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The escape velocity equation derived in general relativity theory, can only be a good approximation when the escape velocity is far less than c, which the relativistic effect is negligible. It significantly far less accurate, for a gravitational body with a radius at which the escape velocity is close to c, where relativistic effect is noticeable, such as at a black hole. To address this problem, we investigate & re-analyse the derivations of the escape velocity equation. This approach leads to the derivation of new gravitational equations: relativistic escape velocity and relativistic schwarzschild radius. Further analysis that, it seems could resolving the black hole paradoxes.

The so called, the escape velocity and Schwarzschild radius [START_REF] Schwarzschild | Über das gravitationsfeld eines massenpunktes nach der einsteinschen theorie[END_REF] [START_REF] Schwarzschild | Über das gravitationsfeld einer kugel aus inkompressibler ussigkeit nach der einsteinschen theorie[END_REF] , which derived in the general relativity theory [START_REF] Einstein | Näherungsweise integration der feldgleichungen der gravitation[END_REF] , could be traced back to Michell [START_REF] Michell | On the means of discovering the distance, magnitude &c.of the fixed stars, in consequence of the diminution of the velocity of their light, in case such a diminution should be found to take place in any of them, and such other data[END_REF] in 1784 and Newton [START_REF] Newton | Philosophiae Naturalis Principia Mathematica[END_REF] in 1686. It's simply derived using the lagrangian mechanic approach, where the total energy up is equal to the total energy down, in other words that, the total kinetic energy is equal to the total gravitational potential energy.
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The escape velocity equation above, can only be a good approximation when the escape velocity is far less than c, which the relativistic effect is negligible. It significantly far less accurate, for a gravitational body with a radius at which the escape velocity is close to c, where relativistic effect is noticeable, such as at a black hole.

There have been many proposals, included by Haug [START_REF] Gaarder | A New Full Relativistic Escape Velocity and a New Hubble related Equation for the Universe[END_REF] and others, to use
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2 (the classical kinetic energy) within that equation.

In modern high energy particle accelerators, the resulted predictions of
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The relativistic kinetic energy equation derived by Einstein [START_REF] Einstein | On the electrodynamics of moving bodies[END_REF] in 1905. The correlated equations, such as: relativistic momentum derived by Planck [START_REF] Planck | Das prinzip der relativität und die grundgleichungen der mechanik[END_REF] in 1906, and also relativistic mass derived by Lorentz [START_REF] Lorentz | Electromagnetic phenomena in a system moving with any velocity less than that of light[END_REF] in 1904, these altogether, leads to the derivation of equivalent new relativistic equations by Rybczyk [START_REF] Rybczyk | The Ultimate Clarification of Relativistic Kinetic Energy[END_REF] [10] in 2016, and by Tolano [START_REF] Tolano | Refining The Special Relativity Theory: Exact Solutions of Relativistic Equations for the momentum, kinetic energy, wavelength and frequency of an electron[END_REF] in 2022.

Relativistic Escape Velocity & Relativistic Schwarzschild Radius
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We rearranged and simplified to obtain
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We simplified to obtain
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It's the Relativistic Escape Velocity equation.

Interpretation and Discussion

The interpretation that, these are shown that the escape velocity is always less than c, therefore light can always escape, although much slower or requiring more time to escape, due to extremely strong gravitational effect (very highly curved spacetime) within and around the event horizon.

Furthermore, as a consequence that, theoretically it prove or at least in support of, both the black hole firewall theory [START_REF] Almheiri | Black holes: complementarity or firewalls?[END_REF] and the Hawking radiation [START_REF] Hawking | Particle creation by black holes[END_REF] , as well as solving its related paradox & problem: the black hole information paradox [START_REF] Polchinski | The Black Hole Information Problem[END_REF] and the trans-planckian problem [START_REF] Brout | Hawking radiation without trans-Planckian frequencies[END_REF] . The other side, theoretically it also disprove or against both the black hole complementarity theory [START_REF] Susskind | The Stretched horizon and black hole complementarity[END_REF] and the fuzzball theory [18] [19] .

We could postulate that, all the mass-energy is concentrated/ located within and around the event horizon (both outside & inside), therefore there is no singularity in the center of black hole; and any particle that move across the center, would be pushed/ pulled moving toward the edge (the event horizon itself).

There are two main aspects, that could be observed as the evidence:

1. The Spin/ Rotation Speed & Angular Momentum. 2. The Size Ratio of Photon Sphere & Schwarzschild Radius.

The smaller black hole rotate faster, stronger angular momentum, and thus higher escape velocity, that leads to the smaller size ratio of the photon sphere & schwarzschild radius.

The bigger black hole rotate slower, weaker angular momentum, and thus lower escape velocity, that leads to the bigger size ratio of the photon sphere & schwarzschild radius.

Summary of Gravitational Equations

Escape Velocity Classical Relativistic
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Conclusion

We remark that these simple in-depth analysis, are interesting enough to be presented to the scientific community of theoretical physicists. These are simplifying the principles of gravity, so that the mathematical treatment of general relativity could be far simplified and properly corrected. Further, these are also shown to be in full agreement with both special & general relativity theory, which provides us with the compelling arguments that it must be the correct formula for the escape velocity and schwarzschild radius.

If these findings are proven correct, our view of the gravitational theory, will be profoundly affected, It may uncover currently misunderstood aspects of gravity, and a much better understanding will lead us to the proper law of gravity.

It's apparently that, it will be difficult to prove which one is correct even by use of both observation and experimental, such evidence may be difficult to obtain, however these could be used in mathematical computer models to verify the conclusions given in this work.