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INTRODUCTION

Being able to characterize properly the color of gonioapparent materials (i.e. materials which colors depend on the illumination and/or observation directions) remains a challenge. Entirely characterizing the material color appearance would require to measure its color for each illumination and observation direction in the hemisphere above the sample. As this process would be extremely time consuming, the development of models predicting the material color for any illumination/observation geometry based on color measurements in a limited number of geometries is an active research field. Color predictions of various gonioapparent materials can be found in the literature. Special-effect coatings, which are composed of interferential flakes embedded in a transparent colored substrate, are highly gonioapparent and well-known in the car paint industry. Nadal et al. [1] showed that 15 different geometries are necessary for the colorimetric characterization of such samples. All these geometries are in the incidence plane, and composed of 3 different incidence angles (15°, 45° and 65°) and a set of 5 different nonspecular observation angles for each incidence angle. The authors implemented fourth-order polynomial fits of the CIELAB [2] color components of a sample composed of a red-blue pearlescent coat with a bright red base. The fits were performed for each incidence angle using the 5 selected observation angles. The authors then compared the color components obtained from the fit with the color components obtained from 30 in-plane Bidirectional Reflectance Distribution Function (BRDF) measurements (2 incidence angles of 15° and 65° and 15 observation angles for each) using the ΔE CMC(2: 1) [3] color distance : an average value of 0.3 and a maximum value of 1.5 are obtained. Ferrero et al. [4] predicted the whole spectral BRDF of special-effect coatings from reflectance measurements in only 9 geometries. These geometries are all included in the incidence plane and correspond to two different incidence angles (20° and 50°) and 7 different observation angles. The authors used a principal components analysis to extract the key features of the BRDF and extract the minimum number of geometries necessary to predict the whole BRDF. They then checked the color prediction performance on 448 BRDF measurements for two samples called Arctic Fire and Lapis Sunlight. Average and maximum Δ

[2] color distance values are respectively 7 and 42 for the first sample, and 6.5 and 36 for the second one. Further work of Ferrero et al. [5] Fig. S1 for the the literature, s of TiO2 with in anodized y ( [START_REF] Bruggeman | Berechnung verschiedener physikalischer Konstanten von heterogenen Substanzen[END_REF] and age refractive index of the layers composed of a mix of two different materials. Simulated reflectance spectra are computed through an Abeles matrices based model [START_REF] Abelès | La theorie generale des couches minces[END_REF] using the 6 parameters : , , , , and described above. These six parameters are obtained for each sample by fitting experimental reflectance spectra both for TE and TM polarized incident light for different sets of incidence angles. The fit procedure uses a chi-square ( ²) minimization. The ² parameter is computed the following way:

= ∑ ∑ ( , ) - ( , ) ∑ + ∑ ∑ ( , ) - ( , ) ∑ (3) 
where is the wavelength, the incidence angle, (resp. ) the experimental reflectance spectrum for TE (resp. TM) polarized incident light, (resp. ) the simulated reflectance spectrum for TE (resp. TM) polarized incident light. ∑ 1 will be equal to the number of incidence angles chosen to fit the material parameters. To avoid issues linked to initial parameters in minimization problems, 100 ² minimizations were made with random initial parameters uniformly chosen in the ranges presented in Table S2Table . These ranges correspond to wide ranges of possible values for the different parameters. They have been checked a posteriori by looking at the final parameter values obtained after the fitting process. The process gives thus 100 sextuplets of result parameters. Among these sextuplets, these with a ² superior to 6 times the median ² and these with >0.5 were removed. Fig. S2 illustrates two examples of the effect of these first selection steps on the selected ² values. This value of 0.5 has been chosen arbitrarily. It is indeed difficult in the present model to have a precise estimation of the porosity of the layer as the same refractive index for the layer number 2 can be obtained for different sets of the parameters { , , }. It thus implies that two samples with similar values do note necessarily have the same porosity for layer 2, as the and parameters might already include a fraction of the porosity. Then, the most probable sextuplets were selected with the following process (see Fig. 4): for each sample, a Gaussian fit was applied to the repartition of the thickness values of each layer. Let's denote respectively by and ( ∈ 1, 3 ) the average and standard deviation of the thickness values of the layer number . The intervals -, + are represented as green lines in Fig. 4 at an amplitude equal to the Gaussian fit maximum divided by √2. Only the parameter sextuplets that fulfill the following condition were selected:

∈ -, + ∩ ∈ -, + ∩ ∈ -, +
,where is the thickness of the layer of the parameter sextuplet number (with ∈ 1, 100 ). Then, after this selection process, the sextuplet with the lowest ² value is extracted and will give the retained values for the 6 parameters , , , , and . The purpose of this selection process is to obtain the best compromise between the ² value and the reliability of the 6 material parameters. Examples of fit results for high ² values and for low ² values in cases where the material parameters are selected or not are presented in Fig S3 and Table S3. 

RESULTS

A. Reflectance and color prediction

Once the material parameters obtained thanks to the process described in the previous section, the samples reflectance spectra are computed for all 9 incidence angles. The material parameters fit process has been done with different sets of incidence angles: 15° , 45° , 75° , 15°, 45° , 15°, 75° , 45°, 75° , 15°, 45°, 75° , 20°, 40°, 70° , 65°, 70°, 75° , 15°, 20°, 30° and 15°, 30°, 45°, 60°, 75° . An example of the process flow from the reflectance measurements to the color prediction is presented in Fig. 5 in the case where the fit process is done on the angle set 45°, 75° . To evaluate the performance of the prediction of the samples colors, the experimental and simulated spectra have been converted to CIELAB color coordinates ( [2] and supplemental document) assuming a D65 illuminant. Then the difference between the simulated and experimental colors have been evaluated through the Δ metric ( [2] and supplemental document). The Δ metric has been preferred over the most recent CIEDE2000 metric as it is more widely used in the literature. It thus facilitates the comparison between the color prediction performances presented in the present paper and other publications. Fig. 6 represents the average and maximum Δ values over all samples and incidence angles as a function of the set of incidence angles used to fit the material parameters. values occur orrespond to com e area) and simu e maximum Δ g. 8 presents th ngles for all sam re fit on the s amples, the aver elow 5, with high r the Alu 90V sa he color predictio orst cases (maxi [26] and values e index as low it appears that he angles set 1 nes for certain s mples besides 0V and Vib 20V s nd Alu 20V) as w 800 nm wavele 90V). A less certain samp rly for (for (for the Alu 20V le as well as for t amples besides y in the materia as been observed e Δ
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 4 Fig. 4. Example of selection process of the sextuplets according to the layers thicknesses values. Each histogram bin has a width of 0.5 nm. This example corresponds to the Vib 20 V sample with a fit of the material parameter done on three incidence angles (65°, 70° and 75°).
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