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This paper presents the preliminary findings of an ongoing project regarding what pre-service teachers and facilitators learned while teaching in an online environment during the COVID-19 pandemic in 2020. Using narrative inquiry as a methodology, this initial analysis suggests a need to examine their general descriptions in detail to recognise which actions pre-services teachers specifically identified in their own practice and what they noticed about their mathematics teaching.

Introduction

For pre-service mathematics teachers, one of the main components of their education is teaching practice, which enables them to gain experience, practice their professional skills and develop knowledge of how to conduct mathematics lessons at the school level. Teaching practice thus plays a crucial role in the learning of pre-service teachers [START_REF] Guyton | Student teaching and school experiences[END_REF][START_REF] Cornu | School co-ordinators: Leaders of learning in professional experience[END_REF]) by enhancing their professional development. Pre-service mathematics teachers are supported during their teaching practice by experienced mathematics teachers and other academics, who function as 'mentors', 'supervisors' or 'facilitators'. However, little attention has been paid to facilitation [START_REF] Even | Facing the challenge of educating educators to work with practicing mathematics teachers[END_REF][START_REF] Kelchtermans | Towards an 'international forum for teacher educator development': an agenda for research and action[END_REF]. By contrast, rich and varied research has considered pre-service teachers' professional identities; their influences during lessons [START_REF] Zhao | The influence of field teaching practice on pre-service teachers' professional identity: A mixed methods study[END_REF], and their teaching values [START_REF] Mergler | What pre-service teachers need to know to be effective at values-based education[END_REF]. Moreover, it has been recognised that experienced teachers must improve and update their knowledge [START_REF] Genç | More practice for pre-service teachers and more theory for in-service teachers of English language[END_REF] to support pre-service teachers effectively.

Research has shown that concerning teaching practice, "pre-service teachers adopt survival strategies during this stage, avoiding risks or taking the initiative so as not to reveal their weak points; consequently, they do not develop the real professional competence that is expected to develop at this stage" (Correa Molina, 2011, p. 78, translated from Spanish). In particular, in the Chilean context, where this study is ongoing, one of the weaknesses noted about pre-service teachers is their failure to link practice and theory (Comisión Nacional de Acreditación (CNA), 2018). This points to a lack of knowledge about what is learned by pre-service teachers during teaching practice and specially in online environments. Even more, recent research shows that "pre-service candidates did not have the opportunity to demonstrate mastery of specific teacher performance expectations within the distance learning format" (Hill, 2021, p.1); therefore, knowing that there is an "evolution and transformation of the classroom with the growing integration of the internet and interactive digital devices into mathematics teaching and teacher mathematics teacher education" (Engelbrecht et al., 2020, p. 825) there is an urgent need to understand in greater detail what is learned through teaching practice, to include virtual mathematics teaching practice. One way of doing so is for the facilitator to note the details of pre-service teachers' actions when teaching and supporting pupils. The aim of this paper is to present the preliminary analysis of a study on what pre-service teachers and facilitators learned while teaching in an online environment during the COVID-19 pandemic in 2020. Our research question is: When pre-service teachers conduct their mathematical practice virtually in a school, what characterises their learning? Using narrative enquiry as a methodology, we examine what pre-service teachers noticed about their own practices, including whether and how these observations were linked to the discipline of mathematics. The three participants were pre-service teachers who were doing their final teaching practice in a school virtually, and the author of this paper was the facilitator of these participants.

Theoretical Framework

To consider the teaching practice of pre-service teachers as a situated professional experience that leads to a lack of articulation of the link between practice and theory, I examined what the pre-service teachers. and the facilitator. learned about what they learned about their own skills in their teaching practice and what this revealed about their learning during interactions with others (experienced teachers, students, and facilitators). As a theoretical framework, I referred to the discipline of noticing [START_REF] Mason | Researching your own practice: The discipline of noticing[END_REF][START_REF] Mason | Noticing: Roots and branches[END_REF], which has been considered a means to promote professional development (i.e. [START_REF] Barnes | The discipline of noticing as a path to understanding: Researching from the inside[END_REF] and an essential part of pre-service mathematics teaching practice [START_REF] Llinares | El desarrollo de la competencia docente" mirar profesionalmente" la enseñanzaaprendizaje de las matemáticas[END_REF].

Studies of noticing are usually carried out from a first-person perspective, as this way of approaching learning involves looking at one's own professional practices, thus allowing for the observation and investigation of professional pedagogical practice. This enables pre-service teachers in their professional practice to identify more feasible ways of working, consider incidents they experienced during their pedagogical practice, and discuss what they have noted professionally, as well as which characteristics others have recognised [START_REF] Mason | Mathematical abstraction as the result of a delicate shift of attention[END_REF]. Such an approach validates the observed actions that differ between pre-service teachers' own practices and those of others and allows teachers to become mindful of their own actions so they can act differently in the future and make effective changes [START_REF] Mason | Noticing: Roots and branches[END_REF]. For example, if a student asks what 'definite integral' means, an 'automatic' answer is often 'the area under the curve', but noticing and applying the professional gaze involves "arranging to alert oneself in the future so as to act freshly rather than automatically out of habit" (Mason, 2011, p. 37); thus, providing a different type of answer becomes possible. Learning to notice professionally allows pre-service teachers, through the observation of their teaching practice, to distinguish the professional components of actions and avoid using generalities, such as 'it was an adequate class'. This is done by paying attention to the details of mathematics-related actions, which in turn helps them to give professional answers to mathematics questions from students.

Finally, although it is expected that future mathematics teachers will professionally consider their mathematical knowledge and while there are analytical models allowing this knowledge to be studied (e.g. the mathematics teacher specialised knowledge [MTSK]; [START_REF] Carrillo | Determining specialised knowledge for mathematics teaching[END_REF], the aim of this ongoing research was not to examine pre-service teachers' knowledge; rather, by working with the discipline of professional noticing, the study considered the actions that promoted learning during mathematical teaching practice, enabling pre-service teachers to act consciously.

Methodology

I used narrative inquiry (Clandinin & Huber, in press) as a methodology, which means the researcher sought to understand the experiences of the participants during their mathematics teaching practice in an online environment, as expressed by their stories. In this paper, I present their experiences through stories told by Sue, Jonah and Harry, considering the meaning of their experiences through the stories they told and the actions they observed.

To conduct the analysis, I used a modified version of Mishler's typology, which is a method of narrative analysis, which means "focusing on making meaning of events and experiences through the researcher's tellings" (Kim, 2016, p. 198), "imposing a told on the telling: identifying a story pattern" (Kim, 2016, p. 205) looking for emerging patterns in stories, chosen it without predetermined themes for the story to tell in advance.

Methods

The participants of this ongoing research were pre-service teachers doing their final teaching practice in two different Chilean schools during 2020. The criteria for their selection were that the teacher conducted their practice in an online teaching-learning environment using tools that involve access to live chat, audio and video conferencing, shared whiteboard, virtual "hand raising" and a break room; and the teaching took place in "real time" via the internet. For pre-service teachers in Chile, this teaching practice usually occurs in the last years of their study towards becoming a mathematics teacher.

The lessons taught by the participants took 45 minutes each. Two of the three participants were in a school that received only students with special needs, so the number of pupils that they have per lesson varied between three and four. The third participant was in a school where the number of pupils per lesson was 30 on average. In addition, the participants oversaw designing and teaching their mathematics lesson to their students over a period of three months and they attended to presentation on the discipline of noticing in mathematics classes.

I observed three lessons per pre-service teacher within the online teaching-learning environment and although it is recognised that one of the practices to support pre-services teacher on their lesson is through the use of observing a video of their own practice (i.e., [START_REF] Segal | Using self-video-based conversation in training mathematics teacher instructors[END_REF], I gave to them the observations of each lesson in a written manuscript to be read by them. The written transcripts consisted of a detailed dialogue of what the teacher and students were saying to each other). The reason for given those transcripts to the participants is because "transcripts can help reveal details that are easily missed when watching a video" (Reid et al., 2014, p. 373) Having given the observation manuscript of the lesson to the participants, bearing in mind the discipline of noticing, I asked to them read it previous to collect research data through three separate conversational interviews about what the participants had observed during each online classroom, the length of each interview was on average one hour, and each was video-recorded within the video conferencing platform. After that, each participants wrote reports of what they had noticed in their own mathematical teaching practice and they submitted this document to an online platform. Following Mishler's typology the method of finding common patterns in the transcript from the interview as well on the written report was highlighting and coding the common characteristics that constituted a pattern of noticing on the data collected.

Results

The following analysis constitutes the preliminary findings regarding the common patterns of noticing among the three students-Sue, Jonah and Harry-based on the interviews and the written reports about what they observed about their own practices as pre-service teachers in charge of online classrooms.

The tension of teaching as a pre-service teacher

Sue was sitting at her desk waiting to start her class. She had to wait until the teacher stopped speaking before she could start her lesson; afterwards, she told me in the interview, 'I realised that when I read, according to my observations, Mary (referring to the teacher responsible for the class in which she was doing her practice) interrupted me sometimes. I waited to speak because she was saying something, and I thought I would make my point later, but by then she had already made it'. I noted Sue's concern about the tension involved in being a pre-service teacher with another teacher close to her.

This tension of being a pre-service mathematics teacher was also experienced by Harry, but in a different way. His concern was, 'I always feel that students don't look at me as a friend…I know when, someday, I'm in a school, they will want to speak about their problems with me'. He had the idea that a teacher should be a friendly person who can speak about things other than mathematics, but he noted that he was not yet a teacher; he identified himself as only a pre-service teacher who will become a teacher in the future, but for me, he is a teacher now, because he is teaching.

The importance of reflecting on details

By asking 'What do you think about the observation? I don't know what type of observations you

have experienced before but…', I was trying to provide the context for beginning to speak about the mathematics observations, bearing in mind the discipline of noticing and how to give sensible and professional mathematics answers. Sue said, 'I like that you generated a dialogue because, in general, when other teachers observed me previously, they only noted key things; that's all'. She added, 'You gave us every detail'. Harry commented, 'I was expecting a critique of my work, more judgments'. His experiences of other instances of practice feedback were structured observations that seemed to him to be criticisms.

Going back to the details given in the transcript, Sue explained something about 'c'. Not knowing to what she was referring, I asked her to go to the relevant page of the transcript and explain a little more about 'c'. She found the point and exclaimed, 'Here!' and relayed the following dialogue about Pythagoras' theorem in her class: Sue: We use a little formula to calculate c. Who is c? Students: The results. Sue: Hypotenuse or cathetus? She added, 'I realised that I was asking about c as a person. I should have asked "What is c?"' Sue was concerned about her mathematics expression and what she could do about it. How could she examine her own speech while being aware of the mathematics happening in that moment? Were there enough questions? I asked: 'What draws your attention in your observation?' Her first observation was that although it was a story relating to mathematics, she was identifying the long side of the triangle, apparently working from her memory as a student and seeing that the 'c' in the 'little formula' (as she referred to Pythagoras' theorem) was the result of an operation. Despite the richness of the details given by Sue to observe her action, I recognised that she was perhaps only noting the specific mathematics around the 'c' but not providing more information about a possible action that could be undertaken concerning the 'c' idea.

Jonah stated, 'I would like to extract some part of the observations of my facilitator':

Jonah: D (referring to the problem level); It looks a bit complex. Student: Teacher, let me think about it, because I'm sure I have seen it before. Jonah: It is interesting. I wanted to give you this [question] because… Student: I'm sure we have seen it before. Jonah: You bet. Let's… He noted Regarding this dialogue, we can see that the student was interested in solving a complex problem1 … At that moment, I took the decision to give him more time, but half of the class time could be lost, so I decided leave the problem to the end, but that didn't happen … Looking back, I see this as an important chance that I lost. Jonah wrote about his actions, reflecting on his own mathematical knowledge, his interruption of the student, and his concern when looking back on the class. He also observed, "it looks like an error in the transcription (shown below), but it's not. I´m speaking about the whole problem, answering my own questions, and this type of action will never be favourable for promoting the autonomy (of my students). It has started to become something automatic' (referring to probability lessons).

Jonah: That's the thing about probabilities; three can come out many times on one day, but not on another. Jonah: What are the favourable cases? Jonah: Let's look here. For every number that I get here, I have six chances of getting it. That's 36 Jonah: So the probability that I get Tom … Jonah: You understand? It wasn't an easy problem to solve, but if you want to solve it, you must pick numbers close to seven.

He observes the transcript and from there, he took account that in his lesson, he was speaking all the time (which he acknowledges). Reflecting on his actions, as prompted by the transcript, he was able to understand more deeply his own learning without me saying, 'You have been speaking all the time in your lesson'. I wanted them to learn from their own observations, avoiding compulsory descriptors, such as, 'Does the teacher give the goal of the class? Are the students participating in the lesson'? In a similar way, Harry said, I realised there is a lot of Harry speaking (in my transcript). I literally take the microphone…and I don't allow the others to speak. I said to her (referring to a student), "We are seeing ratio. It's a ratio," and I didn´t give to her the opportunity to speak. After going back and reading his transcript, he noted what he had done on their teaching, seeing its importance in the way as he teaches his mathematics lesson.

Decisions and mathematical consequences

The students spent time speaking about their actions but without directly mentioning mathematics, so I started trying to direct the questions towards actions relating to mathematics in the transcript. Sue told me: I knew the difference between eight to the power of two and eight times two, and I think they understood that, but I think they forgot it because, when I asked them, they still said that eight to the power of two was eight times two. She observed she did not have the mathematics resources to correct the errors. How should she start giving professional answers about mathematics? Why did she give the same answer to the students if they were still making the same error? I was concerned with this situation, so I asked her, ' 

Discussion

In an on online mathematics teaching context, what the pre-service teachers noticed in these initial findings reflects the importance of discussing the details of their practice, recognising the tension between becoming, but not yet being THE teacher, and I ask 'who defines being a mathematics teacher?' 'are we considering what type of pedagogical identity is happening on the pre-services teachers?' Is it enough to teach mathematics to be considered a mathematics teacher? As van Gogh (2017, p. 45) asserted, 'One becomes a painter by painting'; likewise, one becomes a teacher by teaching".

This initial analysis suggests a need to move from general descriptions towards giving specific details of pre-service teachers' actions to encourage them to reflect on their own actions and what they notice during mathematical teaching practice, such as seeing the mathematical consequences of their decisions during teaching practice, as the stories in this narrative analysis have shown.

When presenting observations of the practices of pre-service teachers, moving to uncontrolled (but no less effective) noticing by each participant regarding what the pre-service teachers observed about their own practices in their reading of the transcript, allows them to link their own mathematics with their pedagogical practice and perhaps foster effective learning in their students.

Finally, the use of technological tools that involve video conferencing and recording in a research context facilitated the collection of the data. However, providing the transcript to the pre-service teachers allowed them to detail their own mathematical practices and their own learning. The preservice teachers' awareness of the use of this type of technology in their lesson seems low, perhaps because they are building a windmill instead of a wall concerning technology in their own teaching practice. That is, as [START_REF] Brunetto | Teaching as a system: COVID-19 as a lens into teacher change[END_REF] argue, a teacher can build a wall or a windmill when the wind changes the usual class environment into a virtual one, such as with the current pandemic.

  How can we give a different mathematical answer while considering the idea of doubling or the power of two?' Sue replied, 'Developing the power', detailing her own knowledge of the power and what she brings to her lesson.Harry, in a similar way, seemed to decide to stop talking about mathematics because 'I didn't want to add more concepts to what they already had…I know what I said about the addition rule, but it is not as I said'. This showed the paradox of deciding 'the best' mathematics for students, but what

were the consequences of this decision? Is there a 'best' mathematics to be learned? Who decides this? Jonah said, 'I was thinking a change of measurement was trivial and the students must know this, because it is usual for me to know this as a Chilean citizen, but I failed on this activity'; thus, he took responsibility for his mathematics actions. I asked, 'Thinking about the change of measurement and ratio that were part of your lesson, how would you take account of them?' Jonah replied, 'In my next lesson, I will start with the change of measurement and ratio, presenting some double entry tables so that they can see they are ratios'.

In the Chilean context, it is very common to encourage students to writing in the third person. Although, in this study, the participants were allowed to write in the first person, some of them wrote in the third person or used a hybrid of the first and third person.