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Fig. 1. Two-phase electromagnetic system of the induction
machine.

This electromagnetic system can be described by the
following general flux-currents relationships:

Φsx = Lsxisx +Msrxirx

Φrx = Lrxirx +Mrsxisx (1)

where x is put for d or q, and the cyclic inductances are
functions of the currents (isd, isq, ird, irq).

The curves of cyclic inductances can be obtained by
injecting only one current: Lsx = Φsx/isx, Lrx = Φrx/irx,
Msrx = Φsx/irx and Mrsx = Φrx/isx.

In paper [5], we demonstrated that the mag-
netic state of the induction machine depends on the
modulus of the magnetizing current vector |Im| =√

(isd + αiαrd)2 + (isq + αiαrq)2, where α is the reference
factor. Its expression is given in [7] and it does not depend
on the magnetic state of the machine in the contrary of
the factor Ls/M which includes the leakage inductance in
the numerator that varies with the magnetic state.

The established saturated model can be described by
the following electromechanical equations:

– electrical equations:

Vs = RsIs +
dΦs

dt
+ j

dΨ
dt
Φs

0 = Rαr I
α
r +

dΦαr
dt

+ j
d(Ψ − pθ)

dt
Φαr (2)

– flux-current relationships:

Φs = Ls

(∣∣Im∣∣) Is +Mα
(∣∣Im∣∣) Iαr

Φαr = Lαr
(∣∣Im∣∣) Iαr +Mα

(∣∣Im∣∣) Is (3)

– mechanical equation:

j
dΩ
dt

= Cem − fΩ − Cr. (4)

The index α is adopted for all rotor electrical parame-
ters to show that this model is established for a refer-
ence factor α.

Because of the fact that leakage inductances are in-
cluded in Ls and Lr, this model was called the two-phase
saturated model of separated leakage inductances.

From equation (3) we can see that the saturation cross
effect is introduced in the cyclic inductances evolutions.
For example, the stator flux of the D axis does not vary
only with isd and ird, but also with isq and irq because Ls

and M vary with
∣∣Im∣∣.

3 Electrical parameters shown from the stator

In this section we are going to find the electrical parame-
ters that can experimentally measured from the stator at
several saturation levels.

First of all, from the saturated model described before,
we will find an equivalent saturated model with a unity
reference factor, α = 1. This can easily be done by intro-
ducing the following new parameters in the electrical equa-
tions and in the flux-currents relationships: Φr = Φαr /α,
Ir = αIαr , M = Mα/α, Lr = Lαr /α

2 and Rr = Rαr /α
2, so

we obtain the equivalent model described by the following
electromechanical equations:

– electrical equations:

Vs = RsIs +
dΦs

dt
+ j

dΨ
dt
Φs

0 = RrIr +
dΦr

dt
+ j

d(Ψ − pθ)
dt

Φr (5)

– flux-current relationships:

Φs = Ls

(∣∣Im∣∣) Is +M
(∣∣Im∣∣) Ir

Φr = Lr

(∣∣Im∣∣) Ir +M
(∣∣Im∣∣) Is (6)

– mechanical equation:

j
dΩ
dt

= Cem − fΩ − Cr (7)

where
∣∣Im∣∣ =

√
(isd + ird)2 + (isq + irq)2 is the modu-

lus of the magnetising current vector.

Figure 2 shows the electrical circuit of this equivalent
model.
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Fig. 2. Equivalent saturated model with a unity reference
factor.

For a certain saturation level s, the cyclic inductances
do not vary. So, If we apply the 2 to 3 inverse Park trans-
formation for Ψ = 0 in the stator, and for Ψ = pθ in the



rotor, we obtain the following electrical equations of each
phase:

[Vs]3 = Rs[Is]3 + Lss
d[Is]3

dt
+Ms d[Ir]3

dt

[0]3 = Rr[Ir]3 +Msd[Is]3
dt

+ Lsr
d[Ir]3

dt

where [X ]t3 = [xa, xb, xc].
For the a stator phase and the a rotor phase, and for

a sinusoidal steady state s, we can write:

Vs = RsIs + jωs(LssIs +MsIr)

0 =
Rr

g
Ir + jωs(MsIs + LsrIr)

where:

Vs = Vs

Is = Ise−jζ1 , ζ1 = ∠(Vs, Is)

Ir = Ire−jζ2 , ζ2 = ∠(Vs, Ir)

g is the slip.
The equivalent circuit is shown in Figure 3.
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Fig. 3. Equivalent circuit of the induction machine for a cer-
tain saturation level.

To obtain the electrical parameters shown from the
stator, we introduce the magnetizing stator current Ims =
Is + Ms

Lss
Ir and the rotor current shown from the stator

I ′r = Ms

Lss
Ir (Fig. 4):

Vs = RsIs + jωsL
s
sIms

0 =
R′r
g
I ′r + jωs(LssIs +NsI ′r)

where Ns = Lss

(
LssL

s
r

(Ms)2 − 1
)

is the leakage inductance to-

taled in the rotor, and R′sr =
(
Lss
Ms

)2

Rr is the rotor resis-
tance shown from the stator which depends on the mag-
netic state of the machine.

We call the model presented in Figure 4 the steady
state model with leakage inductance totaled in the rotor
for a certain saturation level.
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Fig. 4. Steady state model with leakage inductance totaled in
the rotor.

4 New experimental measurement method
of electrical parameters of the steady
state model with leakage inductance
totaled in the rotor for several
saturation levels

Now, we will search a new experimental measurement
method of the electrical parameters of the circuit shown
in Figure 4 for several saturation levels s.

1- The stator resistance Rs does not depend on the mag-
netic state of the machine, so we can measure it by
applying a continuous stator voltage on one of the sta-
tor phases.

2- To measure Ls we propose to do several no-load mea-
surements for several amplitudes of the stator volt-
age and at a fixed frequency smaller than the nomi-
nal frequency. The circuit employed in this case is the
following:

L

R

V

Is

s s
s

s

E

msI

Fig. 5. No-load circuit of the induction machine.

For each magnitude of the stator voltage, the value of
Lsis corresponding to the steady state si is calculated
using the following expression:

Lsis

(∣∣∣Isim

∣∣∣) =
3(Esrms)

2

ωsQsi
(8)

where Q is the reactive power.
3- To calculate rotor parameters shown from the stator

for several saturation level, we propose to do several
experimental measurements at a small slip and at a
stator frequency smaller than the nominal one. The
reason of these conditions is that the induction ma-
chine can not be saturated if we apply the classical
measurement method when the rotor is blocked.





Fig. 8. Simulation example for a small slip and for a blocked
rotor.

To demonstrate this idea, we develop the following
study using the cyclic inductances curves obtained for a
4 KW induction machine and calculated by a finite ele-
ments calculation program [5,6]. From Figure 4 and for a
steady state si we have:

V sis = RsI
si
s + ZsiLs

Isims (9)

Isims =
(

1 +
(
Lsis
Msi

− 1
)

ZsiLs

Zsirotor

)−1

Isim (10)

Isis =
(

1−
ZsiLs

Zsirotor

)(
1 +

(
Lsis
Msi

− 1
)

ZsiLs

Zsirotor

)−1

Isim

(11)

where ZLs is the impedance of Ls and Zrotor is the
impedance of the rotor circuit.

From these previous equations we obtain Figures 6
and 7.

We notice, from these figures, that it is very difficult
to saturate the machine for high values of the slip and the
stator frequency.

To illustrate the previous study, we show in Figure 8
two simulated dynamic responses of the 4 KW machine for
a slip of 100% and for 10%. It is clear that the machine
can be easily saturated if the value of the slip is small.

Therefore, to calculate R′r and N for several saturation
levels, we have to do measurements at a small value of the
slip to obtain a weak value of the rotor current shown
from the stator which opposes to the stator current, and
at a stator frequency smaller than the nominal frequency
to have a small impedance of the inductance Ls.

For each steady state si, determined by the magnitude
of the stator voltage V sis , and for a fixed stator frequency,
the values of R′r and N are calculated from Figure 4 using

the following expressions:

R′sir = gsiP si1

3(Esieff)2

(P si1 )2 + (Qsi1 )2
(12)

Nsi =
Qsi1
ωs

3(Esieff)2

(P si1 )2 + (Qsi1 )2
(13)

P si1 = P si − 3(Isiseff)2Rs (14)

Qsi1 = Qsi − 3(Esieff)2

ωsL
si
s

(15)

where P and Q are the active and the reactive powers.
From equation (15) we notice that we have to know

the value of the stator cyclic inductance for each experi-
ment. This value can be calculated by doing the approx-
imation Isims ≈ Isim (small slip) and by using the approxi-
mated equation:

Esi ≈
√

2
3
ωsL

si
s

∣∣∣Isim

∣∣∣ . (16)

So, for each experiment we measure Esi and we search
the intersection point between the curve Lsis

∣∣∣Isim

∣∣∣, found

by doing the no load experiments, and
√

3
2
Esi

ωs
.

5 Application of the new experimental
measurement method on a 4 KW
squirrel cage induction machine

We apply the new measurement method on a machine of
4 KW. This machine is loaded with a velocity controlled
synchronous machine, Figure 9.

The stator frequency can be changed using a PWM
inverter.

The measurements are done at a stator frequency of
20 Hz, and the measurements of the rotor parameters
shown from the stator are done at a slip of 10%. The
results obtained by the new experimental measurement
method are presented in Figures 10 and 11.

The evolution obtained of the inductance Ls with these
measurements is very close to the evolution calculated
with a finite elements calculation program.

From Figure 11, and for the measurements at a small
slip of rotor parameters shown from the stator, we no-
tice that the values of the total leakage inductance N ex-
perimentally measured are bigger than those calculated
using a finite elements calculation program. This can be
explained by the fact that the finite elements calculation
program is a two-dimension program and it does not take
in to account all leakage inductances.

Here, we mention that this method has a weak sensi-
tivity in measuring several points when the machine starts
to be saturated, Figure 10. This is because of the big vari-
ation of the cyclic inductances for a small variation of the
stator voltage. This is why we obtain an irregular curve
in this zone.



Fig. 9. Electromechanical system used to measure the electri-
cal parameters shown from the stator.

Fig. 10. Results of no load experiments.

6 Establishment of a new dynamic saturated
model of the induction machine

Now, we will find another two-phase saturated model
that only needs the electrical parameters shown from the
stator.

From equation (6) we can write the stator flux vector
as follows:

Φs = LsIms (17)

where Ims = Is + M
Ls
Ir = Is + I ′r is the magnetizing stator

current vector.
We add and substrate M2

Ls
Ir from the expression of the

rotor flux vector, then we multiply it by Ls
M :

Φ′r = (Ls +N)I ′r + LsIs (18)

where Φ′r = Ls
M Φr and N = Ls

(
LsLr
M2 − 1

)
is the leakage

inductance totaled in the rotor.
If we introduce the new vectors Φ′r and I ′r in the elec-

trical equations (5), we obtain a new two-phase saturated
model that can be described by:

Fig. 11. Results of small slip experiments.
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Fig. 12. Two-phase saturated model with leakage inductance
totaled in the rotor.

– electrical equations:

Vs = RsIs +
dΦs

dt
+ j

dΨ
dt
Φs

0 = R′rI
′
r +

dΦ′r
dt

+
1
Γ

dΓ
dt
Φ′r + j

d(Ψ − pθ)
dt

Φ′r (19)

where Γ = M
Ls

– flux-current relationships:

Φs = LsIms

Φ′r = (Ls +N)I ′r + LsIs (20)

– mechanical equation:

j
dΩ
dt

= Cem − fΩ − Cr. (21)

The electrical circuit of this model is shown in
Figure 12.

To resolve the electromechanical equations of this new
model, we have to do the approximation Γ ≈ Ls

Ls+N

and apply the same algorithm used to solve the elec-
tromechanical equations of the two-phase saturated model
of separated leakage inductances which we presented in
paper [5].

7 Experimental validation

Figure 13 shows the real dynamic responses of the 4 KW
machine (curves 1) with the dynamic responses of the



Fig. 13. Dynamic responses of the 4 KW machine.
(1) Real response. (2) Saturated model. (3) Linear
model.

L

L

Ls R'r

Rs

Vs

I'rIs

s

j
d(Ψ−pθ)

dt
Φ'r

dΨ
dt

Φsj 1/Γ
dt
dΓ Φ'r

+N

s

Ri

Is'

Isi

Fig. 14.

same machine modeled by the linear two phase model at
nominal values of cyclic inductances (curves 3) and by
the two-phase saturated model with leakage inductance
totaled in the rotor (curves 2). We can clearly see that
the last model gives closer dynamic responses to the real
dynamic responses of the machine.

The experiments are done at a maximum magnitude of
the stator voltages of Vs = 40 V, and at a stator voltages
frequency of fs = 5 Hz. So, under these conditions, we are
sure that the machine has a greater saturation level than
the nominal saturation level which is given at Vs = 311 V
and at fs = 50 Hz. We can also see from the previous
figure that the stator cyclic inductance is 23.8% smaller
than its linear value.

8 Remarks

In this paper we do not take into account the iron losses.
This can be introduced by adding a resistance Ri in paral-
lel with Ls. We can measure this resistance while doing the
second step of the new experimental measurement method
using the expression:

Ri =
3E2

eff

p− 3RsI2
seff

in this case, the electrical equations (19) stay the same,
but the cyclic inductances vary with

∣∣Im∣∣ =
∣∣∣I ′s∣∣∣ +

∣∣∣I ′r∣∣∣
where I ′s = Is − Isi and Isi is the current of the resistance
Ri, Figure 14.

9 Conclusion

In this paper we presented a new experimental measure-
ment method of the electrical parameters of the induction
machine shown from the stator. This method was applied
on a 4 KW induction machine and validated by compar-
ing its results with the results obtained by a finite ele-
ments calculation program. The aim of searching such a
method is to find a new two-phase saturated model that
uses the electrical parameters measured from the stator.



This model was called the two-phase saturated model with
leakage inductance totaled in the rotor.

The study has a very big advantage from the indus-
trial point of view, especially for a squirrel cage induction
machine. It avoids the use of a finite elements calculation
program to calculate the evolution of cyclic inductances
with the variation of saturation level in the air gap. By do-
ing the proposed experiments, which are relatively simple,
we can find the evolutions of the electrical parameters of
the machine shown from the stator and then use the new
two-phase saturated model with leakage inductance to-
taled in the rotor.
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