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We study the influence of the gravitational force on the generation of low-density channels of air left in the path of
femtosecond laser filaments at high repetition rate. We observe a more important density variation along the filament
longitudinal axis in the case of a vertically created filament as compared to a horizontal one. This leads to a more
important reduction of the electrical breakdown field using vertical filament. This geometry induced difference is only
observed at high repetition rate because it is directly related to the cumulative effect appearing above 100 Hz.

During the last decade, the development of laser technolo-
gies has allowed a new generation of terawatt lasers operat-
ing at very high repetition rates1,2 and a growing attention
has been devoted to the consequences of the high repetition
rate on various laser induced phenomena such as laser fila-
mentation in air3–7. This peculiar nonlinear phenomenon re-
lated to the propagation of ultrashort laser pulse with a peak
power exceeding a few Gigawatts leads to the creation of a
long and homogeneous plasma string in the wake of the laser
pulse8,9, which evolves to form a long-lived under-dense hot
gas channel10,11. Due to their long lifetime, the creation of
consecutive under-dense channels at high repetition rate leads
to a cumulative effect4,12–14 which can greatly increase their
efficiency for several applications such as the guiding of elec-
trical discharges15–19, laser cloud clearing20,21 or optical air
waveguide22,23. The same cumulative effect can also have a
detrimental effect, by reducing the plasma density24, or fila-
ment length and its emission in the Terahertz domain25.

While the appearance of the cumulative air density deple-
tion at high repetition rate has already been the object of sev-
eral studies4,6,7, a crucial unexplored parameter is the influ-
ence of the laser direction, since the buoyant force translates
each under-dense channel upward. When the laser propa-
gates horizontally, between each laser shot the buoyant force
slightly moves the under-dense channel away from the laser
path, resulting in a cumulative channel with a typical asym-
metric shape4. In this case, provided the repetition rate ex-
ceeds 100 Hz, all consecutive channels contribute but do not
fully overlap because they are not aligned. By contrast, when
the laser propagates vertically, one can expect the buoyant
force to move each channel along the direction of the laser
path. In this case, each under-dense channel keeps the same
alignment and overlap with the previous ones, resulting in
a cumulative channel that keeps a circular shape, and has a
greater length and a greater density variation. The difference
between these two geometries is particularly relevant for at-
mospheric applications where the beam propagation is mainly
vertical, while laboratory experiments are often conducted
horizontally.

In this paper, we characterize the cumulative under-dense
channel created by a high-repetition rate laser with both ver-
tical and horizontal propagation directions and compare the
results to hydrodynamic numerical simulations of the air evo-
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FIG. 1. Experimental setup. A mJ-level femtosecond laser with a
repetition rate of 1 kHz, a central wavelength of 800 nm and a pulse
duration of 35 fs is focused in air and creates a cm-long filament. The
laser propagation is set so that both vertical and horizontal filaments
can be created. For both geometries, the resulting low air-density
channel is probed by a nanosecond laser beam coupled to a Phasics
SID4 wavefront sensor, which records a two-dimensional map of the
phase shift induced by the density variation. For discharge guiding
measurements, two flat electrodes separated by a distance of 1 cm
and pierced in their center to let the filament pass through are placed
at different positions along the filament longitudinal axis and con-
nected to a pulsed high-voltage generator.

lution. We then measure for these two geometries the break-
down voltage reduction produced by the filament and show
that the vertical geometry leads to a greater reduction. Finally,
we analyze the effect of the laser repetition rate, showing that
the dependence to geometry is only present at high repetition
rate.

Using a laser system delivering pulses centered at 800 nm
with an energy of 0.8 mJ, a pulse duration of 35 fs at a repe-
tition rate of 1 kHz focused at f/200, we measured using the
setup presented in Fig.1 the phase shift linked to the density
variation induced by the under-dense channel 100 µs after the
last laser pulse for both cases of the laser propagating hori-
zontally and vertically. The 100 µs delay was chosen to ensure
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FIG. 2. Phase shift induced by the filamentation of a 1 kHz laser
creating 0.8 mJ, 35 fs pulses focused at f/200 in the case of a laser
propagating vertically (a) and a laser propagating horizontally (b),
measured 100 µs after the last laser pulse and averaged over 100 mea-
surements. Comparison between the measured and simulated phase
shift along the filament axis for both a vertical (c) and an horizontal
filament (d).

that the system has reached a steady state and that the shock-
wave generated by the last laser pulse has exited the study
area. The result, presented in Fig.2 (a-b), confirms our ex-
pectancies: In the case of the laser propagating horizontally,
a significant heating is seen away from the filament longitu-
dinal axis due to the buoyant force moving the consecutive
channels upward, while the heated zone stays on the filament
longitudinal axis in the case of the laser propagating vertically.
Consequently, the phase shift, and thus the density reduction,
is important over a longer distance in the case of a vertical
filament.

To explain the difference between these two geometries,
we simulate the air hydrodynamic evolution occurring after
each under-dense channel has reached pressure equilibrium
with the ambient air at temperature Tamb

12. Due to thermal
diffusion, each channel will slowly decay on a millisecond
timescale and will move due to the buoyant forces. Using a
cartesian coordinate system (x,y,z) defined such as z is the
filament longitudinal axis in the case of a horizontal filament
and y is the vertical axis, thus corresponding to the filament
longitudinal axis in the case of a vertical filament, the tem-
poral temperature evolution of each under-dense channel can

be modeled as Thoriz/vert(x,y,z, t) = Tamb+∆Thoriz/vert(x,y,z, t)
with
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where α is the thermal diffusivity of air, ∆T0 the peak temper-
ature change of the initial Gaussian temperature distribution,
R0 the initial filament radius, L0 its initial length and v(t) the
speed at which the channel moves upward due to the buoyant
forces described as

v(t) = (1− Tamb +∆T0

Tamb
)×g× t, (3)

where g is the acceleration of gravity. Because we can con-
sider that pressure equilibrium is maintained during the stud-
ied phase of the temperature evolution, the density and tem-
perature change are linked as

∆n
namb

=−
∆Thoriz/vert

Tamb
, (4)

where namb is the ambient air density.
From these expressions, we calculate the phase shift in-

duced by the density variation integrated along the x axis as it
measured by our setup, when creating filament at a repetition
rate f for both the horizontal and vertical configurations:

∆φhoriz/vert(y,z, t) =

−2πβ

λ
×

∞

∑
i=0

∫ ∆Thoriz/vert(x,y,z, t +
i
f )

Tamb
dx, (5)

where β = 2.7 × 10−4 is the Gladstone-Dale constant, and
λ the wavelength of the probe laser26. The values used for
both L0 and R0 are retrieved from experiments conducted at
low repetition rate where a single under-dense channel can
be characterized and the value of ∆T0 is chosen as 250 K to
best fit our current measurement. The comparison between
the simulation of the integrated phase shift along the filament
longitudinal axis and the measurement shows a good agree-
ment, as presented in Fig.2 (c-d) and validates our model for
both horizontal and vertical geometries. The small discrep-
ancy may arise from the assumption of a gaussian temperature
evolution along the filament axis. In reality, while the edges
of the filament follow a Gaussian pattern, its central portion
appears flatter in terms of temperature distribution.

The reduction of the breakdown voltage produced by a laser
filament is mainly due to the reduction of the gas density pro-
duced by the filament27,28. Because reducing the gas density
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FIG. 3. (a) Comparison between the measured reduction of the
breakdown voltage (dashed line) and the mean simulated density
variation between the two electrodes (full line), at different positions
along the filament longitudinal axis for a vertical (green line) and a
horizontal filament (violet line), measured at a laser repetition rate of
1 kHz, with ∆Ubd the difference between the measured breakdown
voltage in presence of the filament and the natural breakdown volt-
age U0. (b) The mean simulated density variation for a repetition
rate of 10 Hz, 500 Hz and 1 kHz are presented for both geometries
for comparison.

increases the mean free path of the free electrons, the local
breakdown field of a Townsend discharge is directly propor-
tional to the gas density. As a consequence a longer and
more important density variation along the filament longitu-
dinal axis in the vertical geometry should lead to a greater
breakdown voltage reduction over a longer distance. To verify
this hypothesis, we added to the setup two flat electrodes sep-
arated by a distance of 1 cm and pierced in their center to let
the filament pass through. We measured the breakdown volt-
age between them in the presence of the filament while mov-
ing the electrodes along the laser path, to quantify the spatial
evolution of the breakdown voltage reduction. These mea-
surements were repeated for both cases of a horizontal and a
vertical filament.

The results, presented in Fig.3 (a), show that the reduction
of the breakdown voltage is indeed more important in the case
of a vertical filament and occur over a longer distance. The
maximum reduction reaches 54 % for the vertical filament and
only 43 % for the horizontal filament. The full widths at half
maximum (FWHM) of the spatial evolution of the breakdown
voltage reduction are 5.2 cm and 4 cm for the vertical and
horizontal filaments, respectively. If we consider the mean
breakdown voltage reduction over the whole filament, an in-
crease of 63 % of the breakdown reduction is measured in the
case of a vertical filament.

Using the previously described model, we simulate the
mean value of the density variation ∆n

namb
between the two elec-

trodes along the filament longitudinal axis and compare it to
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FIG. 4. Measured reduction of the breakdown voltage at different
position along the filament longitudinal axis for both a vertical and
horizontal axis, measured at (a) 1 Hz and (b) 100 Hz, with Ubd the
measured breakdown voltage in presence of the filament and U0 the
natural breakdown voltage.

the reduction of the breakdown voltage ∆Ubd
Unaturalbd

measured at
these same positions. The comparison, presented in Fig.3,
shows a good agreement between the simulation and the mea-
surement. If we calculate the increase in the integrated reduc-
tion of density, an increase of 56 % for the vertical filament
compared to the horizontal one is observed, similar to the in-
crease observed in the integrated breakdown reduction. The
mean simulated density variation for a repetition rate of 10
Hz and 500 Hz is also presented in Fig.3 (b) showing that this
effect of filament orientation is absent at 10 Hz, and progres-
sively increase with the laser repetition rate.

Finally, we analyzed the influence of the laser repetition on
this effect. A measurement of the reduction of the breakdown
voltage was conducted using a 14 mJ, 50 fs laser pulse focused
at f/100 and operating at repetition rates of 1 Hz and 100 Hz.
100 Hz corresponds to the lower repetition rate at which a cu-
mulative effect starts to be observed, while none is present at
1 Hz4. The result, presented in Fig.4, shows no difference
between the vertical and horizontal configurations for a rep-
etition rate of 1 Hz. This is consistent with our explanation,
because no cumulative effect that would create a difference
between the two configurations is present in this case. On the
contrary, at a repetition rate of 100 Hz the breakdown volt-
age reduction is larger and more extended in the case of the
vertical filament.

In conclusion, we have shown that high repetition rate laser
filamentation generates a more important air density deple-
tion when the filaments are created in the vertical direction, as
compared to the horizontal direction. This is due to the align-
ment of the laser propagation axis with the direction of the
gravitational force. We have characterized and simulated the
induced density depletion as well as the resulting reduction
of the breakdown voltage in both geometries, reporting in the
vertical configuration an increase of the density depletion and
breakdown voltage reduction of 63 % and 56%, respectively.
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We also demonstrate that this difference is due to the cumula-
tive effect since it disappears at low laser repetition rate. This
effect should play a major role in the efficiency of several ap-
plications of filamentation such as the laser lightning rod19.
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