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Measuring the specific heat of herbertsmithite single crystals in high magnetic fields (up to 34 T) allows
us to isolate the low-temperature kagome contribution while shifting away extrinsic Schottky-like
contributions. The kagome contribution follows an original power law CpðT → 0Þ ∝ Tα with α ∼ 1.5
and is found to be field independent between 28 and 34 T for temperatures 1 ≤ T ≤ 4 K. These are serious
constraints when it comes to replication using low-temperature extrapolations of high-temperature series
expansions. We manage to reproduce the experimental observations if about 10% of the kagome sites do
not contribute. Between 0 and 34 T, the computed specific heat then has a minute field dependence
supporting an algebraic temperature dependence in zero field, typical of a critical spin-liquid ground state.
The need for an effective dilution of the kagome planes is discussed and is likely linked to the presence of
copper ions on the interplane zinc sites. At very low temperatures and moderate fields, we also report some
small field-induced anomalies in the total specific heat and start to elaborate on a phase diagram.

DOI: 10.1103/PhysRevX.12.011014 Subject Areas: Condensed Matter Physics, Magnetism
Strongly Correlated Materials

I. INTRODUCTION

Herbertsmithite ZnCu3ðOHÞ6Cl2 plays a leading role in
the investigation of quantum spin-liquid states, as the most
studied representative material of the quantum kagome
Heisenberg antiferromagnet model (QKHA model) [1,2].
In herbertsmithite, the magnetic Cu2þ with spin S ¼ 1=2
decorates the vertices of structurally perfect kagome planes.
The strong in-plane antiferromagnetic coupling J ∼ 190 K
between nearest neighbors is known to exceed by far all
other couplings between further in-plane or interplane
neighbors [3]. This leads to a highly bidimensional and
optimally frustrated quantum magnet, which indeed does
not order nor freeze down to the lowest temperatures
reached in experiments (20 mK ∼ J=9000) [1,4] and fea-
tures a continuum of fractionalized excitations [5,6].

The nature of the ground state of the QKHAmodel is still
highly debated on the theory side [7–16], while exper-
imental investigations have not yet been able to discrimi-
nate unambiguously between the proposed scenarios.
Indeed, inevitable deviations to the pure QKHA model
call for caution when comparing measurements performed
on real quantum kagome antiferromagnets to theoretical
predictions. In herbertsmithite, the lack of inversion sym-
metry within copper-copper bonds is responsible for an
appreciable out-of-plane Dzyaloshinsky-Moriya anisotropy
Dz in addition to a possible anisotropy of the symmetric
exchange tensor. The combination of both effects is
believed to matter as 0.06ð2ÞJ at most [17–19]. Besides,
a fraction f ∼ 20% of interplane zinc sites is considered to
be occupied by copper ions. The low-temperature Curie-
like susceptibility χimpðT → 0Þ ∝ f=T makes them appear
as simple paramagnetic objects that can be treated inde-
pendently from the kagome physics. Nevertheless, the
spatial extent of these magnetic defects has remained
elusive, and there is some debate as to whether perfectly
stoichiometric ZnCu3ðOHÞ6Cl2 actually exists [20].
These magnetic defects are highly troublesome for bulk-

averaged thermodynamic measurements because their
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response dominates the kagome behavior at low temper-
atures and low magnetic fields. Thus, local probes have
proven to be essential to gain information on the dispersion
relation and density of states of elementary excitations,
which are observables of interest to determine the precise
nature of the ground state [21–23]. In a recent 17O NMR
study on a single crystal, Khuntia et al. were able to
contrast and filter out the defect contributions in shift and
spin-lattice relaxation rate measurements [23]. At low
temperatures, both quantities exhibit a nearly linear trend.
These observations provide robust evidence against the
presence of a gap in the excitation spectrum. Despite
sizable error bars, they enabled a first quantitative com-
parison with series expansions for the static susceptibility
[24]. Since the density of states appears to be strongly
reduced (if not vanishing) in the T → 0 limit, the low-
energy spectrum might feature Dirac nodes rather than a
well-defined Fermi surface, in the case of fractional S ¼
1=2 spinon excitations. This conclusion is in overall
agreement with the latest results obtained for the QKHA
model with several numerical techniques [7–16]. Other
unbiased low-temperature measurements that could be
easily compared to theory are now crucial to move forward
on the exact nature of the emergent gapless quasiparticles.
In this context, the low-temperature specific heat Cp

is of great interest because it is a direct probe of the low-
energy density of states. Clear-cut differences between
models can be expected in the T → 0 limit. For instance,
free Dirac fermions lead to the graphene-like CpðT;
B ¼ 0Þ ∝ T2, while a spinon Fermi sea yields the metal-
like CpðTÞ ∝ T, although fluctuations of emergent gauge
fields may renormalize these mean-field behaviors [25].
Unfortunately, all specific heat studies performed to date
have suffered from the difficulty of getting rid of external
contributions aside from that of the kagome planes. Indeed,
on the low-temperature range of interest, the specific heat
displays a field dependence similar to the Schottky
anomaly of two-level systems:

Cimp
p ðT;ΔÞ ¼ f

N AkBΔ2 exp ðΔ=TÞ
T2½1þ exp ðΔ=TÞ�2 ; ð1Þ

where the fraction of these two-level systems per mole of
formula is found to correspond to the fraction f of zinc sites
occupied by copper ions [26] and Δ is their energy gap (in
Kelvin units). This gap Δ has been found to follow the
standard Zeeman splitting gμBB=kB, with g ¼ 2.2 for fields
B > 2 T [26]. As the temperature associated with the
maximum of Cimp

p increases linearly with the applied field,
intense fields may be used to make the low-temperature
contribution Cimp

p ðTÞ ∼ exp ð−Δ=TÞ=T2 negligible. In pre-
vious studies, the fields have never been high enough
(limited to 18 T) to unambiguously extract the kagome
contribution on a reasonably wide temperature range for
robust interpretations [19,26–28].

Here, we report specific heat measurements on herberts-
mithite single crystals for temperatures 0.7 ≤ T ≤ 8 K and
fields up to 34 T.

II. EXPERIMENTAL DETAILS

For this study, we used a single crystal of protonated
herbertsmithite ZnCu3ðOHÞ6Cl2 (PHS) and a single crystal
of deuterated herbertsmithite ZnCu3ðODÞ6Cl2 (DHS) that
were prepared using the aqueous growth procedure
described in Ref. [29]. From SQUID macroscopic suscep-
tibility measurements [30], the ratio of the two low-
temperature Curie constants is q≡ fDHS=fPHS ¼ 1.3ð1Þ.
This is related to the different temperatures used in the
growth process [29]. The DHS single crystal is thus
believed to harbor a slightly larger amount of nearly free
magnetic entities. The specific heat measurements were
carried out by means of the original ac modulation
technique introduced in Ref. [31] on a slablike piece from
each crystal, with a mass of 87ð2Þ μg for the PHS sample
and a mass of 286ð2Þ μg for the DHS sample [30]. About
20ð5Þ μg of Apiezon grease was used to attach the crystals
to the Cernox resistive chips. The empty chips (with grease)
were first measured in order to subtract the specific heat of
addenda [30]. No special care was taken regarding the
sample orientation with respect to the field direction.
Indeed, a previous study on single crystals reported a
marginal anisotropy, which is below our absolute accuracy
ΔCp=Cp ∼ 5% for T > 1 K [19].

III. DIRECT MEASUREMENT OF THE
KAGOME CONTRIBUTION Ckago

p

We begin with a description of the specific heat
measurements at the highest fields available in our experi-
ments. The total specific heat can be decomposed into three
contributions:

Cp ¼ Ckago
p þ CSchot

p þ Cphon
p ; ð2Þ

where the Schottky-like contribution CSchot
p , arising from

the nearly free magnetic entities [32], and the lattice
contribution Cphon

p add up to the kagome contribution of
interest Ckago

p . For both samples, we show in Fig. 1 the
temperature scans obtained at 28, 31, and 34 T for
1 ≤ T ≤ 4 K. The estimated Schottky-like and lattice
contributions are negligibly small in this temperature range
(Cphon

p =T < 12.5 mJ:mol−1:K−2 at 4 K and, for DHS,
CSchot
p =T < 1.8 mJ:mol−1:K−2 [30]), implying that we

are directly probing the kagome contribution Ckago
p . We

show in Fig. 2 the complete evolution of Cp=T from 0 to
34 T on a broader temperature range for the DHS sample.
As expected, the peak associated with the Schottky-like
contribution clearly shifts towards high temperatures as the
field increases, and only a minute contamination remains
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below 4 K for fields B ≥ 28 T. On the T ≤ 4 K range and
in these high fields, Ckago

p is found to be field independent
in both samples.

Despite a similar Cp=T evolution, there is a significant
difference in magnitude between the PHS and DHS
samples. We find that a simple scaling of the DHS data
by a factor 1.21 reproduces the observations on the PHS
sample, as shown in Fig. 1. This 1.21 factor is remarkably
close to the ratio of the low-temperature Curie constants
q ¼ 1.3ð1Þ. Hence, the difference likely originates from the
distinct impurity concentrations.
We now turn to various extrapolations of our data in the

T → 0 limit based on existing models. A fit to CpðTÞ=T ¼
aTη exp ð−Δ=TÞ (see Fig. 1) yields η ¼ 0.21ð5Þ and a gap
Δ ¼ 0.5ð1Þ K ∼ J=360, which is tiny compared to the
estimate for a gapped spin liquid: J=20≲ Δ≲ J=10
[33]. Now concentrating on a gapless spin liquid, a fit in
the range [1, 1.5] K to the empirical law CpðTÞ=T ¼
γ þ aT is used to provide an upper bound for any spinon
“Sommerfeld coefficient” γ (see Fig. 1). We obtain
γ ¼ 50ð8Þ mJ:mol−1:K−2. In comparison to spin-liquid
candidates with a suggested spinon Fermi surface, this is
much lower than for the kagome antiferromagnets
ZnCu3ðOHÞ6SO4 [34] and ½NH4�2½C7H14N�½V7O6F18�
[35] (200≲ γ ≲ 400 mJ:mol−1:K−2) but higher than for
the triangular organic salts κ-ðBEDT-TTFÞ2Cu2ðCNÞ3 [36]
and EtMe3Sb½PdðdmitÞ2�2 [37] (γ ∼ 20 mJ:mol−1:K−2).
In the case of a critical spin liquid, the best fit in the
range [1, 2] K is obtained using CpðTÞ=T ¼ aTρ with a
nontrivial power ρ ¼ 0.51ð4Þ (see Fig. 1).

IV. ANALYSIS WITH THE HTSE+ sðeÞ METHOD

The extrapolation scheme for high-temperature series
expansions based on the entropy method [HTSEþ sðeÞ
method] allows us to compute the thermodynamic quan-
tities corresponding to a spin Hamiltonian down to zero
temperature [24,30,38–40]. The extrapolation is con-
strained by imposing the entropy behavior in the T → 0
limit and the zero temperature energy e0. The latter is
determined, for each set of fixed parameters of the
Hamiltonian, by looking for the maximum number of
coinciding Padé approximants of the high-temperature
series expansion (HTSE) of an auxiliary function [40].
Here, we use the QKHA model with J ¼ 190 K in an

external magnetic field B and with a dilution p, for which
the HTSE in 1=T is known up to order 20 [40]. As shown in
Fig. 3 (main figure and inset), the low value of the specific
heat and its low T evolution can be reproduced if (i) a
gapless Cp ∝ Tα with α ∼ 1.5 is considered in the T → 0

limit, as already suggested by the power-law fit (see Fig. 1),
and (ii) a dilution p ∼ 0.1 of the magnetic network is
introduced. Other perturbations, like exchange anisotro-
pies, may be considered [40], but they have a weaker effect
as compared to dilution. In the computation, the missing
spins in the kagome planes are accounted for statistically:
Each cluster of n sites entering in the evaluation of the
series expansions takes a weight ð1 − pÞn.
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FIG. 1. Temperature scans obtained at 28, 31, and 34 T for
temperatures T ≤ 4 K for the PHS and DHS single crystals. The
phononic and Schottky-type contributions are negligible in the
considered temperature and field ranges. Hence, the kagome
contribution is directly measured and found to be field indepen-
dent. The PHS and DHS data are found to scale by a factor 1.21;
see the transparent lines. The dashed lines indicate possible
extrapolations to zero temperature, as detailed in the text.
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FIG. 2. The Cp=T data obtained at 16 selected field values for
temperatures 1 ≤ T ≤ 8 K on the DHS single crystal. The
discontinuous data sets are extracted from field scans at fixed
temperatures. Some of the extrapolations from Fig. 1 are
reproduced here.
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Regardless of any match to our experimental data,
when a gapless CpðTÞ ∝ Tα (1 ≤ α ≤ 2) is considered in
the T → 0 limit, we find that the evolution of the ground-
state energy with the applied field is compatible with the
expression

e0ðB; pÞ ¼ e0ðB ¼ 0; pÞ − AðpÞB2: ð3Þ

Therefore, we use this ansatz with p, e0ðB ¼ 0; pÞ and
AðpÞ as parameters [30] to fit the experimental specific heat
results. For α ¼ 1.45, we find good fits to both PHS and
DHS data and reproduce the observed field independence
of the specific heat between 28 T and 34 T in the
temperature range 1–4 K. The corresponding optimal
dilution parameters are p ¼ 0.11 and p ¼ 0.135 for the
PHS and DHS samples, respectively. Interestingly, the ratio
of these dilution parameters matches the ratio of the low-
temperature Curie constants q ¼ 1.3ð1Þ. This calls for a
discussion of the origin of the effective dilution of the
kagome planes needed to reproduce the specific heat data;
see Sec. VII.
Finally, we assume that the parameters α and p

are field independent, and we compute the specific
heat down to zero field for both PHS and DHS (see
Fig. 3). The computed specific heat has hardly any
field dependence for temperatures T ≤ 8 K and for fields
B ≤ 34 T.

V. EXTRACTION AND SUBTRACTION OF THE
SCHOTTKY-LIKE CONTRIBUTION CSchot

p

In this section, we extend our analysis of the exper-
imental data to temperature and field ranges for which the
Schottky-like contribution becomes non-negligible and has
to be subtracted. Motivated by the absence of field
dependence of the kagome specific heat discussed above,
we propose a similar approach as developed in Ref. [26].
We assume that the kagome contribution Ckago

p is field
independent on the whole field range up to 34 T. The
Schottky-like field-dependent part of the total specific heat
Cp is singled out through differences between temperature
scans obtained at fixed fields. We use five parameters to
describe the difference ΔC1;2

p =T between the two data sets
obtained at fields B1 and B2:

ΔC1;2
p

T
≡ f

T
½Cimp

p ðT;Δ1; σ1Þ − Cimp
p ðT;Δ2; σ2Þ�; ð4Þ
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FIG. 3. The Cp=T data at 34 T compared to the HTSEþ sðeÞ
results, which are field independent from 0 to 34 T. In the inset,
we show the drastic impact of α and p values on the shape and
magnitude of the specific heat curves. The experimental data are
only reproduced if we use a power α ∼ 1.5 and impose a dilution
p ∼ 10%–15%.
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of Eq. (4). In panel (b), we show how, once the estimated
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independent C⋆
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p Þ=T. Inset: evolution of the
gap Δ, obtained from the latter fits, as a function of the field. The
error bars stand for the needed Gaussian broadening σ.
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where

Cimp
p ðT;Δ; σÞ≡

Z
Cimp
p ðT; Δ̃ÞρΔ;σðΔ̃ÞdΔ̃: ð5Þ

In the latter, we introduced a Gaussian distribution ρΔ;σ
with mean Δ and standard deviation σ, and the integral is
evaluated over ½Δ − 6σ;Δþ 6σ� ∩ Rþ. To achieve con-
vergence and be consistent with some recent ESR results
[23], the gap Δ is constrained to gμBB=kB, with g ∈
½2.14; 2.23� (except in zero field). We performed a global
fit of the 120 differences allowed by the 16 data sets shown
in Fig. 2, thus employing a total of 17 global parameters. A
few of these fits are shown in Fig. 4(a). The distribution of
the gap is only necessary at low and moderate fields [see the
inset in Fig. 4(b)]. We obtain a fraction f ¼ 0.227ð1Þ and
ΔðB ¼ 0Þ ¼ 2.06 K. It is then possible to extract the field-
independent contribution C⋆

p ¼ Ckago
p þ Cphon

p , which is
displayed in Fig. 4(b) for a few fields. The curves coincide
at all fields and on an extended temperature range up to 8 K,
showing that the field-dependent character of the total
specific heat is well modeled by the Schottky-like con-
tribution only.

VI. FIELD-INDUCED ANOMALIES AT VERY LOW
TEMPERATURES

Finally, we focus on the very-low-temperature data. In
Figs. 5(a) and 5(b), we show some field scans obtained on
the PHS and the DHS single crystals for temperatures
0.7 ≤ T ≤ 2 K. By looking at the lowest temperature data,
we clearly distinguish three regimes. At these low temper-
atures, the low-field specific heat is rapidly decreasing:
This is the characteristic Schottky-like contribution. The
intermediate-field part displays an anomaly, perhaps
indicating a field-induced transition. The high-field part
is nearly constant, in line with a field-independent
kagome contribution Ckago

p . As the temperature is
increased above 1 K, we observe a progressive vanishing
of the anomaly and see the Schottky-like tail shifting to
higher fields. By examining the second derivative of
Cp=T, we are able to delineate the field extent of the
field-induced anomaly, which is denoted by a downward
concavity [30]. The increase in Cp=T associated with this
anomaly appears to be limited to 25 mJ:mol−1:K−2 down
to 0.7 K, but we lack the full temperature evolution to
determine the precise entropy gain. Such a small field-
induced anomaly does not seem compatible with a proper
phase transition related to the kagome physics and may
reflect a crossover in the defect properties. We draw a
tentative B − T phase diagram from the positions
extracted and compare our findings with others already
reported in the literature [see Fig. 5(c)]. The reported
crossover region has a limited field dependence, similarly
to what was observed with torque and ac susceptibility

measurements [41,42]. This crossover is, however, at
variance with the transition disclosed with 17O NMR
spin-lattice relaxation [43] at lower temperatures to a
gapped phase. Whatever the origin of the physics at play,
it is restricted to very low temperatures (T < 2 K) and low
to moderate fields (B < 16 T).

VII. DISCUSSION

This discussion section is divided into three parts. In the
first part, we compare our findings for the kagome specific
heat to existing gapless models. The second part is devoted
to possible origins of the Schottky-like contribution. In the
third part, we examine the B − T phase diagram at very low
temperatures.

FIG. 5. (a,b) Field scans obtained at very low temperatures
T ≤ 2 K on the PHS single crystal and the DHS single crystal,
respectively. Tiny anomalies associated to a minute entropy gain
are clearly evidenced at the lowest temperatures but quickly
disappear for temperatures T ≥ 1 K. The parts highlighted in
green (PHS) and yellow (DHS) delineate the anomalies (down-
ward concavity). (c) Anomaly positions observed in the latter
specific heat measurements reported in a B − T phase diagram,
along with anomaly positions detected with other techniques (17O
NMR spin-lattice relaxation from Ref. [43], torque adapted from
Ref. [41], and ac susceptibility adapted from Ref. [42]). The
dashed lines are guides for the eyes.
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A. Kagome specific heat

Our experimental findings bring severe constraints to
any model for the ground state and its elementary excita-
tions. Indeed, let us recall that the raw specific heat of
herbertsmithite is found to be field independent for 1 ≤
T ≤ 4 K in fields 28 ≤ B ≤ 34 T (gμBB ∼ J=4) and that
CpðTÞ ∝ Tα with α ∼ 1.5 in the T → 0 limit (typically for
T ≤ 1.5 K). We note that both the phonon and Schottky-
like contributions are negligible for this set of values, thus
giving access to the kagome specific heat. These exper-
imental facts are completed by the HTSEþ sðeÞ numerical
method to fit the data, which also leads to the robust finding
of the power law CpðTÞ ∝ Tα with α ∼ 1.5 in the T → 0

limit [30]. In addition, this HTSEþ sðeÞ study then yields
hardly any variation for the kagome specific heat from 0 to
34 T (see Fig. 3). This is consistent with the data after
subtraction of a Schottky-like contribution that is dominant
in low to moderate fields.
Many of the recent numerical works seem to promote the

gapless Uð1Þ½0; π� Dirac spin-liquid ground state [7–
9,11,15,44]. For this fermionic spinon mean-field ansatz,
the low-energy dispersion is linear and isotropic in zero
field, and pockets form for B ≠ 0 whose radius is propor-
tional to B. At the mean-field level, one then expects a
change from CpðTÞ ∝ T2 in zero field to CpðTÞ ∝ BT in
the kBT ≪ μBB limit [44]. Neither the T nor the B
dependence is compatible with our experimental results.
Moreover, when the spinon Fermi velocity is adapted from
the 17ONMRmeasurements of the kagome susceptibility in
fields B ≤ 6.7 T [23], the deduced specific heat magnitude
is much smaller than the actual experimental magnitude.
The logarithmic correction due to fluctuations of emergent
gauge fields derived in Ref. [25] for the zero-field case
results in a shift ΔCpðTÞ ∝ T2 ln ða=TÞ (where a ∼ J=kB).
This correction fails to account for the experimental data
since it yields a < 1 K.
In order to better account for the exponent α ∼ 1.5,

we tentatively reimagine the fermionic spinon model
through the dispersion ek;� ∝ jkj2=α featuring subqua-
dratic band touching points (1 < α < 2) rather than
Dirac nodes (α ¼ 2). This allows us to recover CpðTÞ ∝
Tα in zero field, but it also leads to a field-dependent
linear-in-T specific heat in large fields, at odds with our
findings.
In the vein of a spinon dispersion featuring approximate

Dirac cones at low energy, it has been proposed that the
Fermi level does not exactly intersect with the touching
points but rather cuts out a small Fermi surface [14]. In such
a case, one expects a linear specific heat at low temperature.
On the one hand, a fit of our data to such asymptotic
behavior yields a small spinon “Sommerfeld coefficient”:
γ ∼ 50 mJ:mol−1:K−2 is an upper bound. On the other
hand, although it is not clear how high fields affect such a
small density of states, we rely upon our HTSEþ sðeÞ

analysis and its extension to the zero-field limit, which
firmly precludes any linear behavior through the robust
prediction of α ∼ 1.5.
A nematic striped spin-liquid ground state has been

proposed as well, for which the excitation spectrum turns
out to be gapless beyond the mean-field description
[45–47]. Unfortunately, we cannot easily predict what
the specific heat would be considering the associated
anisotropic spinon transport. This calls for further theo-
retical developments.
Other scenarios have been suggested but fail to

match with the full set of experimental findings. For
instance, a Uð1Þ (large) Fermi-surface spin-liquid ground
state [48] would provide a simple explanation for the very
limited field dependence of the specific heat, but it is
discarded through our small estimate for any spinon
“Sommerfeld coefficient.” Besides, Uð1Þ gauge-field
fluctuations should result in a correction ΔCpðTÞ ∝
T2=3 [25], at odds with our peculiar α value. Moreover,
to be stabilized, this state requires a substantial next-
nearest-neighbor ferromagnetic coupling between
kagome spins, which is not legitimate for herbertsmithite
[3]. Another example is the proposal of an algebraic
vortex liquid [49], with spinless excitations. Although it is
not clear if it would be compatible with our nontrivial
power law, it is based on a large easy-plane anisotropy
(XY model), which is not in line with the Heisenberg
character of herbertsmithite.
To conclude, in the framework of herbertsmithite—on

the one hand, displaying a kagome-induced spin-liquid
behavior (down to very low temperatures) but, on the
other hand, not yet achieving the ideal scenario of
fully occupied and isolated kagome planes—we are left
with no satisfactory physical picture. Let us also mention
that, although the series expansion can reproduce our
specific heat data, the corresponding computed suscep-
tibility does not match the small and nearly field-inde-
pendent susceptibility measured with 17O NMR for fields
B ≤ 6.7 T [23]. Indeed, the susceptibility at T ¼ 0 is
computed from the field dependence of the ground-state
energy: χ0ðBÞ ¼ −ð∂e0ðBÞ=∂BÞ=B. With the B2 depend-
ence of Eq. (3), this leads to a large field-independent
χ0 ¼ 3.3 × 10−3 e:m:u: ðmol f:u:Þ−1, more than 10 times
larger than the NMR susceptibility, while for a slightly
higher exponent, Bν with ν > 2, compatible with the
subquadratic band touching picture (ν ¼ αþ 1), χ0 van-
ishes in zero field but increases steeply with the applied
field as χ0 ∝ Bν−2. However, it may not be suitable to
directly compare these two susceptibilities for an inho-
mogeneous system. Indeed, while the dilution effect is
averaged in the computed susceptibility, the NMR results
could concentrate on some “far-from-defect” copper sites
with a susceptibility that is reduced from the uniform
susceptibility [50]. Whether this argument is enough to
explain such a discrepancy is questionable.
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B. Defects in herbertsmithite

The quantitative analysis of our specific heat data clearly
points to a reduced kagome contribution as compared to
that expected from HTSEþ sðeÞ results for the pure
QKHA model [40]. In our simple approach, this has been
addressed through the introduction of p ∼ 10% in-plane
vacancies in the series computations. This concentration is
surprisingly high considering the statement of a full copper
occupancy of the kagome lattice that is inferred from
cutting-edge x-ray scattering and spectroscopy [20,51]. In
parallel, it has been known for a long time that herberts-
mithite harbors a substantial amount of nearly free mag-
netic entities through the Curie tail and Schottky-like
anomaly observed at low temperatures and low fields.
When treated as S ¼ 1=2 impurities, the Schottky-like
anomaly analysis yields a concentration of f ∼ 23% for
the DHS sample. Why the kagome planes are so impacted
calls for an advanced discussion about the various types of
defects. We also emphasize that torque, ESR, and 17ONMR
uncovered at least two types of defects [23,52]. At low
temperature, while the main part of the NMR spectrum
undergoes a large broadening (∝ 1=T), two additional lines
emerge: one for copper sites with a Curie-like susceptibility
(∝ 1=T) and the other for copper sites with an almost null
susceptibility.
We first focus on a full copper occupancy in the planes,

which leads to a chemical formula Zn1−xCu3þxðOHÞ6Cl2,
with x ¼ f ∼ 0.2. The effective dilution of the kagome
planes that we find is only substantiated when some of the
kagome sites are somewhat set apart because of the
presence of copper ions on the zinc sites. We can no
longer simply argue that copper ions on the zinc sites are
decoupled and only responsible for the Curie tail and the
Schottky-like anomaly at low temperatures and low fields:
They could create local perturbations on adjacent triangular
plaquettes (in the top and bottom kagome planes), yielding
a reduced kagome specific heat. This is in line with our
observation that the ratio of p values for the effective
dilutions matches the ratio q of Curie constants. Two
prospective ideas emerge:

(i) Copper ions on the zinc sites produce a Jahn-Teller
distortion impacting adjacent triangular plaquettes.
In this regard, the local deformations and their
influence on the in-plane couplings (preserving
the threefold crystal symmetry) have to be quanti-
fied. Note that one does not expect a spin-liquid state
to be destabilized by some equilateral defect tri-
angles: See the case of the breathing kagome lattice
on which the spin-liquid state survives for JΔ=J∇ as
low as 0.25 [53–55].

(ii) A substantial exchange couples in-plane and out-
of-plane copper ions. To our knowledge, this
possible interaction has not been estimated to date.
It would lead to the formation of spin multimer
defects. For instance, an effective S ¼ 1=2 could

arise from the formation of a trimer involving one
interlayer Cu and two others from the adjacent
kagome planes. How this can be reconciled with an
effective decoupled spin-1=2 picture remains to be
investigated.

We can also consider that there is a minute proportion of
zinc ions on the kagome sites. This proportion would be
bounded by the uncertainty (a few %) of aforementioned
structural studies [20,51] and would leave room for a still
significant amount of copper ions on the zinc sites. In this
framework, we can trace back to several theoretical studies
of spinless impurities in quantum spin liquids [50,56–58].
It has been found that spin textures in the vicinity of a
spinless impurity, in the form of frozen dimers and orphan
spins, are responsible for a uniform Curie-like susceptibil-
ity (∝ 1=T), which would then mix with the susceptibility
of the copper ions on the zinc sites.
As observed in most antiferromagnetic correlated sys-

tems [59,60], in any of these scenarios, one can expect
these defects to be screened by the surrounding spins, even
leading to a Kondo-like effect [61], and the perturbation to
propagate in the kagome planes. For example, depending
on the spin-liquid class, it has been shown that spinless
impurities can induce a staggered susceptibility [56,57],
which would explain the large spectral broadening of the
17O NMR line observed at low temperatures [21,23].
Alternatively, orphan spins resulting from the effective
dilution may form a random singlet state, as seen in the
different context of a valence bond crystal ground state
[62]. Yet, the predicted sublinear contribution to the
specific heat does not seem to be compatible with our
results.
To make significant progress in the comprehension of

defects, it is now necessary to study a collection of zinc-
paratacamite samples among which the zinc-to-copper ratio
is precisely varied at the verge of the ideal ZnCu3
stoichiometry. It is also worth comparing with other
quantum kagome compounds as in the zinc-barlowite series
[63], which may involve other types of defects.

C. Phases at very low temperatures

Our field-induced anomalies at very low temperatures
add up to other evidence of marginal physics out of a
quantum spin-liquid regime. These marginal physics show
up clearly for temperatures lower than kBT ∼ J=100 in
fields lower than B ∼ 10 T. Such a field-induced transition
from a gapless to a gapped regime was also found in
brochantite, which arguably is a spin liquid with a spinon
Fermi surface [64]. Our specific heat data here are not
complete enough to precisely extract the associated entropy
gain, but an upper estimate of 17 mJ:mol−1:K−1 can be
integrated between 600 mK and 3 K, which is about 1=350
of the total entropy for spins 1=2. As recalled in Sec. VI,
17O NMR [43], torque [41], and ac susceptibility [42]
measurements have already evidenced several crossovers at
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very low temperatures. We can definitely distinguish two
crossover categories. So far, the crossover at temperatures
T < 1 K from the dynamical gapless regime to a frozen
gapped regime has only been clearly highlighted with
NMR relaxation measurements [43]. In addition, as pointed
out in the present study, a more “vertical” crossover region
is observed at fields 7 < B < 16 T, extending to slightly
higher temperatures [41,42]. While we adopt a simple and
conservative method to extract a single “vertical” crossover,
looking at the concavity change of specific heat curves,
torque experiments (which track the anisotropy of the
susceptibility) reveal two sets of such crossovers at nearly
constant fields by looking at each inflection in the signal
derivative [41].
As discussed in previous works [1,43], low-energy

deviations to the pure QKHA model are suspected to be
responsible for the crossover from the dynamical gapless
regime to the frozen gapped regime. The sizable
Dzyaloshinskii-Moriya (DM) component estimated from
ESR measurements [17,18], Dz ∼ 0.04–0.08J, and the
possible easy-axis exchange anisotropy of about 0.1J
deduced from susceptibility measurements [19] are often
invoked. They are the main perturbations, in a range of
about 8–19 K, well above the detected crossovers. In the
case of the DM interaction, the value for Dz is close to but
below the predicted quantum critical point in zero field
(Dz ∼ 0.1J) [65], and the crossover would be explained by
a combined effect with the applied field. This reasoning
could also be relevant in the case of anisotropic symmetric
exchange. We also note that a lower limit of a DM
instability of 0.012J has been found recently using a
tensor-network-states approach [12], at T ¼ 0, and could
match better with our findings.
Interestingly, recent second harmonic generation [46],

torque, and ESR experiments [52] point to a global
symmetry reduction of the kagome lattice at low temper-
ature. It is attributed to a minute monoclinic distortion,
below the threshold of up-to-date structural refinements.
From a combination of infrared spectroscopy measure-
ments and ab initio density functional theory calculations,
it has been inferred to the strong magnetoelastic coupling in
the kagome planes, which seems to be enforced upon
cooling [66]. Then, the crossover from the dynamical
gapless regime to the frozen gapped regime could be
reminiscent of the clear transition observed in monoclinic
clinoatacamite [4,67].
Another inspiring channel to interpret all observed

crossovers is the building of antiferromagnetic correlations
among impurities. This was emphasized by inelastic
neutron scattering for energy transfers ℏω < 0.8 meV
(∼J=20) [6] and may be related to the small Weiss
temperature θ ∼ 1–2 K deduced from the low-temperature
Curie tail in susceptibility [30]. Whatever their nature,
it is very likely that some nearly free magnetic entities
subtly couple to the kagome copper ions, enhancing the

dimensionality of the magnetic lattice at the lowest temper-
atures. This could definitely be a key ingredient in the
crossover from the dynamical gapless regime to the frozen
gapped regime. As for the more “vertical” crossover, it may
simply signal the complete polarization of nearly free
magnetic entities.
In closing, we remind the reader that despite their

enigmatic origin, all observed crossovers in herbertsmithite
occur at very low temperatures, illustrating, once again, the
robustness of the dynamical gapless regime down to
temperatures as low as about J=100 whatever the field
intensity.

VIII. CONCLUSIONS AND OUTLOOK

In herbertsmithite, the ground state of the kagome spin
system is disordered, dynamical, and gapless [4,5,23]. It
has the essential attributes of a critical spin liquid: In the
T → 0 limit, the nontrivial power laws for the spin-lattice
relaxation rate [23], 1=T1ðTÞ ∝ Tβ with β ∼ 1 measured in
a moderate field of about 7 T, and specific heat
CpðTÞ ∝ Tα, with α ∼ 1.5, point to algebraic spin-spin
correlations. The present study leads to a major improve-
ment in the characterization of elementary excitations.
Because of the peculiar exponent and very weak field
dependence of the kagome specific heat, we rule out both
the Uð1Þ (large) Fermi surface and Uð1Þ½0; π� Dirac spin-
liquid scenarios. Yet, the exact nature of the emergent
quasiparticles remains to be elucidated. From the con-
tinuum exposed with inelastic neutron scattering [5], they
are not ΔS ¼ 1 objects. Still, the observation of a large
(Lorentz force driven) thermal Hall effect would be
beneficial to confirm their fractional character [68]. The
experimental results presented here pave the way for new
theoretical developments.
From the field-induced anomalies reported in the present

study and previous work, we have constructed a prelimi-
nary B − T phase diagram. It can be completed using other
techniques in order to secure the two-crossover picture we
exhibit, fully characterize the phases stabilized at very low
temperatures, and understand their origin. For instance, it
would make sense to check whether the two crossovers are
detected with sound velocity measurements (which are
sensitive to minute variations in the magnetoelastic cou-
plings) or thermal transport measurements (which are
sensitive to mobile heat carriers only). Special signatures
may allow us to discriminate between a global spin freezing
and the polarization of some impurities.
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Note added.—Recently, we became aware of a new
NQR study in herbertsmithite [69] that confirms the
existence of inequivalent copper sites with long and short
relaxation times—observed in previous NMR studies
[22,23]—and determines their respective dynamics. The
study hints at the coexistence of gapped and gapless
excitations. With our study, the inhomogeneity observed
in the dynamics [69] calls for a comprehensive account of
defects in herbertsmithite.
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