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MODELLING OF THE INTERNAL BALLISTICS OF
MORTAR INCLUDING POLYDISPERSE GUNPOWDER SIZE

Matthias Pautard1, Christian Chauveau2, Fabien Halter2, and Christophe Coulouarn1

1Thales LAS France, Route d’Ardon, La Ferté-Saint-Aubin 45240, France
2CNRS ICARE, Avenue de la Recherche Scientifique, Orléans Cedex 2 45071, France

The propulsion of mortar ammunition has given rise to few establishments of specific simulation models [1, 2, 3]
due to the reasonable costs of the experimental methods. However, the optimization of propellant architecture
requires theoretical studies to better understand the phenomena involved in the propulsion phases of the projec-
tiles into the barrel. The accessibility of simulation assets has increased in recent years, allowing fields such as
interior ballistics to benefit. To deepen the theoretical knowledge of the internal ballistics of mortars by relying
on advanced digital means is thus the objective of this present work.
The objective of this study is to improve the understanding of the physico-chemical phenomena that take place
during the propulsion phases of mortar shells. It is therefore desirable to set up theoretical, experimental and
numerical studies. This work is carried out as a collaborative effort between Thales and ICARE laboratory in order
to enhance our understanding on the common fields of interest. These activities concern two-phase simulations
as well as the combustion of solid energetic materials, all subjects currently under study.
The first step was to create a 0D code based on the literature. The specificity of a mortar’s internal ballistics
model is mostly the consideration of two chambers interacting with a compressible flow. Due to the inertia
of the gun powder, this flow will induce erosive combustion [4, 5]. Another particularity of the mortar is the
necessity to use a fine gunpowder, implying difficulties to produce similar sized grains in terms of dimension.
Indeed, the dispersion of the grains thickness produced in series can reach 10% up to 20%, thus impacting the
interior ballistics. To take this phenomenon into account, it is necessary to modify the calculation of the surface
and volume according to the Population Balance Equation [6, 7].
In order to test the validity of our model while considering the high repeatability of the initial velocity of our
mortar ammunition, a quick glance was given to the intermediate ballistic phase [8] to estimate the velocity gain
during this step. Therefore we can better link the speed of the ammunition resulting from our code to some
future measurement.
This presentation will describe current work and future prospects for applications to ballistics interior simulation
of mortar.

1 INTRODUCTION

The propulsion of mortar ammunition has given rise to few establishments of specific simulation models [1, 2, 3]
due to the reasonable costs of the experimental methods. However, the optimization of propellant architecture
requires theoretical studies to better understand the phenomena involved in the propulsion phases of the projec-
tiles into the barrel. The accessibility of simulation assets has increased in recent years, allowing fields such as
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interior ballistics to benefit. To deepen the theoretical knowledge of the internal ballistics of mortars by relying
on advanced digital means is thus the objective of this present work.
The objective of this study is to improve the understanding of the physico-chemical phenomena that take place
during the propulsion phases of mortar shells. It is therefore desirable to set up theoretical, experimental and
numerical studies. This work is carried out as a collaborative effort between Thales and ICARE laboratory in order
to enhance our understanding on the common fields of interest. These activities concern two-phase simulations
as well as the combustion of solid energetic materials, all subjects currently under study.

2 MORTAR MODELING

There are several approaches to interior ballistics that are easier than 2D or 3Dmodels tomake quick assessments,
especially 1D models[9, 10, 3].
Regarding the specific case of the mortar, one can find some works, in 2D [1] or in 0D [2].
First, a code named SBIM based on a 0D model was developed as an engineering tool. This will be used to make
simple calculations to test new theories in order to have preliminary information in a reasonable time. Then an
additional work have been performed to implement some missing elements to the MOBIDIC code [11] in its 2D
configuration in order to take into account the specificities of the mortar. This article will not go into details
about MOBIDIC models which are already referenced in the literature. Erosive combustion and grain dispersion
was added which will be explained here. We will therefore focus on the 0D model.
The foundation of the 0D model is the consideration of two homogeneous tanks, the interior of the cartridge and
the chamber, which communicate through the holes in the tail after the cardboard has been pierced beyond its
bursting pressure. In each of the tanks, the powder in it burns at its own speed. Each point will be detailed below
separately. This approach has barely been explored. In fact, the only apparent document offering a similar work
is an article by Anderson [2], the rest involving a spatial study of the problem, as proposed by Kuo [12], or to
impose the behavior of the igniter. The chosen configuration is shown in figure 1.

2.1 Gas thermodynamics

The vast majority of the thermodynamic principles of this model are based on those given in the work of K. Kuo
[12]. Starting from the Noble-Abel equation of state (2.1) :

P =
r T
1
ρ − b

(2.1)

A certain number of results are deduced from it, like the expression of the mass internal energy (2.2) :

Um =
r T

γ − 1
(2.2)

Or the thermodynamic identity of the enthalpy :

dHm =
γ r

γ − 1
dT + b dP (2.3)

It follows from this choice of EOS that the value of γ is constant
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2.2 Initial condition

The striker initiates the percussion cap, which ignites the pyrotechnic ignition composition, this will cause the
combustion of a small gargoyle of powder identical to that contained in the cartridge. All this is confined using
a straw which will break due to the overpressure, thus releasing the gases which will flow into the diffuser and
spread into the cartridge. The rest of the powder will then ignite and burn until it reaches the bursting pressure
of the cardboard. As a choice of initial condition, it starts from the bursting pressure of the cardboard and it
determines the necessary mass of powder to burn to reach this state. It is then assumed that all the powder burns
homogeneously until the gas reaches the bursting pressure of the cardboard. The hypothesis of a homogenous
combustion is not accurate, it is however difficult to split off it here. We will keep this hypothesis in mind when
comparing simulations and experiments. It remains to solve the following system (2.4), whose unknowns are
Tinit andmginit, where init subscript refers to the initial value in the code : Pinit =

(
mair

Mair
+

mginit

Mg

)
R Tinit

V0−Vgp1

Tinit =
∆rU mginit

CV airmair+CV mginit
+ T0

(2.4)

Whenmginit is known, the mass of remaining powder can be deduced. The combustion is assumed to be homo-
geneous so the thickness that burned eb through :

Vgrain(eb)

Vgrain(0)
= 1− mginit

m0

2.3 System of conservation equations

The following system (2.5) models the gas phase in the cartridge, referenced as subscript 1, also subscript i denotes
the values at the interface between the 2 chambers :

dtmg1 = ρp Agp1 Vc1 −A ρi ui

dtT1 = γ−1
mg1 r

(
ρp Agp1 Vc1

(
∆rU − r

γ−1 (T1 − T0)
)
− Pi ui A+ P1 dtVgp1

−A ρi ui r
Ti−T1

γ−1

)
ρ1 =

mg1

Vcartridge−Vgp1

P1 = r T1
1
ρ1

−b

(2.5)

With, in order, the equation of conservation of mass, of energy, the density of gases and the Noble-Abel equation
of state. The conservation equations are integrated on the gas volume of the cartridge: mg =

∫∫∫
Vfree

ρ dV

and U =
∫∫∫

Vfree
ρ r T/(γ − 1) dV . The counterpart system for the gas in the chamber (subscript 2) can be

described as follows :

dtmg2 = ρp Agp2 Vc2 +A ρi ui

dtT2 = γ−1
mg2 r

(
ρp Agp2 Vc2

(
∆rU − r

γ−1 (T2 − T0)
)
+ Pi ui A+ P2 dtVgp2

−P2 π R2
c vammu +A ρi ui r

Ti−T2

γ−1

)
ρ2 =

mg2

Vchamber−Vgp2

P2 = r T2
1
ρ2

−b

(2.6)

Themass conservation equation is a simple balance inwhich is found the source term due to the combustion of the
powder and the exchange term whose parameters are expressed in the following part. The energy conservation
equation is an internal energy balance, the kinetic energy of gases is neglected. Indeed, the mortar ammunition
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velocity goes up to 400 m.s−1 with a speed of sound of approximately 1000 m.s−1 for an approximately 1 m

long barrel. Moreover, it is legitimate to not consider the heterogeneities of pressure and the flow of gases inside
the tanks.
The unknowns are the thermodynamic parameters of the two tanks. The combustion rates are functions of these
quantities. The volume of the chamber is a function of the displacement of the ammunition. Finally, the values
linked to the flow of gases from one tank to another are described in the following section.
In system (2.6), the possible presence of grains in the chamber is taken into account, this makes it possible to
consider those which could come out of the cartridge or else those which would already be present in the case
initially not envisaged where extra powder would be considered.

2.4 Flow law

The calculus starts from Anderson’s idea [2]. The present situation matches a compressible flow comparable to
the one in a convergent of a nozzle. However, it is not possible to start from the laws established for rockets
because they are based on the use of the ideal gas law, which does not apply here. It was necessary to start from
the hypothesis of homentropic flow and the expression of the enthalpy (2.3) to deduce the following law :

ui =

√√√√2 b(P1 − P2) + 2
γ

γ − 1

P1

ρ1

1

1− b ρ1

(
1−

(
P2

P1

) γ−1
γ

)
(1− b ρ1)2 (2.7)

This law (2.7) is valid when P1 > P2 but within a certain limit, the flow cannot be supersonic because there is
only a convergent. There is therefore a limit speed that can be determined by first solving the following equation
:

γ

γ − 1
P1

(
1

ρ1
− b

)
+ b P1 =

γ

γ − 1
Plim

(
1

ρ
− b

)(
P1

Plim

) 1
γ

+ b Plim

+
γ

2
Plim

(
b+

(
1

ρ1
− b

)(
P1

Plim

) 1
γ

)2(
1

ρ1
− b

)−1(
Plim

P1

) 1
γ

If P2 > Plim then the law (2.7) given previously is valid and Pi = P2, otherwise the flow will be sonic :

ui =

√
γ

Plim

ρlim(1− b ρlim)
(2.8)

With Pi = Plim and ρlim =

(
b+

(
1
ρ1

− b
)(

P1

Plim

) 1
γ

)−1

.

It remains to determine the temperature and the density of the gases, which is determined via :

ρi =
1

b+
(

1
ρ1

− b
)(

P1

Pi

) 1
γ

Ti =
Pi

r

(
1

ρ1
− b

)(
P1

Pi

) 1
γ

All this calculus were derived considering a flow coming from the cartridge toward the chamber. However the
same can be done in the reverse direction, i.e. P2 > P1.
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2.5 Grain transport modeling

Powder could come out of the cartridge. If the grains are small compared to the size of the holes and they have
the same speed as the flow, then the same law as Kuo [13] can be used :

Dm powder =
α2

1− α2
Dm

With α2 the mass fraction of solid. These hypotheses are not valid here and this law gives a too high grain flow,
a solution is to put a corrective factor there which is worth approximately 0, 1. This approach is similar to what
Anderson [2] gives the following equation (2.9) :

Dm powder =
α2

1− α2
Dm ftr (2.9)

With ftr = up/ui.
An inertial frictional force is considered, then one can deduce a characteristic time for a grain to get to the speed
of the flow :

τ =
2 mgrain

ρ ui Cx Agrain
≈ 1 ms

Therefore the grains cannot be considered immobile nor at the same speed as the flow because it is of the same
order of magnitude as the duration of the equilibrium of the chambers. Then a transport velocity of the grains
can be determined and assume that they are set in motion to leave the cartridge without returning. Knowing
that once the flow velocity is reached, it is assumed that ftr = 1.
In Nussbaum’s thesis [14], he refers to an article to describe powder entrainment[15, 16] that refer to Burke [17].
Our goal is to determine a frictional force which applies to a grain.

F =
1− α2

dV Ngp

∆P

L

Then one can use Ergun’s law [16] :

∆P

L
g =

150

g

(
α2

1− α2

)2
µ ui

D2
+

1, 75

g

α2

1− α2

ρ u2
i

D

With D =
6 Vgrain

Agrain
and dV Ngp = α2

Vgrain
the result is :

F =
Agrain

6

(
150

g

α2

1− α2

µ ui

D
+

1, 75

g
ρ u2

i

)
Thus :

∂tup =
Ap

6 ρp Vgrain

(
k1

α2

1− α2

µ (ui − up)

D
+ k2ρ (ui − up)|ui − up|

)
The flow is in turbulent regime so the viscous term is negligible and obtain the following equation :

∂tup =
k2

D ρp
ρ (ui − up)|ui − up| (2.10)

Which is almost equivalent to an inertial frictional force in the case of a sphere with the given value of k2 :

ρp Vgrain ∂tup =
4 k2
3

1

2
S ρ u2

i
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The values of the coefficients being dependent on the original units used by the authors, the value of k2 can be
deduced from the value of Cx of a sphere: k2 = 3/4 Cx ≈ 0, 37 instead of 0.18. The authors seem to mean that
this coefficient is dependent on the shape of the grain.
This law was improved by Harrison [18]. Tallmadge proposed an improvement [19] which specifies Ergun’s
inertial correlation. They give equivalent values of k2 ≈ 4.5

∂tup =
Ap

6 ρp Vgrain

(
k1

α2

1− α2

µ (ui − up)

D
+ k2

(
α2

1− α2

µ

ρ ui D

)1/6

ρ (ui − up)|ui − up|

)

Which is supposed to work up to Re = 105. Once again, the viscous part is neglected to finally obtain :

∂tup =
k2 D

ρp
ρ

(
α2

1− α2

µ

ρ ui D

)1/6

(ui − up)|ui − up| (2.11)

The value of k2 in the equation (2.11) is to be specified because it is valid for the flow of near-spherical grains in
a cylinder, here the shape of the cartridge makes the flow more difficult.

2.6 Generalized Vieille’s law

In solid combustion, Vieille’s empirical law Vc = av Pn + bv , where av , bv and n are assumed constant values.
It is often used ans is well documented so we will not go into detail here. It can be applied subject to sufficiently
weak flow at the level of the surface of the solid, otherwise erosion phenomena may appear.
This empirical law operates on given pressure ranges when the seed is ignited, so ignition phenomena cannot be
taken into account.
To explain this theoretically too slow combustion, the following model has been found.

2.7 Erosive burning

There are many reliable relationships to model erosive combustion. One of the simplest [20], but accurate for
double base, is chosen.

ϵ =

{
1 if V i < 8

1 + 0, 05 (V i− 8) otherwise
(2.12)

V i =
ρg U

ρs r

√
ξ

ξ = 0, 0032 +
0, 22

Re0,237

In our case : Re ≈ 2.106, ρg ≈ 50 kg.m−3, ρs ≈ 1600 kg.m−3, U ≈ 1000 m.s−1, r ≈ 0, 1 m.s−1, ϵ ≈ 2, this
was expected. This reinforces the validity of the presence of erosive combustion.

3 POLYDISPERSE GUNPOWDER SIZE

3.1 Simple geometry

It is mandatory to determine the surface area and volume of the grain over time. The variable z representing
the mass fraction of burnt powder is usually used to express geometric quantities, here we have chosen to take a
different variable: eb to simplify the digital task. So they are going to be expressed as a function of the thickness
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that has burned up to a time T , which is determined via :

eb(T ) =

∫ T

0

Vc(t) dt

This gives for the flakes, which are rectangular parallelepipeds with one side square, of thickness d and of length
l :

Agrain = 4(d− 2 eb)(l − 2 eb) + 2(l − 2 eb)
2

Vgrain = (d− 2 eb)(l − 2 eb)
2

3.2 Gunpowder size distribution

It would be naive to think that the grains of powder are all identical down to the molecular size. Then the
question arises of the size limit below which all the grains can be considered as perfectly identical. There are
a lot of references on the PBE[6], with practical applications in combustion [21], but very few in application to
interior ballistics [7]. Considering the observed phenomena do not seem to be affected by the instabilities whose
characteristic time is less than 500 µs, the combustion rate is of the order of 1 / 10 cm.s−1, then a characteristic
thickness can be deduce below which there will not have an impact : ≈ 10−5 m. However, the powders have
standard deviations on the geometric parameters which are always greater than 10−4 m, it must then be taken
into account in our model. The example of the thickness of flakes will be detailed afterwards.

3.3 Distribution characterization

As a first approximation, a centered normal law reduced can be chosen, the other dimensions are assumed to be
exact. Then the distribution function of the initial grain thickness is defined as follows :∫ +∞

e

f(x) dx =
Ngrain(d ≥ e)

NT
(3.1)

This result is incompatible with a reduced centered normal distribution. However, in view of our practical case,
it will be necessary to numerically calculate the integrals which result from it, we will then make the following
approximation : ∫ +∞

0

f(x) dx ≈
∫ d̄+3σ

d̄−3σ

f(x) dx ≈ 1 (3.2)

This allows an abuse by considering the normal law that one wishes provided that d̄− 3σ ≫ 0, in the sense that
one has the following inequality with a given f :

Interror =

∫ d̄−3σ

0

f(x) dx+

∫ +∞

d̄+3σ

f(x) dx ≪ 1

The semantic consequence is to ignore grains whose thickness deviates by more than 3 standard deviations. A
possible improvement would be to make the following calculations with a faithful distribution which may have
to be determined one day without this approximation despite its legitimacy. This is verified in the case of a
Gaussian distribution :

f(x) =
e
−
(

x−d̄√
2σ

)2

√
2 πσ

It gives a value of Interreur ≈ 0, 27%. In order to correct this error, it is possible to multiply f by 1/0.9973 to
keep the value of the integral at 1.
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3.4 Modification of the interior ballistics model

In our model, it is assumed that every grain is perfectly identical, which results in the presence of amounts such
as the number of grains times the volume of a grain at a time t. All these dependencies can be replaced in a fairly
simple way by the procedure which follows.
Let us first determine the total number of grains, by construction of f :∫ e+δe

e

f(x) dx =
Ngrain(e+ δe ≥ d ≥ e)

NT

Thus :

VT = ΣNgrain(e+ δe ≥ d ≥ e)V (e+ δe/2) = NT

∫ +∞

0

f(x) Vgrain(x) dx

NT =
mp

ρp
∫ +∞
0

f(x) V (x) dx
(3.3)

It simply follows that the number of grains can be deduced from the ratio of the total volume to the average
volume. In the case of flakes, the dispersion of which is only studied according to the thickness, this gives a first
pleasant result. :

NT =
VT

l2 × d̄

This implies that the number of grains does not change if all the grains are identical.
This first digression makes it possible to understand the changes that will be made to the model: the volumes
and surfaces of grains will no longer be calculated as NT × V (eb) but as follows :

G(eb) = NT

∫ +∞

eb

f(x)g(x, eb) dx

Because :

g(x, eb) =

{
g(x, eb) if x ≥ eb

0 otherwise
(3.4)

This is quite consistent with the ideal case of identical grains, it is enough to substitute f by a dirac centered in
d̄ to check it :

G(eb) =

{
NT g(d̄, eb) if eb < d̄

0 otherwise

3.5 Digital distribution

The case of a Gaussian distribution was presented above. However, the distribution could be unspecified, such
as black powder which is usually made up of potato-shaped grain with a very wide non-Gaussian distribution.
Generally, it is a partition function of the volume according to the diameter which is measured, it will be therefore
necessary to take care to make the conversion into number distribution. The goal being to find the surface of a
fictitious grain which, once multiplied by the number of grain, will give the actual evolution of the surface over
time. This method makes it possible to ignore the progressive disappearance of the grains since it is hidden in
the behavior of the fictitious grain.
This gives the following result for any distribution of spherical grains:

ST (eb) =


NT

∫ ds

di
f(x)π(x− 2 eb)2 dx if eb ≤ di/2

NT

∫ ds

2eb
f(x)π(x− 2 eb)2 dx if di/2 ≥ eb ≥ ds/2

0 otherwise
(3.5)
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Where di and ds represent respectively the minimum and maximum diameter measured. NT can be calculated
very easily since V̄grain(0) =

∫ ds

di
f(x)Vgrain(x, 0) dx represents the average volume in number so NT =

Vpowder/V̄grain(0).

3.6 Generic Application

The calculation of integral (3.5) is numerically expensive. A less greedy method, which furthermore allows to
easily include arbitrary distributions would be to generate a table of the surface and the volume according to the
reacted thickness. The gain is to be able to increase the numerical resolution. Indeed, for a Gaussian distribution,
it is not necessary to have a high spatial resolution but this observation does not generalize to all distributions.
An example would be aluminum [22] whose diameters can be spread over two orders of magnitude. Computing
the integral at each time step would significantly increase computation times. Thenceforth, the table method will
be used.

4 Example of 140mmmortar

4.1 Configuration

The geometry of a 140mm mortar is presented in Figure 1. It considers the case at the minimum load i.e. when
there is only powder in the cartridge. The walls in black are interfaces which break at 100 atm. The ammunition
mass has been fixed at 20 kg.

Figure 1: 2D mesh

The chosen powder will be a 3x3x0,3 double base. The dispersion of grain thickness is set to 20%. This gives the
modification of the surface that can be observed in Figure 2. The length of the course is taken at 1 m.

Figure 2: a) Surface of the average grain, b) Average surface considering the distribution
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4.2 Results

To compare MOBIDIC and SBIM, one needs to determine the average pressure in the chamber which is calculated
via P̄chamber(t) =

∫∫
chamber

P (t, x, y) 2π y dxdy/
∫∫

chamber
2π y dxdy. The results are trustworthy given the

proximity of the predictions between the two codes in the figures 3 and 4.

Figure 3: a) SBIM average pressure in the mortar’s
chamber, b) MOBIDIC average pressure in the mor-
tar’s chamber, c) MOBIDIC pressure sensor in the
mortar’s chamber

Figure 4: Ammunition velocity over time a) SBIM, b)
MOBIDIC

Figure 5: a) SBIM average pressure in the mortar’s
chamber, b) SBIM average pressure in the mortar’s
chamber with polydisperse size

Figure 6: a) MOBIDIC average pressure in themortar’s
chamber, b) MOBIDIC average pressure in the mor-
tar’s chamber with polydisperse size

Code no dispersion with dispersion
MOBIDIC 102, 74m.s−1 102, 69 m.s−1

SBIM 103, 67m.s−1 103, 51 m.s−1

Table 1: Final velocity

Code no dispersion with dispersion
MOBIDIC 162, 52 atm 159, 33 atm
SBIM 167, 3 atm 161, 0 atm

Table 2: Maximum pressure reached

5 CONCLUSION

One can note a good agreement between SBIM and MOBIDIC. The addition of the dispersion makes it possible
to correct the breaks in slope on the pressure curves which are not observed experimentally. Also, the presence
of this dispersion can be favorable. Indeed, the maximum pressure is reduced but the exit velocity is almost
unchanged. An interesting problem to study would be the case of a configuration where the powder finished
burning at the end of the simulation, the dispersion of the grains could deduce an end of combustion after the
ammunition exits contrary to the model of the ideal grain.
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