycle ensemble averaged thermochemical properties over the quasi-steady engine operation period established by Fig. 9. Trans-
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tends to be more fuel rich. The measurement of such intra-cycle variations highlights the benefit of MHz-rate laser393

diagnostics for RDE development.394

8. Conclusions395

A MHz rate mid-infrared laser absorption sensing strategy for simultaneous measurements of carbon monoxide396

(CO), carbon dioxide (CO2), and water (H2O) has been developed and deployed inside the annulus of a rotating deto-397

nation rocket engine. This time- and wavelength-multiplexed sensor has been demonstrated to capture approximately398

80% of the product gas composition of a methane-oxygen RDRE, thoroughly defining its thermochemical state at399

microsecond time-resolution. The time-division multiplexing scheme was employed to enable a 2-species, tempera-400

ture, and pressure measurement on a single photovoltaic detector in a one microsecond time interval. A Boltzmann401

fitting strategy involving three distinct CO absorption transitions reduces temperature uncertainty at higher pressures.402

The comprehensive speciation measurements reduce compositional uncertainty, which in turn reduces pressure mea-403

surement uncertainty from collisional broadening. In-chamber measurements were performed on a methane-oxygen404

RDRE, providing data at pressures between 2–5 atm for a range of mass flow rates in the range 0.09–0.36 kg/s.405

Time-resolved MHz data provides insights regarding intra-cycle variation and start-up behavior of the RDRE. Intra-406

cycle ensemble averaged data was extracted and facilitated a comparison between the average properties of different407

test conditions. This multi-parameter spectroscopic measurement technique offers broad applicability to high-speed408

propulsion flows. Future work will consist of further extending the spectral measurement range to target absorbance409

transitions at higher pressures, enabling measurements near the injector plane of an RDRE.410
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Appendix A. Uncertainty analysis419
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Figure A.12. Representative uncertainties for the temperature T , pressure p, and mole fractions of CO XCO, H2O XH2O, and CO2 XCO2

In this section we estimate the uncertainties in the inferred thermochemical properties. Other works have outlined420

detailed uncertainty analyses which we will follow here, highlighting key steps for clarity [15, 16, 26, 25].421

Since all thermochemical properties have a temperature dependence, we begin by estimating the uncertainty from422

the Boltzmann population fit. The temperature uncertainty primarily stems from uncertainty in the three CO line areas423

A and uncertainty in the reference line-strength listed in HITEMP S 0. Symbols listed in the text will correspond to424

the labels of uncertainty sources in Fig. A.12. As outlined by Nair et al. [15], the uncertainty in area accounts for425

uncertainty from the fit residual, the assumption that all CO lines have the same line width, and the listed linestrength426

uncertainty of the P(3,14) line. A linear fitting routine accounting for uncertainties is outlined by York et al. [37]427

and is used here to calculate the uncertainty in Boltzmann fit slope from the uncertainties in area and reference line428

strength.429
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Next, the pressure uncertainty is determined by accounting for the uncertainty in broadening coefficient and in430

the measured linewidth. Broadening coefficient uncertainty is assessed by accounting for the variation in broadening431

coefficient γ0 between different flow compositions within the range of the uncertainty of the measured species and432

temperatures within the previously calculated temperature uncertainty γT [15, 26]. The assumption that all CO lines433

have the same linewidth, the linestrength uncertainty of the P(3,14) line and the calculated 1-σ uncertainty of the434

measured collision widths are added in quadrature to arrive at the collisional width uncertainty.435

Species mole fraction uncertainties are obtained by combining uncertainty in reference linestrength and area (dis-436

cussed previously) with the uncertainties in temperature dependent linestrength and pressure. The previously ob-437

tained uncertainty in temperature is propagated to the linestrength calculation to obtain the temperature dependent438

linestrength uncertainty. Adding these uncertainties yields mole-fraction uncertainties for each species. CO has the439

lowest combined uncertainty due to its strong absorption features and low database uncertainty, leaving the total un-440

certainty to be dominated by uncertainty in pressure. The mole-fraction uncertainty of CO in this work is higher than441

the ‘column density’ reported in previous works [15] due to the dependence on the pressure measurement uncertainty.442

The number density of CO has an uncertainty of 4.5% because its uncertainty is independent of pressure and domi-443

nated by line-strength uncertainty, which is significantly lower, as is seen in Fig. A.12. H2O has the highest combined444

uncertainty due to a high reference-linestrength uncertainty. It is important to note that this reference-linestrength445

uncertainty will apply a bias to the data but does not affect the relative trends in the data. Beyond the database446

uncertainty, H2O mole-fraction uncertainty is dominated by fit uncertainty due to the relatively weak feature. CO2447

has low reference-linestrength uncertainty and a low residual, having an uncertainty dominated by the uncertainty in448

temperature-dependent linestrength. The relatively low lower-state energy means this line has a relatively high ∂S/∂T ,449

making the relatively small uncertainty in temperature have a large impact on the linestrength. Future works should450

utilize a CO2 line with a higher lower-state energy.451
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