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Abstract: This work provides an experimental and computational analysis of low cycle fatigue of a
tantalum polycrystalline aggregate. The experimental results include strain field and lattice rotation
field measurements at the free surface of a tension–compression test sample after 100, 1000, 2000,
and 3000 cycles at ±0.2% overall strain. They reveal the development of strong heterogeneites of
strain, plastic slip activity, and surface roughness during cycling. Intergranular and transgranular
cracks are observed after 5000 cycles. The Crystal Plasticity Finite Element simulation recording
more than 1000 cycles confirms the large strain dispersion at the free surface and shows evidence of
strong local ratcheting phenomena occurring in particular at some grain boundaries. The amount
of ratcheting plastic strain at each cycle is used as the main ingredient of a new local fatigue crack
initiation criterion.

Keywords: tantalum; crystal plasticity; slip lines; fatigue; polycrystal; ratcheting; crack initiation;
finite element

1. Introduction

Polycrystalline tantalum, a refractory material used in several industrial applications
such as nuclear, biomedical, and chemical engineering, has been the subject of intensive
research dealing with the understanding of plastic deformation modes, mainly at large
strain and strain rates [1–3]. Modern experimental and computational techniques have
been applied to body centered cubic (BCC) metals at the grain level [4]. They include Elec-
tron Back-Scatter Diffraction (EBSD) analysis of crystal lattice orientation and its evolution
during deformation, Digital Image Correlation (DIC) analysis for the determination of
strain fields [5], as well as Crystal Plasticity Finite Element simulations (CPFEM) at the
continuum level relying on appropriate constitutive equations [6], and molecular dynamics
simulations [7]. These techniques have been applied to tantalum polycrystals and oligocrys-
tals in [8,9]. They give access to plastic slip mechanisms by identification of the traces
of slip lines [10], to the lattice curvature and identification of Geometrically Necessary
Dislocations (GND) densities [11], and to damage mechanisms [12].

All previous referenced works deal with the monotonic behavior of tantalum. In con-
trast, the cyclic behavior of tantalum has attracted only limited interest from the scientific
community. Fatigue life assessment of polycrystalline tantalum is of the utmost importance
in biomedical applications [13]. Reported results on High Cycle Fatigue (HCF) and Low
Cycle Fatigue (LCF) behavior of tantalum seem to be limited to those in [14,15], respec-
tively. In the latter reference, a macroscopic constitutive model was proposed to simulate
the hysteresis stress–strain loops obtained experimentally. The shown experiments and
proposed model include specific strain aging effects exhibited by pure tantalum in the
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form of a peak stress at the early plastic flow, due to interactions between dislocations and
solute atoms like oxygen. An important feature of the cyclic response of metallic alloys
is the ratcheting behavior which results from locally or globally non-symmetric stress
loading conditions [16]. The authors of [17] provide unique computational results evalu-
ating the amount of ratcheting inside the grains of a tantalum polycrystalline aggregate.
The approach is based on the identification of tantalum single crystal model from single
crystal monotonic and cyclic curves. An alternative single crystal model incorporating the
effect of GNDs was proposed recently [18]. A major result in [17] is the clear evidence of
a free surface effect in the ratcheting behavior which has implications in the initiation of
fatigue cracks. Crystal plasticity-based fatigue initiation criteria make use of appropriate
indicators involving the effects of resolved shear stress on the slip systems, cumulative
slip and effect of normal to slip, or cleavage planes [19–23]. Statistical probabilistic fatigue
criteria can then be proposed based on these indicators [24,25]. As an example, a fatigue
crack nucleation criterion was developed for titanium Ti-6242 using accelerated crystal
plasticity FEM simulations in [26].

The objectives of the present work is (i) to provide the first experimental results
on plasticity and cracking at the free surface of a tantalum polycrystal by combining
EBSD, DIC, and CPFEM, and (ii) to propose a novel fatigue crack initiation model at the
continuum level of crystal plasticity. For that purpose, the results of an interrupted cyclic
tensile–compression test are documented in terms of plastic slip activity, strain, and lattice
rotation field measurements and detection of intergranular and transgranular cracks at
the free surface of a tantalum polycrystalline aggregate. These results are compared with
a unique CPFEM simulation of more than 1000 cycles on a semi-periodic polycrystalline
aggregate. The experimentally observed and computed polycrystalline aggregates are
distinct. The authors of [27,28] show that the full 3D grain structure is needed to make
meaningful predictions of the plasticity at the surface by CPFEM. The experimental analysis
is limited here to the surface description. No FIB image of the sample was available.

The original results of the present contribution deal with (i) evolution of the surface
roughness, correlated with local EBSD and strain fields evolutions; (ii) dominance of
intergranular or transgranular crack initiation observed after 5000 cycles; (iii) numerical
estimation of strain heterogeneities at the surface and in the bulk of a polycrystalline
aggregate and ratcheting effects at the free surface; and (iv) design of a new fatigue crack
initiation criterion at the mesoscale of the polycrystalline aggregate.

The paper is organized as follows. The experimental methods and results are pre-
sented in Section 2. Section 3 deals with the description of the FE simulation of a polycrys-
talline aggregate and the design of the fatigue crack initiation criterion. Experimental and
computational results are discussed and compared in Section 4.

The index notation is used throughout the work to denote vectors and tensors: Carte-
sian coordinates xi of the material point and of the strain and stress tensors εij, σij, within
the small strain framework.

2. Experimental Approach
2.1. Material and Experimental Methods

Tantalum is a refractory material used in several industries such as nuclear, capacitors,
lighting, biomedical, and chemical processing. The material studied is a commercially
pure tantalum (99.95% w.) coming from Cabot Performance Materials (USA). The sheet
used has been recrystallized during 2 h between 1000 and 1200 ◦C and under 10−4 to
10−5 mbar. After recrystallization, the mean grain size is close to 120 µm and the initial
dislocation density is rather high, between ρd ≈ 1013 m−2 and ρd ≈ 1014 m−2 [29–33].
These values are in agreement with measurements of GND densities deduced from EBSD
data for recrystallized tantalum in the references [9,34].

The tantalum purity is characterized by the following composition of solute atoms:
C: 10, N: <10, O: 19, H: 6 ppm. Some of these elements are responsible for strain aging
effects studied in [15].
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The EBSD map over a large area on Figure 1 shows quasi-equiaxial grains without
marked crystallographic texture. The fact that no predominant direction is observed is
due to cross rolling of the sheets. Some curved grain boundaries are present, probably
due to sub-optimal recrystallization conditions. The pole figure analysis on raw data does
not show a significant crystallographic texture (cf. Figure 2). Thus, the hypothesis of an
isotropic texture is adopted in the following work, particularly for the input data of the
polycrystalline aggregate generation.

The macroscopic cyclic behavior of the considered polycrystalline tantalum has been
investigated for various amplitudes and strain rates in another article by the same au-
thors [15]. In the present paper, the attention is focused on the observation of local plasticity
events at the surface of one single sample. An interrupted cyclic tension–compression
test has been performed on a thick enough flat sample to avoid potential buckling. The
dogbone specimen had a gauge part with dimensions 15 × 10 × 8 mm3, see Figure 1b
in [15] for the detailed sample geometry. The specimen geometry is not a standard one but
allows for DIC and microstructural observations on the flat surfaces. The strain rate was
ε̇ = 10−3 s−1 for a strain amplitude of ∆ε/2 = 0.2%.

Figure 1. EBSD map of tantalum polycrystal over a large area in the center of a sample.
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(a) (b)

Figure 2. (a) Direct <100> pole figure and (b) inverse pole figure of tantalum over a large zone in the center of a sample.

The sample was polished before Electron Beam Lithography deposition. Several grids
have been spread along the sample, consisting in 500 nm markers, with a 5 µm pitch on a
400× 400 µm2 zone.

The cyclic test has been interrupted after 100, 1000, 2000, and 3000 cycles. Each time,
the sample was unloaded from the test machine and placed into a SEM for secondary,
backscattered, and EBSD analyses of each grid. The testing machine used is a servo-
hydraulic Instron 8800. All the SEM observations have been done using the same beam
parameters and adjustments and the same magnification.

The shape of the hysteresis loops does not evolve significantly during the test, with a
marked Bauschinger effect. The isotropic hardening of about 20 MPa reaches a satura-
tion point after ≈50 cycles. The sample is unloaded at zero force, with an increment of
macroscopic plastic strain about 〈ε22〉 = 0.001 after each sequence.

2.2. Local Evolution of the Surface during Cycling

At each step, the load was decreased to zero in order to observe the specimen ex situ
in a SEM. The SEM pictures give some information about the surface evolution.

The pictures of Figure 3 show the roughness evolution after 100, 1000, 2000, and
3000 cycles. The roughness gradually increases, with a stronger effect close to grain
boundaries. Grains encircled in blue, for instance, are subjected to the progressive formation
of a step along grain boundaries. This can induce some stress concentration or notch
effect, and lead to microstrucural ratcheting, as discussed later [35]. The images also
show numerous curved slip lines associated with the easy cross slip characteristic of BCC
materials [36]. Such sinuous or wavy slip lines are also referred to as pencil glide [37].

Moreover, most of the grains exhibit slip bands that look like Persistent Slip Bands
(PSB). They progressively intensify with increasing cycle numbers. PSBs are stopped at
grain boundaries, except for the area circled in red, where PSBs spread on both sides of the
grain boundary, probably because of the weak misorientation between the two grains. This
has been observed in previous work [38].
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100 1000

2000 3000

Figure 3. Roughening of a 400 × 400 µm2 zone at the surface for several cycles during a fatigue test at ±0.2% and
ε̇ = 10−3 s−1. Loading direction is horizontal. The small dots of the deposited grid are visible on the SEM pictures. The
upper left bar is 100 µm long.

The green circle on Figure 3 denotes a zone of a large grain that progressively becomes
concave. This grain also presents PSB-like structures.

Thus, the surface activity is very intense. It can be characterized by local strain fields
measurements provided by Digital Image Correlation (DIC) and also by lattice rotation
fields given by EBSD.
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2.3. Strain Field Measurements

The strain control loading is characterized by the half-amplitude ∆ε/2 and the loading
ratio R = −1. Four successive sequences of cyclic loading are carried out: The first
sequence between 0 and 100 cycles, the second until 1000 cycles, the third until 2000, and
the fourth until 3000 cycles. After each loading sequence, the sample is unmounted in
order to observe the specimen ex situ in a SEM equipped with an EBSD detector. SEM
data are used in order to build the displacement field of an area between two loading
sequences using Vic-2D digital image correlation (DIC) software in the sequential mode
(the first picture is used as a reference in any case). The spatial resolution of the acquired
SEM images about 100 nm per pixel.

The ZNSSD method proposed by the Vic-2D 5 software (Zero-mean Normalized Sum
of Squared Differences) has been used to handle the images because it accounts for both
the lightening scale factor and the gray level offset [39]. This method is especially suitable
for SEM pictures with significant gray level variations.

The measurement uncertainty associated with the strain field calculation from SEM
pictures is due to three main factors: the magnification, the scanning, and the drift of the
beam. In any case, the maximum cumulated error is about 1 pixel [40–43]. Moreover,
the out-of-plane displacements and the system alignment compared to the surface can
induce significant errors that are not taken into account. A quantification and a correction
procedure have been proposed by Sutton [44]. However, the correction levels are smaller
than our resolution and are thus not taken into account here.

The grid of nano-markers is built in six successive steps, as described in previous
works [45,46]. The markers are made of nickel in order to have a sufficient contrast with
tantalum. Several grids of 400 × 400 µm2 have been spread along the sample gauge
length. The markers have a 500 nm diameter and a 5 µm periodic pitch. The Electron
Beam Lithography method is quite time consuming for large scale patterns, and thus a
compromise between insolation time and covered surface versus spatial resolution has
been chosen. The grids are not directly used for the DIC, but they are useful to mark
the area of interest. Instead, the DIC is based on the gray level variations of the surface
(including the variations due to the presence of the grids). DIC from natural contrast
associated with varying gray levels due to surface roughness for example in SEM images
has been used extensively in the past during in situ testing, see, for instance, the work
in [47].

Experimental strain fields ε11, ε12 and ε22 for several sequences are presented in
Figure 4, where the loading direction is 2. They have been computed using Vic-2D from
back-scattered electrons pictures, with a correlation window 100× 100 pixels and a 50 pixel
grid spacing. When applied to a strain value of 5%, this gives a displacement of 2.5 pixel.
Correlation errors in our measurements range from 0.1 pixel to 1 pixel maximum, which
leads to errors from 0.1% to 1% in absolute strain values.

Strongly heterogeneous strain fields are observed with local strain values reaching a
few percents in spite of 0.2% macroscopic prescribed half-amplitude. This strain heterogen-
ity increases with the cycle number culminating at the final observed stage of 3000 cycles.
Strain discontinuities are visible at some grain boundaries resulting from strain incompat-
ibilities from grain to grain due to different crystallographic orientations. The red circle
points out a zone of strong strain discontinuities on both sides of several grain boundaries.
Zones of rather homogeneous strain are observed that encompass several grains. Their
size corresponds to grain clusters of 150–200 µm.
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(a) (b) (c) (d)

ε 1
1

ε 1
2

ε 2
2

Figure 4. Local residual strain evolution during a fatigue test at±0.2% and ε̇ = 10−3 s−1: (a) After 100 cycles, (b) 1000 cycles,
(c) 2000 cycles, and (d) 3000 cycles. Loading direction is horizontal (direction 2). The picture size is 400 × 400 µm2.

The green circle indicates an area of strong intragranular strain in a zone of two large
grains with low misorientation, as is indicated on the EBSD maps of the top pictures of
Figure 4. The EBSD maps show the evolution of lattice orientation during cycling. Lattice
curvature clearly develops inside the grain as a result of heterogeneous plastic strain [48].
The building-up of rotation gradient inside the grains is particularly visible in the green
circled region. The evolution of lattice orientation changes inside the grains is illustrated
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in Figure 5. The grain orientation spread (GOS) is computed in each grain at each cycle
number, as the averaged misorientation range inside each grain. Orientation spreading
clearly increases with cycle numbers reaching values of a few degrees. After 3000 cycles,
lattice spreading exceeds 5◦ in some regions circled in the black and white zones. As a
rule of thumb, crystal plasticity teaches us that one degree of lattice rotation is associated
with a plastic strain of typically 0.01. These suggested local strain levels are confirmed
by the strain field measurements. On the other hand, a misorientation of typically 5◦

over 100 micron can be associated to a GND density in the range 1012–13 m−2 which is
expected in annealed tantalum. Note, however, that statistically stored dislocations (SSD)
also contribute to the overall dislocation density and cannot be derived solely from EBSD
maps.

(a) Initial (b) 10 cycles

(c) 100 cycles (d) 1000 cycles

Figure 5. Cont.
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(e) 2000 cycles (f) 3000 cycles

(degrees)

Figure 5. Evolution of the lattice orientation spreading (GOS) per grain with increasing cycle numbers. The loading direction
is horizontal.

Histograms are provided for each strain components at 4 cycle numbers in Figure 6.
The strain distributions correspond to the zone observed in Figure 4. A spreading of the
strain distribution is observed for increasing cycle numbers. This illustrates quantitatively
the strain heterogeneities discussed in the previous paragraphs. A significant part of the
distribution is located at high values of surface strains, in spite of the low applied global
amplitude. This corresponds to the visible roughening of the surface, a well-known effect
in fatigue [49,50]. Significant errors in the measured strain values are expected due to the
out of plane displacement component which limits the validity of the 2D correlation. This
is especially the case after 3000 cycles where surface roughening is very pronounced. A
remarkable feature of the ε22 and ε11 histograms is the shift toward larger mean values
after 2000 and 3000 cycles. This indicates that considered region made of about 60 grains
behaves as a whole differently from macroscopic straining conditions. This means that the
representative volume element size for fatigue loading conditions must be larger than this
observed zone. Maximal values for the ε11 and ε12 components are greater than 5% up to
11% after 3000 cycles. After 3000 cycles, the computed ε11 and ε22 strain values are strongly
affected by errors induced by surface roughing. These high values are in agreement with
the literature, where similar strains are calculated from experimental data [51] in stainless
steels. Similar maximal local strains have been calculated in the literature for different
loading conditions from the present case [45,52,53] in Nickel-based superalloys.

For the ε22 component after 3000 cycles, the distribution becomes highly scattered
around a mean strain close to 3%. The zones of maximum strain correspond to areas
including sliding grain boundaries (see the red circles in Figure 4 and blue circles in
Figure 3). Clear evidence of grain boundary sliding (GBS) can be seen in Figure 3 after 1000
and 2000 cycles in the form of an inclined white line in the lower right part of the pictures
indicating out of plane sliding of one grain boundary.
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(a) (b)

(c)

Figure 6. Strain histograms for a fatigue test at ±0.2%. (a) ε11, (b) ε12, and (c) ε22 at the surface. The histograms are given
after 10, 1000, 2000, and 3000 cycles.

2.4. Fatigue Crack Initiation

Crack initiation is observed mainly at grain boundaries, thus indicating an intergran-
ular cracking mechanism. Intergranular crack branching is observed at triple junctions
in Figure 7. Transgranular cracking is also observed as a competing mechanism, see the
red circle in Figure 7. Severe extrusion–intrusion zones are visible in the blue circle of the
same figure. They are associated with numerous intense slip lines visible in some grains.
Crack branching from a grain boundary to some PSB is found to take place in a grain
circled in red in Figure 7. As the fatigue test has been interrupted after 5000 cycles, it is
not known whether the final fracture is due to inter- or trans-granular cracks. In previous
studies at CEA (unpublished), a combined intergranular–transgranular fracture has been
reported [38,54]. After 5000 cycles, the minimum crack size observed is about ≈10 µm and
the maximal one is ≈120 µm.

The presented cyclic test was carried out until the appearance of the first stage I crack
at the surface, as defined by Forsyth [55]. In that case, the cracks have a length similar to the
grain size and can be both intergranular or transgranular. This corresponds to micro-crack
initiation for which a criterion will be proposed in the following.
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Figure 7. Pictures of the surface after 5000 cycles at ±0.2% and ε̇ = 10−3 s−1. They illustrate the occurrence of grain
boundary sliding (top left), intragranular cracks (top), and intergranular cracks (bottom).

3. Finite Element Simulation

The Finite Element simulation described in the following has been introduced in the
reference [17]. The computational method and the constitutive model are only briefly
recalled. The remainder of this section concentrates on results not presented in [17] that
can be compared to the experimental data explored in the previous section.

3.1. Description of Semi-Periodic Polycrystalline Aggregates

The simulation is based on a synthetic polycrystalline aggregate because a one-to-
one mapping to the experimentally observed zone was not possible due to the ignorance
of the sub-surface grain morphology. The polycrystalline aggregates considered in this
work is characterized by two parallel flat surfaces perpendicular to the space direction 3,
and four lateral surface displaying periodicity of grain morphology along the directions
1 and 2, as shown in Figure 8. The through-thickness view on Figure 8 shows that the
grain morphology of the parallel flat surfaces are not periodic. The aggregate on Figure 8
contains 250 grains with 4 to 5 grains through the thickness in average. The construction of
such semi-periodic polycrystalline aggregates starting from a classical Voronoi tesselation
follows the strategy proposed by J. Guilhem in [56]. By construction, grain boundaries
are flat surfaces ensuring continuity of displacement and reaction forces in finite element
simulations. This is a simplification compared to the real curved grain boundaries visible
in Figure 1.
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The three-dimensional finite element mesh is made of quadratic tetrahedral elements
with full integration. The mesh of Figure 8 contains 55,089 nodes and 37,595 quadratic
elements. The authors of [27,28] address the question of suitable mesh size for proper
representation of surface field. We have used these recommendations in the current work,
even though the computational cost lead us to use rather coarse elements.

The number of grains in the polycrystalline volume and the mesh refinement have
been chosen as a compromise between computational cost for cycling testing and sufficient
representativity of the polycrystalline response according to previous studies of Represen-
tative Volume Element size for f.c.c. crystals [57–59]. In particular, the thickness was chosen
following the works in [27,28] that show that the strain field at a free surface of a cubic
polycrystal is affected mainly by the three layers of grains below the surface. A discussion
on the Representative Volume Element size for polycrystals under cyclic loading conditions
can be found in [17] based on the few works in this field [58,60] where polycrystalline
agregates made of 100 grains were considered. Finally, it must be noted that only one Finite
Element simulation was carried out in this work due to the fact that more than 1000 cycles
were simulated leading to computation times not compatible with a statistical analysis for
several realizations of the microstructures.

Figure 8. Synthetic semi-periodic aggregate made of 250 grains: general view (top left), free surface (top right), and view
through the thickness (bottom), after the work in [17].

The detailed boundary conditions are described in [17]. They amount to prescribing
the mean strain in the tension–compression direction 2 with vanishing mean stress compo-
nents (except < σ22 >). The two flat surfaces of the polycrystalline aggregate of Figure 8 are
called z = 0 and z = H. The surface z = 0 is subjected to the Dirichlet boundary condition
u3 = 0 where u3 is the displacement component along the direction 3, see the coordinate
frame in Figure 8. The remaining boundary conditions for this surface z = 0 are vanishing
traction components along 1 and 2. The surface z = H is traction-free in all 3 directions,
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corresponding to a free surface, as in the experiment. The strain fields on this free surface
will be analyzed and compared, in a statistical sense, with the experimental results.

Periodicity conditions are prescribed for the remaining four lateral surfaces. Such
conditions are known to limit boundary layer effects in the simulation of material volume
elements in contrast to homogeneous Dirichlet or Neumann conditions, see the works
in [58,61–63].

The average stress and strain components over the whole polycrystalline volume
element V are computed as

Σij =< σij >=
1
V

∫
V

σij dV, Eij =< εij >=
1
V

∫
V

εij dV (1)

The macroscopic strain component E22 = ±0.2% is imposed. The loading conditions
therefore correspond to a simple tension–compression test with one free surface, four
periodic surfaces, and one flat surface.

The results presented in this work correspond to the simulation of more than 1000 cy-
cles on the previously described polycrystalline aggregate. They represent 11 months of
computation time on a 12 core Intel Xeon 3GHz processor with 25 GB RAM. 1250 time
steps were saved for 70 variables (stress, strain, and plastic strain tensor components; slip
amounts; accumulated slip amounts; kinematic hardening variables; accumulated plastic
strain ...) at each integration point, which amounts to 250GB disk space.

3.2. Crystal Plasticity Model and Identification of Material Parameters

The constitutive equations of the crystal plasticity model used for tantalum are now
given. The Cailletaud crystal plasticity model [64] is extended here to include static strain
aging effects as displayed by tantalum crystals [15]. The strain tensor is the sum of the
elastic and plastic contributions:

εij = εe
ij + ε

p
ij (2)

The local elastic behavior is cubic, with an elasticity tensor defined by the three
independent elastic moduli: C11 = 267 MPa, C12 = 159 MPa, and C44 = 83 MPa, after the
work in [65].

The plastic strain tensor results from plastic slip processes with respect to all slip
systems. In the present work, 12 slip systems are considered on {110} slip planes with
slip directions <111> corresponding to the b.c.c. structure. This choice represents a
simplification as more slip planes are known to be available in b.c.c. crystals [66]. An
alternative approach would be to introduce the pencil glide mechanism as done in [37].
Motivations for the present choice can be found in [67] where the selection of {110} vs. {112}
slip planes is discussed. The viscoplastic strain rate tensor is written as

ε̇
p
ij = ∑

s
γ̇sms

ij, with ms
ij =

1
2
(`s

i ns
j + ns

i `
s
j ) (3)

where ns
i are the components of the normal vector to the slip plane and `s

j that of the slip
direction vector, for the slip system s. The slip rate for each slip system is evaluated using
the following model equation:

γ̇s = v̇0 sinh
(
< |τs − xs| − rs − ra >

σ0

)
sign (τs − xs), v̇s = |γ̇s| (4)

where τs = σijms
ij is the resolved shear stress for slip system s and vs is the cumulative slip

variable. The parameters v̇0 and σ characterize the viscosity effects. The Macaulay brackets
< • >= Max(•, 0) were used. The isotropic hardening law describing the evolution of the
critical resolved shear stress (CRSS) follows a nonlinear evolution law:

rs = r0 + Q ∑
r

hsr(1− exp(−bvr)) (5)
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where r0 is the initial CRSS. Q and b are material parameters; hsr is the interaction matrix
which characterizes both self-hardening and cross(latent)-hardening between the different
slip systems.

The kinematic hardening term is the main ingredient for the description of inter-
nal stresses building up inside the grains, for instance due to dislocation pile–ups and
dislocation structure formation. It is decomposed into two contributions:

xs = xs
1 + xs

2 (6)

The evolution equation of each component is

ẋs
i = ciγ̇

s − dixs
i v̇s, i ∈ {1, 2} (7)

where ci and di are kinematic hardening material parameters. The reason for introduc-
ing two components xs

1 and xs
2 is a better description of the hysteresis loops at various

strain amplitudes.
The previous crystal plasticity model was enhanced in [17] by the addition of a

resistance term associated with static strain aging, namely, the component ra in Equation (4).
This strain aging effect is not discussed here as it concerns mainly the first hysteresis loops,
whereas the focus of the present work is crack initiation at larger cycle numbers.

The values of the model parameters were identified from tensile and cyclic tests
carried out on tantalum single crystals. The identification procedure was detailed in [17].
Table 1 provides the list of parameter values found in the latter reference and used for the
present simulation.

Table 1. Parameter values of the single crystal model identified for tantalum at room temperature,
after the work in [17].

v̇0 5× 10−5 s−1 c1 360× 103 MPa
σ0 5 MPa D1 8000
r0 0 MPa C2 250 MPa
Q 1 MPa D2 1.5
b 1.5 hrs 1

The single crystal model has been implemented in the implicit finite element code
Zset [68], following the procedure presented in [69]. Global equilibrium is solved using a
Newton–Raphson algorithm and the constitutive equations are integrated using a second
order Runge–Kutta method with adaptive time stepping.

3.3. Simulation of the Mechanical Fields at the Free Surface

The overall stress–strain loops, i.e., the < σ22 >–< ε22 > curves, of the studied cyclic
test on the considered polycrystalline aggregate are given in Figure 9 for various cycle
numbers from the CPFEM simulation. The stress and strain amplitudes are clearly visible.
The loops at 66, 466, and 1066 are almost identical showing that no macroscopic ratcheting
takes place for the considered loading. The first loop is strongly different due to the initial
peak stress associated with static strain aging discussed in [15,17]. Comparison between
experimental initial and stabilized loops can be found in the latter reference. It is not
reported here since the present work concentrates on cycle numbers from 100 to 5000.

The evolution of several mechanical variables on the free surface of the polycrystal
is now discussed with respect to the number of cycles. All surface fields are provided for
a vanishing value of the mean axial stress Σ22 = 〈σ22〉 = 0 MPa in accordance with the
experimental observation conditions.
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Figure 9. Macroscopic stress-strain loops of the cyclic test on the studied polycrystalline aggregate,
as predicted by the CPFEM simulation.

3.3.1. Surface Strain Field

The fields of the strain components ε11, ε22, and ε12 at the free surface of the polycrys-
talline aggregate are shown in Figures 10–12, respectively. Three snapshots are presented at
the cycle numbers 66, 666, and 1066 for each component. The residual strain field is strongly
heterogeneous with values from −0.003 to more than 0.003, to be compared to the loading
amplitude ±0.002. The deformation structures extend over several grains as observed
under monotonic conditions [57,59]. This heterogeneity is found to increase significantly
between Ncycle = 66 and Ncycle = 666, with certain grains localizing more deformation,
especially at some grain boundaries. The localization remains the same after 400 additional
cycles but the contrast intensifies between tensile and compressive zones. The heterogene-
ity culminates for the shear component. Moreover, some areas close to grain boundaries
and triple junctions display discontinuous strain values due to change in crystallographic
orientation. This strain localization close to grain boundaries is shown to increase with
the number of cycles. The dramatic development of strain heterogeneities under cyclic
loading is in qualitative agreement with the experimental results. However, the local strain
values predicted after 1000 cycles significantly underestimate the corresponding strain
field measurements of Figure 4b. There are several reasons to explain such a discrepancy,
which will be discussed later in this work.

Figures 10–12 show the strain components predicted at the free surface but also at
the mid-section parallel to the flat surfaces and also in a cross-section perpendicular to the
loading axis. They show a significant free surface effect as strain values are considerably
more heterogeneous at the free surface than in the bulk. Note that strain values shown at
the free surface correspond to values computed at the integration (Gauss) points close of the
surface whereas values at mid-sections are interpolated which may lead to some smoothing
effect due to the relatively coarse mesh. This surface effect has dramatic consequences on
ratcheting phenomena discussed in [15].

Significant roughening of the surface is predicted in qualitative agreement with the
observations of Figure 3, and with previous cyclic behavior simulations of copper in [70].
This is illustrated by Figure 13 showing the out of plane displacement field at the free
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surface for 6 cycle numbers. After 466 cycles, specific zones of raising or sinking-in material
points are observed. Their location, mainly at triple junctions and grain boundaries but also
in the interior of some grains, does not change until 1000 cycles. Increasing the cycle num-
bers leads to further raising or sinking of the material points, as observed experimentally.
The existence, general location, characteristic size and wave length roughness develop-
ment at the free surface are in qualitative agreement with experimental observations of
Figure 3. However statistical analysis of the results would require several simulations
and experiments, which are not available due to the high cost of both computation and
experiment. Compared with the experimental observations, the predicted absolute values
of the roughness induced by heterogeneous straining of the free surface are significantly
lower. The reasons are the same as for the underestimation of strain values predicted by
the FE simulation compared to DIC results. They will be discussed later in this work. The
presented experimental and computational results presented in this work are the first of
this kind for low cycle fatigue in tantalum. Future work is needed to consolidate them and
add measurements like roughness and out of plane displacement.
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Figure 10. Simulation of a cyclic test at ±0.2%. Evolution of the strain component ε22 at (a) cycle 66, (b) cycle 666, and
(c) cycle 1066 at the free surface (top) and at two mid-sections perpendicular to directions 3 (middle) and 2 (bottom). The
loading direction 2 is vertical for the top and middle pictures.
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Figure 11. Simulation of a cyclic test at ±0.2%. Evolution of the strain component ε11 at (a) cycle 66, (b) cycle 666, and
(c) cycle 1066 at the free surface (top) and at two mid-sections perpendicular to directions 3 (middle) and 2 (bottom). The
loading direction 2 is vertical for the top and middle pictures.
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Figure 12. Simulation of a cyclic test at ±0.2%. Evolution of the strain component ε12 at (a) cycle 66, (b) cycle 666, and
(c) cycle 1066 at the free surface (top) and at two mid-sections perpendicular to directions 3 (middle) and 2 (bottom). The
loading direction 2 is vertical for the top and middle pictures.
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1 266 466

666 866 1066

Figure 13. Fields of the displacement component in the direction 3 at the free surface showing the evolution of surface
rougness with cycle numbers. Displacement in mm, to be compared to the specimen thickness used in the FE simulation,
namely, 0.5 mm.

3.3.2. Plastic Slip Evolution

The sum of plastic slip contributions, ∑s |γs|, is a variable characterizing the intensity
of plastic slip activity inside the grains. The corresponding field is shown in Figure 14
at three different cycle numbers. According to the proposed model, the slip variables γs

can take positive or negative values depending on the sign of the effective stress τs − xs.
This variable must be distinguished from cumulative slip vs which always increases. Blue
zones indicate some unfavorably oriented grains where no (or low) plastic slip activity
is observed after 1000 cycles. In contrast, red zones point out regions where plastic slip
reaches high values, sometimes more than 0.03. Strong heterogeneities from grain to grain
are circled by black lines in the top right of Figure 14. They are in qualitative agreement
with the experimentally observed zones of strong plastic slip gradients in Figure 3. The
slip activity is found to increase drastically over the more than thousand cycles. Significant
evolution in plastic slip activity is observed between the cycles 666 and 1066. This is in
qualitative agreement with the experimental observations of Figure 3, for instance between
1000 and 2000 cycles. The effect is stronger than for the strain fields of Figures 11 and 12.
When the number of cycles increases, the slip increments decrease but remain positive and
strongly heterogeneous. These features of plastic slip accumulation are discussed in the
next section.
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Figure 14. Total slip evolution ∑s |γs| for several cycles during a fatigue test simulation at ±0.2%.

4. Discussion

The salient features of the computational results are now discussed, namely, compari-
son between experimental and simulation results, local ratcheting phenomena at the free
surface, and the development of a fatigue crack initiation criterion.

4.1. The FE Model Underestimates Strain Heterogeneities and Roughness in Fatigue

Experiment and simulation agree in showing strong strain heterogeneities developing
at the free surface of a tantalum polycrystaline aggregate after a few thousands of cycles,
even for a moderate cyclic total strain amplitude of 0.2%. Strain localization and roughness
evolution are observed at grain boundaries, triple junctions but can also cross several grains.
In particular the FE model predicts highly contrasted fields of plastic activity in some
grains where high values of plastic slip are found, more than ten times the prescribed strain.
However, FE simulations quantitatively underpredicts the strain levels at the free surface.
Several reasons can be put forward. First, the proposed model assumes continuity of the
displacement components at grain boundaries where strain and roughness effects tend to
localize as shown in the experiment and simulations. The experiment shows that significant
grain boundary sliding (GBS) takes place in some grains as noticed in several observations
of polycrystalline plasticity [71]. GBS is an important deformation and damage mechanism
which has been observed in the present work but not sufficiently documented. Instead, we
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provide more evidence of grain boundary cracking after 5000 cycles, see Figure 7. Second,
sharp slip lines and intense intrusion and extrusion bands are observed in the experiments
that cannot be accounted for by the proposed continuum mechanics approach. These
discontinuities are characteristic of crystal plasticity physical mechanisms and can lead to
strong local strain levels. Alternative modeling approaches are needed to capture these
mechanisms like discrete dislocation dynamics simulations [72]. Third, the local strain
levels also depend on the mesh resolution, which is definitely too coarse in the presented
simulations in order to spare computational time and make the simulation possible over a
large number of cycles. Finally, the experiment reveals that some cluster of 50 to 100 grains
can undergo average strain levels that significantly exceed the prescribed overall strain level.
In contrast, the overall mean strain is prescribed to the simulated volume of 250 grains,
which strongly limits the development of strain heterogeneities from grain to grain. This
pleads for the consideration of larger Volume Element sizes than the one considered in this
work, which represents a challenging task for fatigue simulations. Strain heterogeneities
and roughness development are closely related to ratcheting phenomena occurring close
to and at the free surfaces, as evidenced and discussed in [17]. Only 1000 cycles were
simulated here but extrapolations are possible to 3000 cycles based on local established
ratcheting rates.

4.2. Local Ratcheting Behavior

The accumulation of plastic slip at some specific locations of the aggregate plays a
major role in crack initiation. This accumulation is enhanced by local ratcheting phenomena,
i.e., the existence of a strain component increment of given sign and magnitude after each
cycle [73]. The evidence of such ratcheting effects has been demonstrated using the present
simulation results in [17]. A major result of this analysis was that ratcheting values are
significantly higher at the free surface than in the bulk, which is an essential feature of
fatigue crack initiation correctly reproduced by the analysis. Some further results are
presented here that serve for the definition of a fatigue criterion in the next subsection.

From the previous observation of the free surface, 6 nodes have been selected in order
to document the local cyclic response of material points, see Figure 15. Among the 6 nodes,
3 are located in plastically active zones (nodes 1–3), whereas the three others are situated
in less active areas (nodes 4–6). This can be inferred from the cyclic stress–strain σ22–ε22
loops of Figure 16. All nodes display largely open cyclic loops revealing significant plastic
deformation. The first loop is characterized in each case by the peak stress associated with
static strain aging typical of this material [15]. Then, the loops become symmetric with
respect to the stress, due to relaxation of the mean stress. In contrast, the minimal and
maximal strain levels are not symmetric. The loops are not saturated after 1000 cycles and
strain accumulates either in tension or compression, which corresponds to local ratcheting
phenomena. Significant tensile ratcheting is found for the nodes 1–3, meaning that the
mean strain is positive and increases monotonically, whereas more limited compressive
ratcheting is observed for the nodes 4–6. The local stress–strain loops strongly differ from
the macroscopic loop of Figure 9 which is fully symmetric. Local stress levels σ22 depend
on the crystallographic orientation of each grain and of its neighbors. They are generally
lower than the macroscopic stress (150 vs. 200 MPa), except for node 5 (300 MPa).

The ratcheting phenomenon (also called cyclic creep) occurs when the plastic strain
increment is not fully reversed for a cyclic loading [74]. One-dimensional ratcheting occurs
for instance for non-vanishing mean stress loadings: a positive (resp. negative) ratcheting
occurs for a positive (resp. negative) mean stress [75–77]. However, the mean stress is
found here to relax to zero in all the plotted loops after less than 100 cycles. The origin
of the continuing ratcheting is the multiaxial loading experienced by the material points.
The σ11–ε11 loops in Figure 17 show that the transverse stress component is significant
for the six selected nodes. Transverse strain ratcheting is observed for nodes 1–3. Similar
observation was made for the shear component so that it can be concluded that the material
points experience multiaxial ratcheting, responsible for plastic strain accumulation and
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ultimately crack initiation. The multiaxial stress–strain state is induced by the complex
plastic strain incompatibilities from grain to grain.

Figure 15. Selected nodes for the local study, after the work in [17].

(a) (b)

(c) (d)

Figure 16. Strain loops σ22–ε22 for the six nodes defined in Figure 15 at several cycle numbers: (a) cycle 1, (b) cycle 66, (c)
cycle 466, and (d) cycle 1066.
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Figure 17. Local curves σ11–ε11 for several cycles at 6 different finite element nodes, after the work in [17].

The previous results are used to define a

Ratcheting Indicator

The progressive accumulation of plastic strain at the surface during strain-controlled
cycling is regarded in this work as the relevant physical mechanism for fatigue crack
initiation in the grains of a polycrystal. It has been reported that it can lead to crack
nucleation and finally to the global failure of a structure (see the works in [35,73,74,77]),
and is in accordance with the experimental observations of the present work. A measure
of local ratcheting has been proposed in the reference [77] for the analysis of plasticity
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induced by fretting contact. For that purpose, the local plastic strain increment (∆ε
p
ij)ratch

is defined at each material point for each component of the plastic strain tensor as

(∆ε
p
ij)ratch = ε

p
ij|end o f the cycle − ε

p
ij|start o f the cycle (8)

The effective plastic strain increment is then computed as

∆ε
p
ratch,e f f =

√
2
3
(∆ε

p
ij)ratch(∆ε

p
ij)ratch (9)

where repeated indices are summed up. It is computed for each individual cycle at each
material point. It is regarded as an indicator of local ratcheting as departure of ∆ε

p
ratch,e f f

from zero is a signature of accumulation of plastic staining. Fields of this variable were
provided at various cycle numbers in [15] to demonstrate the significance of ratcheting at
the free surface of the polycrystal. The highest ratcheting values are reached mainly close
to grain boundaries and at triple junctions.

4.3. Fatigue Criterion

According to the micrographs of Figure 7, about 5000 cycles are required for the
nucleation of the first cracks under the considered loading conditions. These cracks are
found to be mainly intergranular. The experimental observations of Section 2.2 also
show the strong local strain heterogeneity, with intense surface roughening occurring at
some grain boundaries with corresponding peaks and sinks. The previous finite element
simulations have shown that strain gradients and crystal misorientations develop on both
sides of some grain boundaries and that they are leading to local ratcheting at several places.
These experimental and numerical observations are in accordance with grain boundary
behavior in BCC metals reported in [35].

Local fatigue criteria at the grain scale have been proposed and discussed in [19,21] and
in the references quoted therein. They take into account the crystallographic deformation
processes, the accumulation and the amplitude of plastic slip, mean resolved shear and
normal stresses. The Dang–Van criterion applied to slip systems is based on the hydrostatic
stress and the resolved shear stress, and thus predicts crack initiation in the bulk and not
at the surface [78]. However, in the present case, it has been shown that crack initiation
occurs at the surface, see Figure 7. Thus, such criteria are inappropriate for our application.

The accumulated slip at the local level in polycrystals was used by [23,79,80] to predict
microcrack propagation, including the evaluation of the crack length increment and its
direction. In the present work, it is proposed to use the previously defined ratcheting
indicator as the main ingredient of the fatigue crack initiation criterion. Using the local
plastic strain increment ∆ε

p
ratch,e f f (xi, t) at material point xi at time t allows to determine

the most active plastic zones. In addition, based on the local data, the local equivalent
plastic strain is defined at each material point located at xi at time t as

ε
p
eq(xi, t) =

√
2
3

ε
p
ij(xi, t)εp

ij(xi, t) (10)

A critical strain threshold ε
p
c is defined, as proposed in the literature on tantalum as a

first indicator [81].
The plastic strain increment ∆εratch,e f f (xi, t) at every material point xi is assumed to

have reached a constant value after 1000 cycles, but the local heterogeneity in the aggregate
is preserved.

A crack is then assumed to initiate at the material point xi at cycle number N as soon
as

ε
p
eq(xi, N) = ε

p
c (11)
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where ε
p
eq(xi, N) must be extrapolated from the value at the 1000th cycle. Considering

that the plastic strain increment is constant at that time, i.e., ∆εratch,e f f (xi, N > 1000) ≈
∆εratch,e f f (xi, 1000), the local equivalent plastic strain value is estimated as

ε
p
eq(xi, N) = ε

p
eq(xi, 1000) + ∆ε

p
ratch,e f f (xi, 1000)(N − 1000) (12)

It follows that the number of cycles for crack initiation at the material point xi is

Ninitiation(xi) = 1000 +
ε

p
c − ε

p
eq(xi, 1000)

∆ε
p
ratch,e f f (xi, 1000)

(13)

A postprocessing of the FE results has been applied in order to calculate an average
value of the fatigue criterion around each integration point in a set of elements. This
volume average value is then assigned to each integration point. A value of 10% of the
grain size is chosen as the radius of the spherical averaging domain, as proposed in the
literature for crack initiation, for instance, in [82]. Half a sphere is used for points lying at
the free surface. This local averaging procedure is used to avoid artifacts associated with
local extremal values that may be due to poor element shape or size. This also allows for the
consideration of process zone size depending on the fatigue crack initiation mechanisms.

In [83] it is proposed to consider that the critical local strain in fatigue ε
p
c at a material

point in the aggregate is chosen identical to the overall ultimate strain for a monotonic
tensile stress. Thus, the local strain needed for the nucleation of a crack is the same as
the macroscopic ductility. This is a rough estimation that needs to be refined if sufficient
experimental data is available. According to a recent study by Nadal [81] on tantalum, the
macroscopic critical strain has been assessed for several strain amplitudes as ε f = ε

p
c = 0.07.

This critical value has been selected for the evaluation of the present fatigue crack initia-
tion criterion.

Figure 18 presents the prediction of the number of cycles required for crack initiation
as defined by Equation (13) using ε

p
c = 0, 07. Crack initiation occurs in areas studied earlier

for nodes 1–3, especially for node 3 where the ratcheting was very intense. This figure
can be compared to the maps of effective plastic strain increments at the free surface and
mid-section in Figure 6 from the work in [17]. The lowest values of cycle numbers are
listed in red in Figure 18 indicates the locations where fatigue cracking is expected to start.
They correspond to the locations of maximal ratcheting. Some areas present a strong strain
discontinuity on both sides of grain boundaries and are preferential crack initiation sites.
The predominant crack initiation close to grain boundaries predicted by the simulation
is in agreement with the previous experimental observations. Moreover, the comparison
of Figure 18a,b demonstrates that crack initiate earlier at the free surface than in the bulk,
which is a well-known feature of fatigue in pure metals. This is related to the fact that
ratcheting phenomena were also found to be dominant at the free surface [17].
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(a) (b)

Figure 18. Prediction of cycle numbers to crack initiation per element for the fatigue test simulation at ±0.2%: (a) surface
prediction and (b) half thickness prediction.

Figure 19 shows the histogram of the number of cycles to crack initiation for each node
of the aggregate. The smallest values are reached at the surface close to node 3 identified on
Figure 15. The analysis of this histogram shows that the lowest value is about 5000 cycles,
and that the maximal value is 4.2× 105 cycles. The mean value is 3.7× 104 cycles and the
standard deviation is 1.65× 104 cycles. The found lowest value is in good agreement with
the experimental observations of first cracks in Figure 7 already observed after 5000 cycles
for stage I fatigue crack initiation. More accurate determination of crack initiation cycle
numbers requires the choice of two additional quantities: a threshold for the statistical
definition of crack initiation in the histogram of Figure 19 and the definition of a crack
length for macro-initiation cracking, for instance, 300 µm, which are not reached after
5000 cycles in our experiment.
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Figure 19. Histogram of cycle numbers for crack initiation for the whole aggregate at ±0.2%.

5. Conclusions

The main findings of the present work are the following:

• Unique experimental results from an interrupted cyclic tension–compression test have
been provided. They show the development of plastic activity in the form of sinuous
slip lines and intense slip bands. The development of lattice curvature resulting from
inhomogeneous plastic slip inside the grains was illustrated after 100, 1000, 2000, and
3000 cycles.

• Strain field measurements reveal local strain values of a few percents even though the
overall loading was ±0.2%. These values are compatible with observed local amounts
of lattice rotation. This results in significant roughening of the free surface during
cycling.

• Fatigue cracks were shown to initiate between 3000 and 5000 cycles mainly in the
form of intergranular cracks.

• Unique FE simulation results of crystal plasticity in a semi-periodic polycrystalline
aggregate were provided for more than 1000 cycles. They confirm but underestimate
the strain heterogeneity that develops at the free surface.

• An original fatigue criterion was proposed for stage I crack initiation at the grain
level. It is based on the local determination of a multiaxial ratcheting indicator to
be compared with a critical plastic equivalent strain value. The criterion indirectly
incorporates the effects of resolved shear stresses and mean stress through the induced
multiaxial plastic slip.

In this contribution, the hypothesis that local ratcheting phenomena in the surface
grains of a tantalum polycrystal are responsible for fatigue crack initiation has been tested
quantitavely. This is a well-known phenomenon contributing to the formation of extru-
sion/intrusion bands at the surface of many cyclically loaded metals and alloys. The
ratcheting values deduced from the full-field simulations were used to make lifetime
assessments in terms of number of cycle to initiation of fatigue cracks of given length.
The experimentally observed surface roughness induced by cyclic loading, especially at
some grain boundaries, corroborates the ratcheting phenomenon as a plausible fatigue
crack initiation mechanism. More detailed microscopic analyses remain however to be
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performed to investigate the dislocation structures in such zones of accumulated plastic
strain.

In this first step, it was not possible to have a one to one mapping between the experi-
mentally investigated zone and the polycrystalline aggregate used in the FE simulation.
Such a correspondence requires a precise knowledge of the 3D grain structure that can be
obtained using Focused Ion Beam techniques. This remains to be done in the future for
a more detailed analysis of the plastic behavior of tantalum. Guidelines to perform such
one to one mapping can be found in [84]. Note that only one sample was experimentally
tested and only one polycrystalline aggregate was simulated, so that a more complete
statistical analysis of the results should be the objective of future work in this field. In
particular, a larger number of cracks should be considered to confirm the predominance
of intergranular fatigue cracking. Such additional analysis is necessary to draw definitive
conclusions on the cracking mechanisms and on the validity of the proposed fatigue crack
initiation model.

Improvements of the used crystal plasticity model are possible to include more sophis-
ticated dislocation evolution equations for cyclic plasticity [85]. It must be acknowledged
that the used modeling framework cannot account for grain boundary sliding (or cracking)
or PSB formation. Validation of the presented fatigue crack initiation model is necessary
for other loading conditions including non-vanishing mean stress loading and various
loading ratios. The proposed fatigue crack initiation criterion could be combined with a
more specific intergranular cracking model based on the alternating traction vector acting
locally at grain boundaries. It is not sure that the consideration of a competition between
transgranular and intergragranular crack initiation will give a better description of the
experimental results as the proposed model predicts, in any case, crack initiation close to
grain boundaries and triple junctions. More importantly, coupled fatigue damage–plasticity
models could then be used to describe the local propagation of such initiated cracks. In that
case, intergranular and transgranular cracks can be distinguished. Such a coupled crystal
plasticity and damage model was proposed and applied to crack initiation and propaga-
tion in single crystal superalloys in [86]. This includes a gradient damage term which is
necessary to obtain mesh-independent crack simulation results. Such a regularization was
used in [87,88].
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