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For laser processing applications and creation of mi-
crostructures inside dielectric materials, focusing of fem-
tosecond gaussian pulse within the bulk of these ma-
terials is commonly used. The laser energy is mainly
absorbed in the focal spot due to the nonlinear feature
of the laser-dielectric interaction. Recently, in order to
get further control on the laser energy absorption, the
spatiotemporal focusing technique, for which the pulse
duration evolves in the course of propagation, have been
introduced. However, the spatiotemporal focusing also
leads to an inclination of the wavefront, the pulse-front
tilt. In this work, the influence of the pulse-front tilt
on the pulse propagation and interaction is studied by
solving numerically the Maxwell’s equations coupled
to the laser induced electron dynamics in dielectrics.
The qualitative behavior of the energy absorption, and
geometric features of the resulting absorption volume
are presented. By varying the laser intensity and pulse-
front-tilt, both the aspect ratio and symmetry of absorp-
tion volume are changed. A simple model predicting
the evolution of this aspect ratio is provided. © 2022

Optical Society of America

http://dx.doi.org/10.1364/ao.XX.XXXXXX

1. INTRODUCTION

Using femtosecond laser pulse to perform 3D micro- or nano-
structures inside dielectric materials is of large interest for a
wide range of applications, such as micro- and nano-photonics
or micro- and nano-fluidics [1–3]. Due to the short pulse dura-
tion associated to the nonlinear feature of the laser-dielectric in-
teraction process, focusing femtosecond laser pulses in the bulk
of a dielectric makes possible to confine the laser energy absorp-
tion to the focal volume inside the material without damaging
the surface. Depending on the laser pulse parameters, different
material modifications can be induced, ranging from localized
refractive index modifications to formation of nanovoids [1].

The laser micromachining of dielectric material results from
laser ionization of valence band electrons toward conduction
band, which will then absorb the incident laser energy before
transferring it to the lattice. As a result, the irradiated matter can

undergo phase transitions or structural modifications, leading to
a localized structure. Due to the large band gap between valence
and conduction bands, the absorption of light is nonlinear and
occurs when the laser intensity becomes greater than a threshold
intensity of the order of 10 TW/cm2 [4]. Due to this nonlinear
feature, the absorption volume and the resulting structure shape
can be controlled by adjusting the laser parameters. Usually, the
desired in-depth dielectric material modification is obtained by
tuning the laser pulse duration, the pulse energy, the focusing
numerical aperture (NA), the number of laser pulses or the
spatial beam profile [5]. More recently, temporal focusing has
been introduced to provide a new degree of freedom to manage
the interaction [6] and control the absorption volume shape [7].

The spatiotemporal focusing technique, or simultaneous spa-
tial and temporal focusing (SSTF), initially developed for two-
photon microscopy [8], have been proposed to provide a better
absorbed energy localization during in-bulk interaction [9]. Us-
ing this promising technique, the pulse duration decreases in the
course of propagation toward the focal spot where it is minimal,
providing an additional degree of freedom on the pulse intensity
evolution. Several systems can be used to achieve spatiotem-
poral focusing, as presented in Ref. [10]. The ultra-short laser
pulse broad spectrum undergoes angular dispersion, generally
induced by a diffraction grating, that leads to spatial dispersion
perpendicular to the propagation axis, i.e spatial chirp (SPC),
during the pulse propagation. The wavelengths are spatially sep-
arated and the pulse local bandwidth is reduced, thus increasing
its duration. After the beam collimation, an objective lens fo-
cuses the laser pulse, progressively overlapping the wavelengths
and leading to the temporal focusing. The angular dispersion is
also responsible for the appearance of a space-time inclination
of the pulse-front, i.e. the so-called pulse-front tilt (PFT), and
a wave front rotation (WFR) [11]. The presence of a PFT in the
focal plane of the objective lens was shown to be an inherent
feature of the SSTF technique, and cannot be compensated by in-
troducing an input PFT in the system [12]. The PFT can influence
the laser energy deposition, especially the shape and symmetry
of the absorbing region [13]. The WFR was shown to also mod-
ify the interaction [14]. However, both are usually neglected to
explain the observed resulting structures shapes [7, 15].

The present work aims at giving a qualitative understanding
of the SSTF technique for in-bulk dielectric material modifica-
tions, by emphasizing the fundamental role of both the PFT and
the pulse energy on the size and shape of the laser energy ab-
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sorption volume. The propagation of such a laser pulse can be
modeled using a three dimensional (3D) Nonlinear Schrödinger
Equation [14]. However, it is valid only when light is scattered
at small angles, assuming an electron density lower than the
critical electron density. The 2D Maxwell’s equations provide
qualitative insight of the interaction [13], but are expected to
modify the laser absorption and the geometry of the energy de-
position. In this study, full 3D Maxwell’s equations coupled to
the electron dynamics are used to model the laser propagation
and interaction (ARCTIC code [16]). A NA of 0.3 is considered to
fulfill paraxial conditions in vacuum, and to develop the simple
analytical model of focused tilted laser pulse presented in the
manuscript. For higher numerical aperture, the paraxial approx-
imation is no longer valid and polarization effects must be taken
into account [17]. For this paraxial focusing condition, small
material modifications are expected with a single laser pulse.
Multi-pulse laser irradiation at high repetition rate must be used
for material structuring [18]. The case of a PFT without WFR
in the focal plane is considered as a representative case for the
present study. This configuration can be obtained by adjusting
the input temporal chirp before focusing, the laser pulse at the
focus exhibits a PFT as the only spatiotemporal coupling [6].
This choice limits the free parameters and allow us to focus on
the role of the PFT on the asymmetric interaction and to propose
a method for the control of the aspect ratio of the structure.

In Sec. 2, the theoretical framework for the modeling is pre-
sented. In Sec. 2.A, the laser pulse spatiotemporal dynamics
during SSTF is explained. Section 2.B presents the constitutive
equations for the interaction with dielectric material. In Sec. 3,
two main objectives are pursued, leading to two distinct studies.
First, in Sec. 3.A, we aim at giving a qualitative insight about
the interaction of a tilted femtosecond laser pulse within the
bulk of fused silica. For this purpose, a numerical parametric
study is achieved, using the Maxwell-solver code ARCTIC [16].
The absorption of the laser energy and the resulting asymmetry
of the laser induced material modification are then discussed
for various pulse energies and PFT. Then, in Sec. 3.B, a similar
study is achieved for various pulse intensities near the interac-
tion threshold, around 20 TW/cm2 for fused silica [4]. The laser
energy is lower compared with [13] and [14] because we seek for
an energy deposition close to the focal spot, leading to smaller
simulation domain. The geometric features of the absorbing
region, i.e there dimensions and shapes, are investigated. An an-
alytical expression is proposed in order to predict the deposited
energy aspect ratio while using spatiotemporal focusing.

2. MODELING AND ASSUMPTIONS

This section presents the theoretical background for modeling
the propagation of a spatio-temporally focused femtosecond
laser pulse within dielectric material. First, the description of
a focused femtosecond laser pulse exhibiting a PFT in the focal
plane, is presented in Sec. A. The corresponding electric field will
be introduced in the ARCTIC code [16] solving the Maxwell’s
equations coupled to electron dynamics in dielectric material,
which is presented in Sec. B.

A. Dynamics of focused titled laser pulse
By considering a laser pulse propagating along the x axis and
exhibiting a spatiotemporal coupling along the z axis, the general
form of the laser electric field envelop in the focal plane (x = 0)
is given by [11]

E(x = 0) = E0 exp
[

Qyyy2 + Qzzz2 + 2Qztzt − Qttt2
]

, (1)

where E0 is the peak amplitude of the electric field, the com-
plex parameters Qyy and Qzz account for both beam width and
curvature, Qzt for the spatiotemporal couplings, and Qtt for
the pulse duration and temporal chirp. Note that only first or-
der spatiotemporal couplings are considered, which is valid for
relatively long pulse duration and/or moderate chirp at the
objective lens. Especially, the second order spectral chirp, re-
sponsible for the further intensity localization for short enough
laser pulses [10], is neglected. The real and imaginary part of
Qzt represent the PFT and WFR, respectively [11]. Since only
a PFT is considered in the focal plane in the present study, the
parameters Qyy, Qzz, Qzt and Qtt are real for x = 0, and Qzt
represents the PFT. The corresponding laser electric field in the
focal plane then reads:

E(x = 0) = E0 exp
[
−(y2 + z2)/w2

0 + 2Qztzt − t2/τ2
0

]
, (2)

where w0 is the beam waist and τ0 the pulse duration. It is
convenient to introduce the dimensionless parameters ȳ = y/w0,
z̄ = z/w0, t̄ = t/τ0 and γ = 1 − (w0τ0Qzt)

2, and write the
electric field as

E(x = 0) = E0 exp
(
−ȳ2 − z̄2 + 2

√
1 − γ, z̄t̄ − t̄2

)
. (3)

Note that 0 < γ ≤ 1 is required for the consistency of the field in
Eq. (3), γ ≤ 0 leading to split the pulse, γ = 0 to an infinite PFT,
and γ > 1 to a complex value of Qzt. The limiting value of the
coupling term is then Qzt < 1/(w0τ0), indicating the intuitive
idea that the PFT is limited by the pulse duration and beam
width. It is obvious at this point that the parameter γ drives the
whole spatiotemporal evolution of the laser pulse.

To describe the dynamics of the considered laser pulse, the
general form of the electric field envelope for every x position
can be obtained by directly solving the paraxial wave equation
[19] within the slowly varying envelope approximation for the
electric field (3). The electric field evolution reads

E = E0 f (x̄) exp
[
− f (x̄)(ȳ2 + z̄2)

]
× exp

[
2 f (x̄)

√
1 − γz̄t̄ − f (x̄) (1 + iγx̄) t̄2

]
, (4)

where f (x̄) = 1/(1+ ix̄), and x̄ = x/xR, where xR = n0πw2
0/λ0

is the Rayleigh length for the laser wavelength λ0 and optical
index n0. For the considered laser pulse, the spatiotemporal
intensity I = 1

2 n0ϵ0c0|E|2 profile is obtained from Eq. (4),

I =
I0

w̄2(x̄)
exp

[
−2(ȳ2 + z̄2)

w̄2(x̄)
+

4
√

1 − γz̄t̄
w̄2(x̄)

− 2t̄2

τ̄2(x̄)

]
, (5)

where I0 = 1
2 n0ϵ0c0E2

0 , and w̄(x̄) = w(x̄)/w0 and τ̄(x̄) =
τ(x̄)/τ0 are the relative pulse waist and duration evolution
along the propagation axis, respectively. Those parameters are
defined as the 1/e intensity width at x, in the spatial domain for
w̄(x̄) and in the temporal domain for τ̄(x̄), and reads:

w(x̄) = w0

√
1 + x̄2, (6)

τ(x̄) = τ0

√
(1 + x̄2)/(1 + γx̄2). (7)

The spatiotemporal coupling term γ in Eq. (7) induces an evo-
lution of the pulse duration during the laser pulse propagation
toward the focal plane. For higher values of the coupling Qzt,
leading to γ → 0, the pulse duration follows the same relative
evolution as the beam waist.
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Fig. 1. Pulse duration evolution along the propagation axis x̄ = x/xR,
normalized by the focal plane pulse duration, for various values of the
coupling term Qzt.

Fig. 2. Spatiotemporal intensity distribution in the focal plane for a 1
µm, 150 fs pulse (FWHM), tilted along the z axis with Qzt = 7.15 10−3

f s−1µm−1, (left panel) intensity profile in the (y, t) domain, (right
panel) intensity profile in the (z, t) domain.

Note that the longitudinal evolution of the intensity described
by Eq. (5) does not depend on the coupling term γ, indicating
that no further intensity localization is obtained for the boundary
condition Eq. (3) where only first order spatiotemporal coupling
was considered. This has been confirmed by solving the electric
field propagation in the spatial and temporal Fourier domains.

The evolution of the relative pulse duration τ̄(x̄) along the
propagation axis x̄ is presented in Fig. 1 for three different values
of Qzt (see Eq. (2)). The full width at half maximum (FWHM)
pulse waist and duration are 1 µm and 150 fs, respectively. The
considered coupling term values are Qzt = 0 (corresponding
to a gaussian pulse without PFT), Qzt = 7.15 × 10−3 fs−1µm−1,
and Qzt = 8.31 × 10−3 fs−1µm−1. The focal plane is located
at x̄ = 0. The pulse duration increases with the distance from
the focal spot in the presence of the spatiotemporal coupling.
At x̄ = −3.5, the temporal stretch α = τ(x̄)/τ0 is α = 1.5 for
Qzt = 7.15 × 10−3 fs−1µm−1, and α = 2 for Qzt = 8.31 × 10−3

fs−1µm−1. As expected, for a given waist and duration, higher
PFT, represented by higher values of Qzt, leads to a stronger
evolution of the pulse duration. The spatiotemporal intensity
distribution in the focal plane is presented in Fig. 2 for z = 0
(left panel) and y = 0 (right panel). The intensity profile domain
clearly exhibits a tilt in the (z, t) plane. The PFT angle is defined
as the angle of the intensity distribution in the (z, t) domain
[11], and is θPFT = (1 − γ)τ0/w0. In the focal plane, the beam
waist along the y direction at z = 0 is the same as the beam
waist along the z direction at y = 0, indicating the beam is
cylindrical. However, due to the PFT, the transverse extension
in the z direction for an instant t ̸= 0 is larger than its extension
in the y one for the instant t ̸= 0. From the temporal point of
view, the part of the pulse in the domain z < 0 will crosses
the focal plane before the part of the pulse in the domain z >
0. During the interaction with the material, different electron
dynamics are thus expected in the (x, y) plane and in the (x, z),
contrary to conventional cylindrical gaussian pulse. Another
way to characterize the influence of the PFT on the beam spatial

Fig. 3. Normalized laser fluence in the transverse-longitudinal do-
main for a gaussian pulse (a), chirped pulses along the z axis with
Qzt = 7.15 10−3 f s−1µm−1 (b) and Qzt = 8.31 10−3 f s−1µm−1 (c). The
pulse propagates from the left to the right.

distribution is to consider the laser fluence. Since the fluence
is the integrated intensity over time, it represents the average
influence of the PFT. By integrating Eq. (5),

F =
F0/

√
γ

w̄(x̄)w̄e f f (x̄)
exp

[
− 2ȳ2

w̄2(x̄)
− 2z̄2

w̄2
e f f (x̄)

]
, (8)

where F0 =
√

π/2I0τ0 and we f f is the effective radius defined
as the 1/e fluence transverse extension along the z axis :

we f f (x̄) = w0

√
(1 + γx̄2)/γ. (9)

It clearly appears that the laser fluence in the (y, z) domain
exhibits an elliptic shape due to the spatiotemporal coupling.
The difference between both transverse fluence distributions due
to the spatiotemporal coupling indicates that the laser fluence
transverse extension is longer in the z direction than in the y one.
The normalized laser fluence in the (x, z) domain is presented in
Fig. 3 for a gaussian pulse (Qzt = 0) (a) and chirped pulses with
Qzt = 7.15 10−3 f s−1µm−1 (b) and Qzt = 8.31 10−3 f s−1µm−1

(c). The FWHM beam waist and duration are 1 µm and 150 fs,
respectively. For each pulse, contrary to the intensity, the laser
fluence is symmetric along the z axis. However, the chirped
pulse has a larger transverse extension, increasing with the Qzt
value, i.e with the PFT. This extension shows the possibility to
control the transverse size of the fluence profile by adjusting
the PFT, and to control the aspect ratio of the laser induced
material modifications. Finally, the longitudinal extension of the
fluence profile is also extended, due to the variation of the pulse
duration with the longitudinal coordinate x.

B. Laser propagation and interaction with dielectric materials
The propagation of a single femtosecond laser pulse in fused
silica is performed in 3D using the Maxwell solver code ARCTIC
[16] accounting for the material evolution during the laser propa-
gation. In the ARCTIC code, the Maxwell equations are coupled
to a two-temperature model including the electron dynamics.
The equations are discretized in the three spatial dimensions by
means of Yee scheme [20], and the simulation domain includes
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Bérenger’s Perfectly-Matched-Layer absorbing boundary con-
dition [21]. Since a femtosecond laser pulse interaction with
dielectric material is considered, hydrodynamic relaxations and
thermal conduction are neglected during the matter heating
process, their characteristics timescales being in the ps and µs
range, respectively [4].The electric field E⃗ and magnetic field B⃗
evolutions are calculated by solving the Maxwell equations

∇∧ E⃗ = −∂tB⃗, (10)

µ−1
0 ∇∧ B⃗ = J⃗e + J⃗i + ∂tD⃗, (11)

with µ0 the vacuum permeability, J⃗e = −eneu⃗e the electron
current density (ne and u⃗e are the electron density and velocity,
respectively), and Ji the effective ionization current [22]. The
electric displacement D⃗ account for linear χ(1) and nonlinear
χ(3) dielectric susceptibilities:

D⃗ = ϵ0

[
1 + (nn/nBV)

(
χ(1) + χ(3)|E⃗ |2

)]
E⃗ , (12)

where ϵ0 is the vacuum permittivity, nn is the neutral density and
nBV the initial neutral density. These equations are coupled to a
two-temperature fluid model describing the electron dynamics
and lattice heating. The equations for the density, momentum
and energy of conduction band electrons are written as:

∂tne = WPI + WCol − ne/τr, (13)

∂tu⃗e = −eE⃗/me − u⃗eνe, (14)

∂t(neξe) = meneu2
e νe − 3/2UgWCol − γel(Te − Tl), (15)

where WPI is the photoionization rate calculated from the
Keldysh model [23], WCol is the collisional ionization rate de-
scribed by using the Keldysh impact formula [24], τr is the
characteristic time of electron recombination, me is the electron
mass, νe is the electron collision frequency and Ug is the material
bandgap. Note that solid fused silica was shown to present a
band structure through ab initio calculations and experimental
investigations [25]. Indeed, fused silica exhibits a local order de-
spite its amorphous structure, allowing one to use the Keldysh
theory to describe the photoionization process. The electron-
lattice coupling term is γel = (3/2)nekB/τel , where τel is the
electron-lattice relaxation time and the electron temperature is
Te = 2ξe/(3kB). The electron energy density in Eq. (15) neglects
thermal diffusion process, because of the picosecond lifetime of
the conduction electrons, which leads to a maximum diffusion
length of less than 1 nm, considering electrons with an energy of
a few eV. These maximum values are much smaller than the mi-
crometer dimension of the beam waist. The lattice temperature
Tl is given by

Cl∂tTl = γel(Te − Tl). (16)

with Cl the lattice heat capacity. The total energy density Ul ab-
sorbed by the material is calculated at the end of the simulation,
at 2 ps, with the expression Ul = Cl Tl . At this time, the electron
density is close to zero because of the electron recombination,
such that no further energy transfer from the electrons to the lat-
tice is possible. Note that the lattice temperature is not calculated
as the total absorbed energy divided by Cl , because radiative
electron recombination is considered. In this case, the energy
transferred to the lattice only corresponds to the laser energy
absorbed by the electrons. The ionization energy is assumed
to be lost during processes like light emission or self-trapped
exciton formation [26].

3. SIMULATIONS OF LASER STRUCTURING IN FUSED
SILICA

The propagation of a single chirped pulse within fused silica
is now considered by using the ARCTIC code presented above.
The laser and material parameters used for simulations are pre-
sented in Tab. 1. The FWHM beam waist

√
2 ln 2w0 = 1 µm

corresponds to the numerical aperture NA = λ0/w0π ≃ 0.3.
The electron collision frequency and recombination time, and

the electron-lattice relaxation time are set to constant values,
with a reasonable order of magnitude [27]. For low pulse energy
and numerical aperture, leading to a few eV electron energy
[28] and a lattice heating below modification threshold, only
smooth variations of these parameters are expected. The present
study aims at investigating the influence of the spatial chirp on
the behavior of the energy deposition. Small variations of the
electron collision and relaxation time are thus not expected to
significantly modify the results, and the shape of the energy
deposition is mainly correlated to the electron density evolution
(within the Drude model). Concerning the recombination pro-
cess, the decay of the conduction band electrons in fused silica
is a complex process, and may take place by radiative recom-
bination with the emission of photons or defect formation like
non-bridging oxygen-hole and self-trapped excitons [26]. Like in
the main numerical studies on the laser-dielectric interaction, we
choose to model the recombination rate by a single exponential
decay term associated to the formation of self-trapped excitons
as observed in experiments [29].

The chirp is along the z axis and the considered time do-
main for a simulation depends on the chirp parameter. It is
adjusted such that the instant where the peak intensity of the
laser pulse reaches the calculation domain (x = xb), is twice the
FWHM pulse duration at the boundary, i.e 2

√
2 ln 2τ(xb), with

τ(xb) given by Eq. (7). Simulations are stopped when all the
conduction electrons recombined. For the gaussian pulse, the
peak intensity of the pulse reaches the boundary of the domain
300 fs after the beginning of the simulation, and the simulation
lasts for 1 ps. For the most chirped pulse, it is 900 fs and the
simulation is around 2 ps. The laser field in Eq. (2) is propagated
in the material (n0 = 1.45) without interaction in temporal and
spatial Fourier spaces to the boundary x = xb using the method
presented in both Refs. [30, 31], allowing one to consider any
field distribution at the focus. The solution is then injected as a
boundary condition in the ARCTIC code.

Note that the maximum considered pulse energy is 250 nJ. It
corresponds to an initial pulse power of 1.82 MW, which is below
the critical power Pcr = 2.8 MW for self-focusing in fused silica
[32]. To decrease the numerical cost of simulations, the nonlinear
dielectric susceptibility χ(3) is thus neglected in Eq. (12).

The numerical box size for simulations is 20 µm along the
propagation direction x, and 16 µm in both transverse directions
y and z. The spatial resolution of 5 nm and temporal resolution
of 0.05 fs insure the numerical convergence. The laser boundary
conditions are located at xb = −14.5 µm, and x = 0 corresponds
to the focal plane, accounting for the fused silica refractive index.

The PFT in the focal plane could be represented by several
parameters, like Qzt or γ. For this purpose, the asymptotic
temporal stretch α∞ is now introduced, and defined as the en-
hancement factor of the pulse duration τ(x)|x≫xR /τ0, at infinite
distance from the focal plane

α∞ = 1/
√

γ. (17)
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Table 1. Laser and material parameters used in simulations [27, 33]

.

Parameter Symbol Value

Laser wavelength λ0 800 nm

FWHM beam waist
√

2 ln 2w0 1 µm

FWHM pulse duration
√

2 ln 2τ0 150 fs

Material density ρ0 2.2 g/cm3

Refractive index n0 1.45

Band gap Ug 9 eV

Lattice heat capacity Cl 1.6 J/cm3/K

Linear susceptibility χ(1) 1.11

Recombination time τr 150 fs

Electron collision frequency νe 3 fs−1

Electron-lattice relaxation time τel 1 ps

Fig. 4. Spatial distribution of the final lattice energy density in the
(x,z) domain, for different temporal stretches α∞ achieved during
spatiotemporal focusing, and for a 1 µm, 150 fs and 180 nJ laser pulse.

It pertains to an experimental observable since it represents the
ratio between the pulse duration before the focusing lens of
the system and the pulse duration in the focal plane. In the
following, this quantity will be used as a parameter representing
Qzt and thus the PFT, for given waist and duration.

Fig. 5. Spatial distribution of the final lattice energy density the (x,y)
domain at z = 0, for α∞ = 1, 2.26, and 4.71 achieved during SSTF, and
for a 1 µm, 150 fs and 180 nJ energy laser pulse.

A. Spatiotemporal coupling effect
In this section, the influence of the PFT on the laser energy
absorption is studied, depending of the incident pulse energy.
For this purpose, pulse energies W1 ≃ 125 nJ, W2 ≃ 180 nJ and
W3 ≃ 250 nJ are considered. For each pulse, the influence of the
PFT is studied by varying α∞. For an incident laser energy Wp,
the corresponding maximum laser intensity Ip at the focal point
is obtained by using Eq. (5),

Ip = (2/π)3/2Wp/w2
0τ0α∞, (18)

and decreases with increasing α∞ due to the spatial stretch in
the (x,z) plane induced by the spatiotemporal coupling term (see
Figs. 2 and 3). For a given initial laser energy, the maximum
laser intensity Ip is lower for spatio-temporally focused laser
pulse than for a simple gaussian pulse. For the considered pulse
energies, the related peak intensities in the focal plane for the
different α∞ values used in the simulations, are reported in Tab. 2.
The temporal enhancement factor α at xb, is also shown to make
clear the difference with α∞. In the present study, the PFT angle
θPFT can reach large values compared with the literature, since
it scales as τ0/w0 and because a relatively long pulse duration
is considered. With θPFT approaching τ0/w0, α∞ continue to
increase. In this work, the maximum value is α∞ = 8.45 with
θPFT = 170 fs/µm. The experimental work [8] reports α∞ ≃ 20,
for similar numerical aperture and half lower pulse duration,
corresponding to θPFT = 60 fs/µm. The higher angle in the
present study is related to the longer pulse duration, but the low
value of α∞ indicates this configuration should be achievable.

The spatial distribution of the final lattice energy density
in the (x, z) domain at y = 0 is presented in Fig. 4 for a 180
nJ pulse energy (corresponding to I2 intensities in Tab. 2 for a
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Fig. 6. Temporal evolution of the electron density for the 180 nJ laser pulse, with α∞ = 1.58 (left) and α∞ = 4.71 (right). The time t0 corresponds
to the time where the peak of the pulse reach the boundary of the domain at xb = −14.5 µm, t1 = t0 + α∞τ0/4 and t2 = t0 + α∞τ0/2. The pulse
propagates from left to right, the propagation axis is indicated by the horizontal dashed line.

Table 2. Spatiotemporal coupling term Qzt (in fs−1µ m−1), and
the associated asymptotic temporal stretch α∞, temporal enhance-
ment factor α at xb = −14.5 µm, and maximum laser intensities (in
TW/cm2) corresponding to pulse energy of 125, 180 and 250 nJ, used
in the simulations.

Qzt α∞ α I1 I2 I3

0 1 1 68.5 100 137

7.15 10−3 1.58 1.5 43.5 63.5 87

8.31 10−3 2.26 2 30 44 60

8.80 10−3 3.21 2.5 21 31 42

9.05 10−3 4.71 3 14 20 28

9.20 10−3 8.45 3.5 10 14 20

linear propagation) and various values of α∞. Note that the
intensity in Eq. (18) corresponds to linear approach, where Fig. 4
description refers to nonlinear. The maximum final lattice energy
density decreases as the temporal stretch increases due to the
decrease of the maximum laser intensity. For the gaussian beam
(α∞ = 1), the spatial distribution of final lattice energy exhibits
the well known tear-shaped energy deposition [34, 35]. With the
laser energy increasing, the beam cross section where the laser
fluence is equal to the threshold value shifts backward the beam
propagation direction. The ionized matter volume is stretched
upstream of the focal point resulting in an elongated energy
absorption volume.

Increasing α∞ in Fig. 4 leads to reduce the stretching of the
energy absorption volume along the propagation axis, while its
transverse dimension becomes larger. It also produces an asym-
metric energy distribution with respect to the (x, z) plane. As
the maximum laser intensity is lower due to the PFT, the motion
of the ionization front backward the laser pulse propagation
direction is reduced. At the same time, the spatial stretch of
the laser pulse due to the spatiotemporal coupling, induces an
expansion of the ionized matter volume along the PFT direction.

To explain the observed asymmetry of energy deposition in
Fig. 4, the evolution of the electronic density ne(x, z) at y = 0
during the laser pulse propagation for W2 and α∞ = 1.58 (left
panels) and 4.71 (right panels) is presented in Fig. 6. The electron
density is normalized to the critical density nc = 1.7× 1021 cm−3.
Time t0 corresponds to the time where the peak laser intensity is
at xb (left boundary of the simulation box), t1 = t0 + α∞τ0/4 and
t2 = t0 + α∞τ0/2. Before t = t0, the electron density develops
at the same position, with much lower value. After t = t2, the
electron density starts to fall. Note that considered times are
different, longer for α∞ = 4.71, due to the longer pulse duration
at xb. For α∞ = 1.58, t1 = t0 + 50 fs and t2 = t0 + 100 fs. For
α∞ = 4.71, t1 = t0 + 150 fs and t2 = t0 + 300 fs.

In both cases in Fig. 6, the ionization process starts in the
region z < 0 because of the PFT sign. At the focal spot, the ion-
ization threshold has been reached well before the peak intensity
of the laser pulse crosses the focal plane. For α∞ = 1.58, the ion-
ization starts closer to the optical axis due to the lower PFT. The
critical density is already reached for t0, between x = −2 µm
and 1.5 µm. Thereafter, the ionized region is shifted toward
the laser source like in the case of a gaussian pulse (see Fig. 4).
Because of the high electron density, and its vicinity with the
optical axis, the pulse propagation is strongly affected. The tail
of the laser pulse is defocused by the ionized matter. Conse-
quently the field in the region z > 0, corresponding to the latter
part of the laser pulse, produces fewer electron and undergoes
smaller absorption, leading to the asymmetric energy deposi-
tion observed in Fig. 4. This result is in agreement with the
counter-intuitive observation reported in [13], where a strongly
asymmetric interaction is observed even if the PFT is small.

For α∞ = 4.71 in Fig. 6, the electron density is lower at t0
and the ionized matter volume is farther below the optical axis
and closer to the focal plan, because of the high PFT angle and
lower maximum intensity. For longer times, the ionized region
moves over the optical axis leading to a more symmetric energy
deposition (see Fig. 4). The maximum electron density is always
lower than nc in the ionized matter, and the defocusing of the
laser pulse tail is lower.
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In the (x, y) domain, the absorption volume is always sym-
metric like in the gaussian case (see Fig. 5). However, a decrease
of the absorption volume is obtained due to the lower maximum
laser intensity, while the position of the maximum final lattice
energy is moved toward the front of the tear shape, as it was
explain previously. The 3D shape of the affected volume corre-
sponds to an ellipsoid which characteristic size in the y direction
is significantly shorter than the one in the two other directions.

Figure 7 presents (a) the total absorbed energy by the lattice
Wabs, (b) the affected volume Ve f f , (c) the effective absorbed
energy density by the lattice Ue f f and (d) the transverse asym-
metry of the affected volume as a functions of the temporal
stretch α∞ for the three considered incident pulse energies. The
total absorbed energy Wabs is normalized by the incident pulse
energy, and the effective volume of interaction Ve f f corresponds
to the material volume where the absorbed density is larger than
100 J/cm3. The effective absorbed energy density by the lattice
corresponds to the ratio of the total absorbed energy by the lat-
tice in the volume Ve f f and Ve f f . The transverse asymmetry
of the impacted region is defined as the relative difference of
the deposited energy between the region z < 0 and z > 0. A
positive asymmetry indicates that more energy is deposited in
the region z < 0, where the pulse first arrives. Note that the
100 J/cm3 value considered to determine Ve f f is much lower
than the threshold value required to induce significant mod-
ification (≈ 2.5 kJ/cm3 [36]), due to the considered focusing
conditions. A short burst of twenty pulses with a picosecond
delay could be employed to reach the threshold [37].

For each temporal stretch, the relative absorbed energy by
the lattice Wabs/Wp (Fig. 7(a)) increases with the incident en-
ergy, and for a fixed Wp value, it decreases with the increase of
α∞. The same trend is observed for the affected volume Ve f f
(Fig. 7(b)). For a given temporal stretch, increasing Wp leads to
increase the laser intensity Ip. Like for the gaussian beam, the
ionized volume is stretched upstream of the focal point, while
its transverse size increases. The absorption volume is wider,
and the absorbed laser energy increases. However, for a con-
sidered incident energy, the maximum laser intensity decreases
with increasing α∞. In this case, the ionized volume decreases,
leading to a lower laser energy absorption in the material.

For the three considered laser energy, the effective absorbed
energy density by the lattice Ue f f (Fig. 7(c)), first increases and
reaches a maximum which depends on the pulse energy. Then,
it decreases, more sharply for lower pulse energy. This result
indicates that the decrease of the total absorbed energy by the
lattice with α∞ can be compensated by the decrease of the im-
pacted volume. Therefore, depending on the pulse energy, the
localized energy deposition can be improved compared with
the gaussian case using a chirped pulse, without any further
intensity localisation.

The transverse asymmetry of the absorption volume is de-
fined as Win f /Wsup − 1, where Win f and Wsup are the total ab-
sorbed energy by the lattice in the regions z < 0 and z > 0,
respectively. It is shown in Fig. 7(d). It increases up to 12% when
a spatiotemporal coupling is introduced whatever the incident
laser pulse energy. Thereafter, the asymmetry decreases as the
temporal stretch increases. This decrease is sharper for lower
pulse energy. As it was explain previously, this asymmetry is in-
troduced by the matter ionized by the first part of the laser pulse
which disturbs the propagation of the laser pulse tail. This effect
is stronger for small α∞ due to the higher maximum laser inten-
sity. Note that the asymmetry for the gaussian pulse is not zero
because of the spatial resolution of the numerical simulations.

Fig. 7. Evolution of (a) absorbed laser energy, (b) maximum absorbed
energy density by the lattice, (c) effective volume, (d) effective ab-
sorbed energy density by the lattice and (e) asymmetry with the tem-
poral stretch α∞. The blue rounds corresponds to W1 = 125 nJ, the
orange crosses to W2 = 180 nJ and the green squares to W3 = 250 nJ.
The lines are guides to the eyes.

Fig. 8. Spatial distribution of the absorbed energy density the (x,z)
domain, for α∞ = 4.71, for a 1 µm, 150 fs, 50 TW/cm2 laser pulse.

These results show that using a high PFT leads to a better en-
ergy confinement near the focal point. However, if the incident
pulse energy is increased, the energy deposition area becomes
also highly inhomogeneous and asymmetric with a PFT (see
Fig. 8 where Wp = 310 nJ and α∞ = 4.71). The better confine-
ment obtained previously was induced by the maximum laser
intensity decrease with the PFT increase. In order to control the
aspect ratio of the structure, it is clear that higher values of α∞
restricts the intensity to near interaction threshold values.

It is worth-noting that the influence of the WFR was not
discussed in our analysis, as well as the group delay dispersion
(GDD) introduced by the material, which itself contributes to
the WFR. Indeed, even if the electric field in the focal plane
only presents a PFT (see Eq. (2)), a WFR exists for any other
longitudinal position (see Eq. (4)). The absence of both WFR
and GDD in our analysis should be justified regarding our laser
configuration. First, it was checked that the PFT angles in the
focal plane (x = 0) and at the domain boundary (x = xb), are
the same, due to the short distance between these positions. The
rotation of the wave-front is observed only far from the focal
plane (x ≫ xR). For this reason, the WFR do not play any role in
the asymmetric interaction in the present configuration, contrary
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to the results presented in Ref. [14]. The GDD can be evaluated
from the group velocity dispersion (GVD), i.e the GDD per unit
length. The GVD coefficient of fused silica is k2 = 35 fs2/mm for
λ0 = 800 nm [38]. The characteristics length for GDD can thus
be evaluated as τ2

0 /k2 ≃ 460 mm, which is significantly longer
than the 20 µm propagation distance considered in this study.

B. Controlling the aspect ratio of the absorbing region
From the previous section, it appears that the lower the pulse
energy, the more homogeneous the absorbing region (see fig-
ures 4 and 8). This suggests that homogeneous impacted area
are expected close to the ionization intensity threshold. Within
this configuration, the aspect ratio of the area, i.e. the ratio of
its length along the x axis (laser propagation axis) to its width
along the z axis (chirp axis), can be properly defined, contrary to
Sec. A where the inhomogeneous energy deposition prevented
from this definition. This section is mainly devoted to study the
evolution of this aspect ratio with respect to the laser intensity
near the material interaction threshold. For fused silica, this
threshold intensity is around 20 TW/cm2 [4, 27]. This value is
in agreement with the present numerical simulations. In Fig. 9,
the absorbed laser energy density Ul is presented in the (x, z)
domain for y = 0, α∞ = 1, 4.71 and 8.45, and Ip = 20 TW/cm2.
Like previously, the absorbing region is referenced as the area
where Ul is larger than 100 J/cm3. Its length is measured on the
optical axis and its width corresponds to the maximum trans-
verse dimension (see Fig. 9 for α = 8.45). The width of the
absorbing region is increased with increasing α∞ due to the
larger PFT, while its length is shortened due to the pulse dura-
tion evolution that modify the longitudinal fluence evolution.
Furthermore, the maximum of energy deposition is reduced.

Figure 10 presents (a) the total absorbed energy by the lattice,
(b) the effective volume of interaction, (c) the effective absorbed
energy density by the lattice and (d) the asymmetry as functions
of α∞, like in Fig. 7, but for the three maximum laser intensities
Ip = 18, 20 and 22 TW/cm2. Wabs increases with the maximum
laser intensity for all α∞ values. Increasing Ip leads to increase
the ionized matter volume, then the laser absorption volume
and Ve f f (see Fig. 10(b)). However, for a fixed maximum laser
intensity, Wabs starts to decrease when the temporal stretch is
introduced, and then increases with α∞. At the same time, the
Ve f f increase due to the PFT leads to increase the total absorbed
energy by the lattice with the temporal stretch. Note that the
minimum of Wabs/Wp corresponds to the maximum asymmetry,
and can be attributed to the higher defocusing for low PFT. The
effective absorbed energy density by the lattice Ue f f (Fig. 10(c))
decreases with α∞, up to a saturating value. This behavior,
very different from Sec. A, is due to the relative increase of the
effective volume, which is greater than the relative increase of
the total absorbed energy. This indicates that near the interaction
threshold, the PFT tends to limit the localization due to the large
increase of the volume of interaction. The asymmetry evolution
in Fig. 10(d) is similar to the previous case where constant laser
pulse energy was considered. However, the absorbing area is
much more homogeneous. The asymmetry increases up to a
maximum value when α∞ ≃ 1.5 for the three considered laser
intensities. For larger α∞, the asymmetry decreases. For the
smaller values of α∞, the PFT angle is small and the ionization
starts closer to the optical axis. The laser pulse propagation
is disturbed by the ionized matter like in the previous section,
even if the maximum laser intensities are close to the threshold
intensity. When α∞ increases, the PFT angle increases, and the
laser pulse tail is less disturbed by the conduction electrons

resulting from ionized matter by the laser pulse front.
Figure 11 presents the evolution of (a) the width L, (b) the

length l (see Fig. 9) and (c) the aspect ratio R = l/L of the ab-
sorbed energy domain as a function of the temporal stretch α∞
for Ip = 18, 20 and 22 TW/cm2. For the considered laser intensi-
ties, the width of the absorption area almost linearly increases
with α∞ due to the PFT inducing the higher transverse extension
of the effective radius in the direction of the tilt (see Fig. 3).

Fig. 9. Spatial distribution of final lattice energy density in the (x, z)
domain for different temporal stretches α∞, for a 1 µm, 150 fs, 20
TW/cm2 intensity laser pulse. Both the length l and the width L are
shown for α∞ = 8.45. The black line corresponds to Ul = 100 J/cm2.

Fig. 10. Evolution of (a) total absorbed energy by the lattice, (b) max-
imum absorbed energy density by the lattice, (c) affected volume,
(d) effective absorbed energy density by the lattice and (e) asymme-
try with the temporal stretch α∞. The blue rounds corresponds to
Ip = 18 TW/cm2, the orange crosses to Ip = 20 TW/cm2 and the green
squares to Ip = 22 TW/cm2.
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Fig. 11. Dependence to the temporal stretch α∞ of the modified mate-
rial width (a), length (b) and aspect ratio (c) for various pulse intensi-
ties around the interaction threshold. The blue rounds corresponds to
I1 = 18 TW/cm2, the orange crosses to I2 = 20 TW/cm2 and the green
squares to I3 = 22 TW/cm2. The red curve in (c) corresponds to the
theoretical aspect ratio obtained from Eq. (19).

At the same time, the length of the absorption area decreases
with the increase of the temporal stretch α∞ because of the higher
energy absorption taking place for longer pulse duration. For
values of α∞ larger than 3.21, the pulse duration evolution be-
comes independent of α∞ since it corresponds to γ ≪ 1 (see
Eq. (7)), and the only remaining effect on the aspect ratio is the
increase of the beam transverse dimension due to the PFT. The
aspect ratio R of the structure presented in Fig. 11(c) quickly
decreases with increasing α∞, but is almost independent of the
laser intensity for the considered intensities. For near thresh-
old intensities, the diminution of the aspect ratio is mostly due
to the PFT which increases the width of the absorption area
rather than the higher absorption that shortens its length. For
the gaussian pulse R ≃ 8, and for α∞ = 8.45 R ≃ 0.5, which
is a variation of more than one order of magnitude. An aspect
ratio R ≃ 1 is achieved for α∞ = 4.71. For lower numerical
aperture, one can expect larger width of the absorption volume
along the PFT direction. By keeping α∞ constant, a lower nu-
merical aperture would also results in longer length along the
propagation axis, but with the same aspect ratio. For higher
numerical aperture, polarization effects and directional writing
are expected [17]. Furthermore, a higher absorption of the pulse
energy and smaller energy deposition area would be achieved.

For application or experiment design purposes, an analytical
expression of the aspect ratio of the laser induced structure can
be derived. A rigorous derivation is not straightforward because
the length depends on the pulse duration [27]. An ad’hoc ap-
proach is thus used and predictions compared with previous
full numerical simulations allow us to validate a posteriori the
proposed analytical expression of the aspect ratio. The linear
dependence of the structure width with α∞ (see Fig. 10(a)) sug-
gests that the effective waist we f f = α∞w0 in Eq. (9) correctly
evaluates the behavior of increasing transverse structure size
due to the PFT. Note that we f f is intensity-independent since it
is defined as the 1/e transverse extension of the fluence profile.
A test function for xe f f is given by xe f f =

√
(1 + γ)/2xR. The

aspect ratio defined as R = xe f f /
√

ln 2/2we f f thus reads :

R =
√

γ(1 + γ)/ ln 2xR/w0. (19)

As shown by Fig. 11, this expression is in a good agreement
with numerical simulations. Finally, note that the aspect ratio
is considered within 2D in the (x, z) plane, such that the 3D
absorbing region is elongated in the tilt direction z. To get a fully
3D symmetric structure, an elliptical beam at the focal spot or a
radial chirp [39] could be used.

4. CONCLUSION

By studying the propagation of a spatially chirped pulse in vac-
uum, we have first provided an analytical expression to study
the space-time evolution of a femtosecond laser pulse including
a spatiotemporal coupling inducing only a pulse front tilt in the
focal plane. Thereafter, the propagation of this pulse in fused
silica has been studied by numerically solving the Maxwell’s
equation coupled to the laser induced electron dynamics. The
distribution of the energy deposition in the volume of fused
silica has been obtained for different incident laser energy and
coupling parameter values. These qualitative results show that
the spatiotemporal coupling leads a better confinement near of
the focal point of the deposited energy volume in the material
than by using a classical gaussian pulse with the same energy.
Due to the PFT, the maximum laser intensity is lower and the ion-
ized volume is closer to the focal point. However, by increasing
the incident laser energy, the deposited energy volume becomes
asymmetric with respect to the propagation axis. Finally, the
energy deposition volume has been studied for near threshold
maximum laser intensities and different coupling values. It has
been shown that the pulse front tilt allows one to decrease the
aspect ratio (length over width) of the absorbing area relative to
conventional gaussian beam, up to one order of magnitude. For
application purposes, we have proposed a simple analytical ex-
pression to evaluate the aspect ratio of the structure depending
of the spatio-temporal coupling value. To conclude, tilted laser
pulses add a degree of freedom to the conventional Gaussian
beam, and offer a possibility to control and design the shape of
laser induced bulk modifications. A final comment should be
made concerning the fundamental importance of the pulse dura-
tion. In this study, the spectral chirp was neglected regarding the
150 fs pulse duration and the considered chirp parameters [10].
In this case the field at the focus only presents a PFT (see Eq. (2)).
This is not true for shorter pulse duration, where the spectral
chirp would be responsible for further longitudinal intensity
localization [10]. This would probably result in a smaller length
and lower aspect ratio of the absorbing area, and a potential
increase of the absorbed energy. Furthermore, for a 150 fs pulse
duration, the wavelength range is small enough to insure the
validity of the Keldysh model. Shorter pulse duration could
not satisfy this condition, and time-dependent ionization model
would have to be introduced for the simulations [40].
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