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Dip-coating with a particulate suspension

Sergio Palma1 & Henri Lhuissier1,†
1Aix Marseille Université, CNRS, IUSTI, Marseille, France

(Received March 27, 2019)

The coating of a plate withdrawn from a bath of a suspension of non-Brownian, mono-
disperse and neutrally buoyant spherical particles suspended in a Newtonian liquid has
been studied. Using laser profilometry, particle tracking and local sample weighing we
have quantified the thickness h and the particle content of the film for varied particle
diameters d and volume fractions (0.10 6 φ 6 0.50). Three coating regimes have been
observed as the withdrawal velocity is increased: (i) no particle entrainment (h . d), (ii)
a monolayer of particles (h ∼ d), and (iii) a thick film (h & d), where the suspension
behaves as an effective viscous fluid following the Landau-Levich-Derjaguin law. We
discuss the boundaries between these regimes, as well as the evolution of the liquid and
solid content of the coating over the whole ranges of withdrawal capillary number and
volume fractions.
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1. Introduction

Immersion in a liquid bath (dip-coating) is a simple and efficient coating process, which
is widely used across e.g. food, health, textile or plastic industries (Schweizer & Kistler
1997; Weinstein & Ruschak 2004). In its simplest version, a plate withdrawn vertically
from the bath with a constant velocity U entrains a uniform liquid film. For a Newtonian
liquid with viscosity η0, density ρ and surface tension σ the film thickness h0 depends
on the capillary number Ca = η0U/σ and length ` =

√
σ/ρg, where g is the gravity.

Provided Ca and ρUh0/η0 are both smaller than 1, it follows

h0 ' 0.95`Ca2/3, (1.1)

as derived by Landau & Levich (1942); Derjaguin (1943) and validated experimentally
since then (Morey 1940; van Rossum 1958; Groenveld 1970; Lee & Tallmadge 1974; Kizito
et al. 1999; Snoeijer et al. 2008; Maleki et al. 2011).

For a particle-laden liquid, a supplementary length − the particle diameter d − is
introduced and different rheology (Guazzelli & Pouliquen 2018) and surface conditions
(Kralchevsky & Nagayama 1994) are expected. Motivated by film deposition and self-
assembly of colloids for surface patterning, lithography or optical applications (Yu &
Zhang 2013) much attention has been devoted to colloidal particles suspended in a volatile
liquid, for which evaporation is often a dominant factor (Dimitrov & Nagayama 1996;
Ghosh et al. 2007; Buchanan et al. 2007; Le Berre et al. 2009; Faustini et al. 2010; Jing
et al. 2010; Brewer et al. 2011; Berteloot et al. 2013; Jung & Ahn 2013). However, much
fewer studies have considered suspensions of larger particles (∼ 100µm) or low volatility
liquids (Kao & Hosoi 2012; Colosqui et al. 2013; Gans et al. 2019). In these cases the
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⌘0, ⇢
<latexit sha1_base64="l4IDDca4rYk6h0zRHIRyPpMQTvc="></latexit><latexit sha1_base64="l4IDDca4rYk6h0zRHIRyPpMQTvc="></latexit><latexit sha1_base64="l4IDDca4rYk6h0zRHIRyPpMQTvc="></latexit><latexit sha1_base64="l4IDDca4rYk6h0zRHIRyPpMQTvc="></latexit>

d
<latexit sha1_base64="rqOIVCI555AJrd7T710yCKf7t7A="></latexit><latexit sha1_base64="rqOIVCI555AJrd7T710yCKf7t7A="></latexit><latexit sha1_base64="rqOIVCI555AJrd7T710yCKf7t7A="></latexit><latexit sha1_base64="rqOIVCI555AJrd7T710yCKf7t7A="></latexit>

�max
<latexit sha1_base64="7SynvhQmQ8/IF12HQu+psAFJCBA=">AAAB9XicbZDLSsNAFIYn9VbrLdalm2ARXJVEBF0W3bisYC/QhDCZnjRDJxdmTrQl5FF0JerOF/EFfBuTmoW2/qtvzv8PnPN7ieAKTfNLq62tb2xu1bcbO7t7+wf6YbOv4lQy6LFYxHLoUQWCR9BDjgKGiQQaegIG3vSm9AcPIBWPo3ucJ+CEdBJxnzOKxcjVm3YScDezEWaYhXSW5w1Xb5ltcyFjFawKWqRS19U/7XHM0hAiZIIqNbLMBJ2MSuRMQN6wUwUJZVM6gVGBEQ1BOdli99w49WNpYADG4v07m9FQqXnoFZmQYqCWvXL4nzdK0b9yMh4lKULEikjh+akwMDbKCowxl8BQzAugTPJiS4MFVFKGRVHl+dbysavQP29bZtu6u2h1rqsi6uSYnJAzYpFL0iG3pEt6hJEZeSZv5F171J60F+31J1rTqj9H5I+0j29Qy5JR</latexit><latexit sha1_base64="7SynvhQmQ8/IF12HQu+psAFJCBA=">AAAB9XicbZDLSsNAFIYn9VbrLdalm2ARXJVEBF0W3bisYC/QhDCZnjRDJxdmTrQl5FF0JerOF/EFfBuTmoW2/qtvzv8PnPN7ieAKTfNLq62tb2xu1bcbO7t7+wf6YbOv4lQy6LFYxHLoUQWCR9BDjgKGiQQaegIG3vSm9AcPIBWPo3ucJ+CEdBJxnzOKxcjVm3YScDezEWaYhXSW5w1Xb5ltcyFjFawKWqRS19U/7XHM0hAiZIIqNbLMBJ2MSuRMQN6wUwUJZVM6gVGBEQ1BOdli99w49WNpYADG4v07m9FQqXnoFZmQYqCWvXL4nzdK0b9yMh4lKULEikjh+akwMDbKCowxl8BQzAugTPJiS4MFVFKGRVHl+dbysavQP29bZtu6u2h1rqsi6uSYnJAzYpFL0iG3pEt6hJEZeSZv5F171J60F+31J1rTqj9H5I+0j29Qy5JR</latexit><latexit sha1_base64="7SynvhQmQ8/IF12HQu+psAFJCBA=">AAAB9XicbZDLSsNAFIYn9VbrLdalm2ARXJVEBF0W3bisYC/QhDCZnjRDJxdmTrQl5FF0JerOF/EFfBuTmoW2/qtvzv8PnPN7ieAKTfNLq62tb2xu1bcbO7t7+wf6YbOv4lQy6LFYxHLoUQWCR9BDjgKGiQQaegIG3vSm9AcPIBWPo3ucJ+CEdBJxnzOKxcjVm3YScDezEWaYhXSW5w1Xb5ltcyFjFawKWqRS19U/7XHM0hAiZIIqNbLMBJ2MSuRMQN6wUwUJZVM6gVGBEQ1BOdli99w49WNpYADG4v07m9FQqXnoFZmQYqCWvXL4nzdK0b9yMh4lKULEikjh+akwMDbKCowxl8BQzAugTPJiS4MFVFKGRVHl+dbysavQP29bZtu6u2h1rqsi6uSYnJAzYpFL0iG3pEt6hJEZeSZv5F171J60F+31J1rTqj9H5I+0j29Qy5JR</latexit><latexit sha1_base64="7SynvhQmQ8/IF12HQu+psAFJCBA=">AAAB9XicbZDLSsNAFIYn9VbrLdalm2ARXJVEBF0W3bisYC/QhDCZnjRDJxdmTrQl5FF0JerOF/EFfBuTmoW2/qtvzv8PnPN7ieAKTfNLq62tb2xu1bcbO7t7+wf6YbOv4lQy6LFYxHLoUQWCR9BDjgKGiQQaegIG3vSm9AcPIBWPo3ucJ+CEdBJxnzOKxcjVm3YScDezEWaYhXSW5w1Xb5ltcyFjFawKWqRS19U/7XHM0hAiZIIqNbLMBJ2MSuRMQN6wUwUJZVM6gVGBEQ1BOdli99w49WNpYADG4v07m9FQqXnoFZmQYqCWvXL4nzdK0b9yMh4lKULEikjh+akwMDbKCowxl8BQzAugTPJiS4MFVFKGRVHl+dbysavQP29bZtu6u2h1rqsi6uSYnJAzYpFL0iG3pEt6hJEZeSZv5F171J60F+31J1rTqj9H5I+0j29Qy5JR</latexit>

e
<latexit sha1_base64="fI+sHNHvVAdH/+6Bg7GznNfFfUA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx21cFCtuXV3IbYKXgE1KNQcVD/7w0RkEcYkFDem57kp+TnXJIXCWaWfGUy5mPAR9izGPELj54tFZ+wsTDSjMbLF+3c255Ex0yiwmYjT2Cx78+F/Xi+j8NrPZZxmhLGwEeuFmWKUsHlfNpQaBampBS60tFsyMeaaC7JXqdj63nLZVehc1D237rUua42b4hBlOIFTOAcPrqABd9CENghAeIY3eHeGzpPz4rz+REtO8ecY/sj5+Aa+34p+</latexit><latexit sha1_base64="fI+sHNHvVAdH/+6Bg7GznNfFfUA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx21cFCtuXV3IbYKXgE1KNQcVD/7w0RkEcYkFDem57kp+TnXJIXCWaWfGUy5mPAR9izGPELj54tFZ+wsTDSjMbLF+3c255Ex0yiwmYjT2Cx78+F/Xi+j8NrPZZxmhLGwEeuFmWKUsHlfNpQaBampBS60tFsyMeaaC7JXqdj63nLZVehc1D237rUua42b4hBlOIFTOAcPrqABd9CENghAeIY3eHeGzpPz4rz+REtO8ecY/sj5+Aa+34p+</latexit><latexit sha1_base64="fI+sHNHvVAdH/+6Bg7GznNfFfUA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx21cFCtuXV3IbYKXgE1KNQcVD/7w0RkEcYkFDem57kp+TnXJIXCWaWfGUy5mPAR9izGPELj54tFZ+wsTDSjMbLF+3c255Ex0yiwmYjT2Cx78+F/Xi+j8NrPZZxmhLGwEeuFmWKUsHlfNpQaBampBS60tFsyMeaaC7JXqdj63nLZVehc1D237rUua42b4hBlOIFTOAcPrqABd9CENghAeIY3eHeGzpPz4rz+REtO8ecY/sj5+Aa+34p+</latexit><latexit sha1_base64="fI+sHNHvVAdH/+6Bg7GznNfFfUA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx21cFCtuXV3IbYKXgE1KNQcVD/7w0RkEcYkFDem57kp+TnXJIXCWaWfGUy5mPAR9izGPELj54tFZ+wsTDSjMbLF+3c255Ex0yiwmYjT2Cx78+F/Xi+j8NrPZZxmhLGwEeuFmWKUsHlfNpQaBampBS60tFsyMeaaC7JXqdj63nLZVehc1D237rUua42b4hBlOIFTOAcPrqABd9CENghAeIY3eHeGzpPz4rz+REtO8ecY/sj5+Aa+34p+</latexit>

ex
<latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit><latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit><latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit><latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit>

(f)

Top view

0
<latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit><latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit><latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit><latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit>

ex
<latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit><latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit><latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit><latexit sha1_base64="tphCaCavPyZMkDtq6QHnlRCDA2A=">AAAB7XicbZDNSsNAFIVv/K31r+rSzWARXJVEBF0W3bisYH+gCWUyvWmHTjJhZiKWkMfQlag7X8YX8G2c1iy09ay+uecM3HPDVHBtXPfLWVldW9/YrGxVt3d29/ZrB4cdLTPFsM2kkKoXUo2CJ9g23AjspQppHArshpObmd99QKW5TO7NNMUgpqOER5xRY0e+H0oxzHGQPxbFoFZ3G+5cZBm8EupQqjWoffpDybIYE8ME1brvuakJcqoMZwKLqp9pTCmb0BH2LSY0Rh3k850LchpJRcwYyfz9O5vTWOtpHNpMTM1YL3qz4X9ePzPRVZDzJM0MJsxGrBdlghhJZtXJkCtkRkwtUKa43ZKwMVWUGXugqq3vLZZdhs55w3Mb3t1FvXldHqICx3ACZ+DBJTThFlrQBgYpPMMbvDvSeXJenNef6IpT/jmCP3I+vgGM1o+w</latexit>

Figure 1: (a-c) Schematics of the experimental setup and laser profilometry measurement
technique used for ‘thick’ films (h & d). (d) Snapshot illustrating the particle tracking
used to count the particles in ‘thin’ films (h ∼ d). (e) Schematics of the large gap
plate/plate shear cell used to measure the shear viscosity of the suspension. (f) Relative
effective shear viscosity η/η0 of the suspensions measured for different values of the
cell gap e (d = 145µm, η0 = 100 mPa s). The dashed line indicates the correlation
η/η0 = (1− φ/φmax)−2 (Guazzelli & Pouliquen 2018) with φmax ≈ 0.57.

thickness, particle content and structure of the coating remain to be characterized over
the full range of withdrawal velocity and volume fraction.

We focus here on the case of a viscous flow for non-Brownian, mono-disperse and
neutrally-buoyant spherical particles and experimentally study how the liquid and solid
contents of the coating depends on U for different particle sizes (80µm≤ d ≤ 550µm)
and volume fractions (0.10 6 φ 6 0.50). We present the experimental protocol in §2,
discuss general observations, the different coating regimes and their boundaries in §3,
and conclude in §4.

2. Experimental setup

The experimental setup is sketched in figure 1. It consists of a bath of a viscous
suspension of solid and neutrally-buoyant particles, from which a plate is withdrawn
vertically with a controlled velocity. The particles are spherical polystyrene particles
(Dynoseeds TS, Microbeads) with a mean diameter d = 80, 145 or 550µm and a low
relative standard deviation in size (6 8%) obtained by repeated sieving. The liquid
is a water solution of PEGPG (3.9 kg/mol poly(ethylene glycol-ran-propylene glycol)-
monobutyl-ether by Sigma-Aldricht) and 4 wt% zinc chloride, which matches the particle
density (ρ = 1050 kg/m3) and wets the particles totally. Its viscosity η0 is varied between
2 and 100 mPa s by adjusting the PEGPG concentration (from 4 to 45.5 wt%), whereas
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its surface tension σ varies only weakly between 38 and 47 mN/m. The particle volume
fraction φ of the suspension is varied between 0.10 and 0.50. For all the experiments, the
Reynolds number ρhU/η0 (based on (1.1)) remains lower than ∼ 0.1 and the capillary
number Ca is varied between 10−4 and 10−1.

The suspension is prepared and homogenized by immersing the particles in small quan-
tities and mixing thoroughly, but slowly to avoid air entrapment, before it is poured up
to the top of the dipping container. The plate is a smooth glass plate having a width
of 26 mm and a thickness of 1.2 mm, which is well wetted by the suspending liquid (the
receding and advancing contact angles are ≈ 5◦ and ≈ 35◦, respectively, for all the liq-
uids). Above the particle entrainment threshold we also use a PMMA plate, which allows
a sampling of the coated film (see §3.4), without any observable difference on the coating.
The plate is held and displaced vertically with a precision translation stage (M414.1PD,
PI), while the bath remains in fixed position. It is slowly dipped in the suspension bath
over a length of 50 mm and withdrawn with a constant vertical velocity U , which is varied
between 0.03 and 13 mm/s. Before each dipping, the plate is cleaned and dried, and the
suspension is re-homogenized by gentle stirring.

The coating of the plate is monitored from a front view with a digital camera and 60 mm
macro-lens resulting in a spatial resolution down to 35µm. Depending on the opacity
of the coating we measure either the average film thickness using a laser profilometry
technique or the particle surface concentration from the tracking of each particle. Both
techniques provide local and instantaneous measurements. This allows to characterize
the coating in situ, without any edge effect or influence of the post-coating drainage. The
first technique uses the transverse displacement of the intersection between an inclined
laser sheet and the coating film surface (see figure 1(a-c)). It yields a measurement of
the average coating thickness (independently from its solid content) with a precision of
the order of the laser sheet thickness (' 35µm) or a fraction of the particle size and is
mainly used for thick coatings. The second technique consists in detecting each particle
entrained on the front side of the plate from shadowgraph pictures obtained with a cold
back-lighting − the rear side of the plate is kept free of particles with the help of a wiper,
see figures 1(b) and (d). It is available for coatings thinner than two particle diameters
and only gives access to the solid content of the coating. To obtain information about
both the liquid and solid content, these two techniques are complemented with sampling
and weighing measurements of the coating, which will be detailed in §3.2 and 3.4.

Finally, the effective shear viscosity of each suspension is measured with a rotating
rheometre (Anton Paar MCR 501) in a plate/plate device allowing a large cell gap e� d,
which is varied between 1.5 and 5.5 mm (see figure 1(a) and details in Château & Lhuissier
(2019)), at the same temperature (24◦C) as the coating experiments. Figure 1(f) presents
the measurements of the relative shear viscosity η/η0 for the different particle volume
fractions we have used. They are found to be independent of the gap e and consistent
with values reported in the literature (Guazzelli & Pouliquen 2018).

3. Results

3.1. General observations

Figure 2(a) shows a typical coating film observed for a concentrated suspension (φ = 0.40,
d = 145µm) and a velocity U much larger than the entrainment threshold. A typical
film thickness profile obtained with the laser profilometry is shown in figure 2(b). The
liquid/plate triple line is essentially pinned (at x = 0) and a slowly draining suspension
film is entrained from the onset of the motion. As for a pure liquid with Ca � 1, the
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50
<latexit sha1_base64="zcR5aurFE/zLJH7vDeAWLv2IfEc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZo9El0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9hdsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d16pXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4/KKiA==</latexit><latexit sha1_base64="zcR5aurFE/zLJH7vDeAWLv2IfEc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZo9El0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9hdsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d16pXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4/KKiA==</latexit><latexit sha1_base64="zcR5aurFE/zLJH7vDeAWLv2IfEc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZo9El0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9hdsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d16pXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4/KKiA==</latexit><latexit sha1_base64="zcR5aurFE/zLJH7vDeAWLv2IfEc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZo9El0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9hdsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d16pXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4/KKiA==</latexit>

40
<latexit sha1_base64="r5iTCUubMU2I/kyBuvAavh1Z0DE=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZQ6JLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehdVH13Kp3V6vUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN4nOKhw==</latexit><latexit sha1_base64="r5iTCUubMU2I/kyBuvAavh1Z0DE=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZQ6JLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehdVH13Kp3V6vUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN4nOKhw==</latexit><latexit sha1_base64="r5iTCUubMU2I/kyBuvAavh1Z0DE=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZQ6JLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehdVH13Kp3V6vUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN4nOKhw==</latexit><latexit sha1_base64="r5iTCUubMU2I/kyBuvAavh1Z0DE=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZQ6JLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehdVH13Kp3V6vUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN4nOKhw==</latexit>

30
<latexit sha1_base64="KWF2KPgwhPPIjhP/mtjo7oKiQYc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZNdEl0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9udsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d1GpXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4PSKhg==</latexit><latexit sha1_base64="KWF2KPgwhPPIjhP/mtjo7oKiQYc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZNdEl0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9udsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d1GpXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4PSKhg==</latexit><latexit sha1_base64="KWF2KPgwhPPIjhP/mtjo7oKiQYc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZNdEl0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9udsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d1GpXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4PSKhg==</latexit><latexit sha1_base64="KWF2KPgwhPPIjhP/mtjo7oKiQYc=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZNdEl0Y1LNPJIgJCepgY69DzSXWNCJnyBroy684/8Af/GBmeh4F2drns7qVt+oqQh1/1yCiura+sbxc3S1vbO7l55/6Bp4lQLbIhYxbrtc4NKRtggSQrbiUYe+gpb/vhm5rceURsZRw80SbAX8mEkAyk42dH9udsvV9yqOxdbBi+HCuSq98uf3UEs0hAjEoob0/HchHoZ1ySFwmmpmxpMuBjzIXYsRjxE08vmm07ZSRBrRiNk8/fvbMZDYyahbzMhp5FZ9GbD/7xOSsFVL5NRkhJGwkasF6SKUcxmhdlAahSkJha40NJuycSIay7InqVk63uLZZeheVb13Kp3d1GpXeeHKMIRHMMpeHAJNbiFOjRAQADP8AbvDjpPzovz+hMtOPmfQ/gj5+Mb4PSKhg==</latexit>

20
<latexit sha1_base64="WDnPFs36tasUA4meZjZ+dF4SQSg=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZYqJLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehVat6btW7u6jUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN33WKhQ==</latexit><latexit sha1_base64="WDnPFs36tasUA4meZjZ+dF4SQSg=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZYqJLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehVat6btW7u6jUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN33WKhQ==</latexit><latexit sha1_base64="WDnPFs36tasUA4meZjZ+dF4SQSg=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZYqJLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehVat6btW7u6jUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN33WKhQ==</latexit><latexit sha1_base64="WDnPFs36tasUA4meZjZ+dF4SQSg=">AAAB43icbZDLTgJBEEVr8IX4Ql266UhMXJEZYqJLohuXaOSRwIT0NDXQoeeR7hoTQvgCXRl15x/5A/6NDc5Cwbs6Xfd2UreCVElDrvvlFNbWNza3itulnd29/YPy4VHLJJkW2BSJSnQn4AaVjLFJkhR2Uo08ChS2g/HN3G8/ojYyiR9okqIf8WEsQyk42dF9ze2XK27VXYitgpdDBXI1+uXP3iARWYQxCcWN6XpuSv6Ua5JC4azUywymXIz5ELsWYx6h8aeLTWfsLEw0oxGyxft3dsojYyZRYDMRp5FZ9ubD/7xuRuGVP5VxmhHGwkasF2aKUcLmhdlAahSkJha40NJuycSIay7InqVk63vLZVehVat6btW7u6jUr/NDFOEETuEcPLiEOtxCA5ogIIRneIN3B50n58V5/YkWnPzPMfyR8/EN33WKhQ==</latexit>

10
<latexit sha1_base64="jfqo3EblqkVOGlOcj1Z96jCIrd4=">AAAB43icbZDLSgNBEEVr4ivGV9Slm8YguAozIugy6MZlFPOAZAg9nZqkSc+D7hohDPkCXYm684/8Af/GTpyFRu/qdN3bULeCVElDrvvplFZW19Y3ypuVre2d3b3q/kHbJJkW2BKJSnQ34AaVjLFFkhR2U408ChR2gsn13O88oDYyie9pmqIf8VEsQyk42dGd5w6qNbfuLsT+gldADQo1B9WP/jARWYQxCcWN6XluSn7ONUmhcFbpZwZTLiZ8hD2LMY/Q+Pli0xk7CRPNaIxs8f6ZzXlkzDQKbCbiNDbL3nz4n9fLKLz0cxmnGWEsbMR6YaYYJWxemA2lRkFqaoELLe2WTIy55oLsWSq2vrdc9i+0z+qeW/duz2uNq+IQZTiCYzgFDy6gATfQhBYICOEJXuHNQefReXZevqMlp/hzCL/kvH8B3faKhA==</latexit><latexit sha1_base64="jfqo3EblqkVOGlOcj1Z96jCIrd4=">AAAB43icbZDLSgNBEEVr4ivGV9Slm8YguAozIugy6MZlFPOAZAg9nZqkSc+D7hohDPkCXYm684/8Af/GTpyFRu/qdN3bULeCVElDrvvplFZW19Y3ypuVre2d3b3q/kHbJJkW2BKJSnQ34AaVjLFFkhR2U408ChR2gsn13O88oDYyie9pmqIf8VEsQyk42dGd5w6qNbfuLsT+gldADQo1B9WP/jARWYQxCcWN6XluSn7ONUmhcFbpZwZTLiZ8hD2LMY/Q+Pli0xk7CRPNaIxs8f6ZzXlkzDQKbCbiNDbL3nz4n9fLKLz0cxmnGWEsbMR6YaYYJWxemA2lRkFqaoELLe2WTIy55oLsWSq2vrdc9i+0z+qeW/duz2uNq+IQZTiCYzgFDy6gATfQhBYICOEJXuHNQefReXZevqMlp/hzCL/kvH8B3faKhA==</latexit><latexit sha1_base64="jfqo3EblqkVOGlOcj1Z96jCIrd4=">AAAB43icbZDLSgNBEEVr4ivGV9Slm8YguAozIugy6MZlFPOAZAg9nZqkSc+D7hohDPkCXYm684/8Af/GTpyFRu/qdN3bULeCVElDrvvplFZW19Y3ypuVre2d3b3q/kHbJJkW2BKJSnQ34AaVjLFFkhR2U408ChR2gsn13O88oDYyie9pmqIf8VEsQyk42dGd5w6qNbfuLsT+gldADQo1B9WP/jARWYQxCcWN6XluSn7ONUmhcFbpZwZTLiZ8hD2LMY/Q+Pli0xk7CRPNaIxs8f6ZzXlkzDQKbCbiNDbL3nz4n9fLKLz0cxmnGWEsbMR6YaYYJWxemA2lRkFqaoELLe2WTIy55oLsWSq2vrdc9i+0z+qeW/duz2uNq+IQZTiCYzgFDy6gATfQhBYICOEJXuHNQefReXZevqMlp/hzCL/kvH8B3faKhA==</latexit><latexit sha1_base64="jfqo3EblqkVOGlOcj1Z96jCIrd4=">AAAB43icbZDLSgNBEEVr4ivGV9Slm8YguAozIugy6MZlFPOAZAg9nZqkSc+D7hohDPkCXYm684/8Af/GTpyFRu/qdN3bULeCVElDrvvplFZW19Y3ypuVre2d3b3q/kHbJJkW2BKJSnQ34AaVjLFFkhR2U408ChR2gsn13O88oDYyie9pmqIf8VEsQyk42dGd5w6qNbfuLsT+gldADQo1B9WP/jARWYQxCcWN6XluSn7ONUmhcFbpZwZTLiZ8hD2LMY/Q+Pli0xk7CRPNaIxs8f6ZzXlkzDQKbCbiNDbL3nz4n9fLKLz0cxmnGWEsbMR6YaYYJWxemA2lRkFqaoELLe2WTIy55oLsWSq2vrdc9i+0z+qeW/duz2uNq+IQZTiCYzgFDy6gATfQhBYICOEJXuHNQefReXZevqMlp/hzCL/kvH8B3faKhA==</latexit>

0
<latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit><latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit><latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit><latexit sha1_base64="nZ57CNpEG9tJ/vVlACgkSjhmZPA=">AAAB4nicbZDLTgJBEEVr8IX4Ql266UhMXJEZY6JLohuXkAiSwIT0NDXQoeeR7hoTMuEHdGXUnZ/kD/g3NjgLBe/qdN3bSd0KUiUNue6XU1pb39jcKm9Xdnb39g+qh0cdk2RaYFskKtHdgBtUMsY2SVLYTTXyKFD4EExu5/7DI2ojk/iepin6ER/FMpSCkx213EG15tbdhdgqeAXUoFBzUP3sDxORRRiTUNyYnuem5OdckxQKZ5V+ZjDlYsJH2LMY8wiNny8WnbGzMNGMxsgW79/ZnEfGTKPAZiJOY7PszYf/eb2Mwms/l3GaEcbCRqwXZopRwuZ92VBqFKSmFrjQ0m7JxJhrLshepWLre8tlV6FzUffcute6rDVuikOU4QRO4Rw8uIIG3EET2iAA4Rne4N0ZOk/Oi/P6Ey05xZ9j+CPn4xtvyYpJ</latexit>

0.75
<latexit sha1_base64="oeKp0G2RtJuXLmQFpfGoGtUNLgk=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJKHVZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXIsZtXo3rDsZ2FyCq4JTSgVHtU/xyOE5ZFGGsmqFID10m1l1OpORM4rw0zhSllUzrBgcGYRqi8fLHrnJwFiSQ6RLJ4/87mNFJqFvkmE1EdqmWvGP7nDTIdXHs5j9NMY8xMxHhBJohOSFGZjLlEpsXMAGWSmy0JC6mkTJvD1Ex9d7nsKnQvbNex3fvLRuumPEQVTuAUzsGFJrTgDtrQAQYhPMMbvFsT68l6sV5/ohWr/HMMf2R9fAPFZ4sB</latexit><latexit sha1_base64="oeKp0G2RtJuXLmQFpfGoGtUNLgk=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJKHVZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXIsZtXo3rDsZ2FyCq4JTSgVHtU/xyOE5ZFGGsmqFID10m1l1OpORM4rw0zhSllUzrBgcGYRqi8fLHrnJwFiSQ6RLJ4/87mNFJqFvkmE1EdqmWvGP7nDTIdXHs5j9NMY8xMxHhBJohOSFGZjLlEpsXMAGWSmy0JC6mkTJvD1Ex9d7nsKnQvbNex3fvLRuumPEQVTuAUzsGFJrTgDtrQAQYhPMMbvFsT68l6sV5/ohWr/HMMf2R9fAPFZ4sB</latexit><latexit sha1_base64="oeKp0G2RtJuXLmQFpfGoGtUNLgk=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJKHVZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXIsZtXo3rDsZ2FyCq4JTSgVHtU/xyOE5ZFGGsmqFID10m1l1OpORM4rw0zhSllUzrBgcGYRqi8fLHrnJwFiSQ6RLJ4/87mNFJqFvkmE1EdqmWvGP7nDTIdXHs5j9NMY8xMxHhBJohOSFGZjLlEpsXMAGWSmy0JC6mkTJvD1Ex9d7nsKnQvbNex3fvLRuumPEQVTuAUzsGFJrTgDtrQAQYhPMMbvFsT68l6sV5/ohWr/HMMf2R9fAPFZ4sB</latexit><latexit sha1_base64="oeKp0G2RtJuXLmQFpfGoGtUNLgk=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJKHVZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXIsZtXo3rDsZ2FyCq4JTSgVHtU/xyOE5ZFGGsmqFID10m1l1OpORM4rw0zhSllUzrBgcGYRqi8fLHrnJwFiSQ6RLJ4/87mNFJqFvkmE1EdqmWvGP7nDTIdXHs5j9NMY8xMxHhBJohOSFGZjLlEpsXMAGWSmy0JC6mkTJvD1Ex9d7nsKnQvbNex3fvLRuumPEQVTuAUzsGFJrTgDtrQAQYhPMMbvFsT68l6sV5/ohWr/HMMf2R9fAPFZ4sB</latexit>

1.50
<latexit sha1_base64="f1kHIEDCLSv+NGl7txRht8kT2fA=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJWHRZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXItZvOqN5wbGchsgpuCQ0o1R7VP4fjhGURxpoJqtTAdVLt5VRqzgTOa8NMYUrZlE5wYDCmESovX+w6J2dBIokOkSzev7M5jZSaRb7JRFSHatkrhv95g0wH117O4zTTGDMTMV6QCaITUlQmYy6RaTEzQJnkZkvCQiop0+YwNVPfXS67Ct0L23Vs9/6y0bopD1GFEziFc3DhClpwB23oAIMQnuEN3q2J9WS9WK8/0YpV/jmGP7I+vgG8dIr7</latexit><latexit sha1_base64="f1kHIEDCLSv+NGl7txRht8kT2fA=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJWHRZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXItZvOqN5wbGchsgpuCQ0o1R7VP4fjhGURxpoJqtTAdVLt5VRqzgTOa8NMYUrZlE5wYDCmESovX+w6J2dBIokOkSzev7M5jZSaRb7JRFSHatkrhv95g0wH117O4zTTGDMTMV6QCaITUlQmYy6RaTEzQJnkZkvCQiop0+YwNVPfXS67Ct0L23Vs9/6y0bopD1GFEziFc3DhClpwB23oAIMQnuEN3q2J9WS9WK8/0YpV/jmGP7I+vgG8dIr7</latexit><latexit sha1_base64="f1kHIEDCLSv+NGl7txRht8kT2fA=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJWHRZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXItZvOqN5wbGchsgpuCQ0o1R7VP4fjhGURxpoJqtTAdVLt5VRqzgTOa8NMYUrZlE5wYDCmESovX+w6J2dBIokOkSzev7M5jZSaRb7JRFSHatkrhv95g0wH117O4zTTGDMTMV6QCaITUlQmYy6RaTEzQJnkZkvCQiop0+YwNVPfXS67Ct0L23Vs9/6y0bopD1GFEziFc3DhClpwB23oAIMQnuEN3q2J9WS9WK8/0YpV/jmGP7I+vgG8dIr7</latexit><latexit sha1_base64="f1kHIEDCLSv+NGl7txRht8kT2fA=">AAAB5XicbZDLSsNAFIZP6q3WW9Wlm8EiuAqJWHRZdOOygr1AG8pketIMnVyYmQgl9BF0JerOF/IFfBsnNQtt/VffnP8fOP/xU8GVdpwvq7K2vrG5Vd2u7ezu7R/UD4+6Kskkww5LRCL7PlUoeIwdzbXAfiqRRr7Anj+9LfzeI0rFk/hBz1L0IjqJecAZ1cXItZvOqN5wbGchsgpuCQ0o1R7VP4fjhGURxpoJqtTAdVLt5VRqzgTOa8NMYUrZlE5wYDCmESovX+w6J2dBIokOkSzev7M5jZSaRb7JRFSHatkrhv95g0wH117O4zTTGDMTMV6QCaITUlQmYy6RaTEzQJnkZkvCQiop0+YwNVPfXS67Ct0L23Vs9/6y0bopD1GFEziFc3DhClpwB23oAIMQnuEN3q2J9WS9WK8/0YpV/jmGP7I+vgG8dIr7</latexit>3 mm

<latexit sha1_base64="MjWTWTfO3dRjP5dX1xvWXruyIOE=">AAAB+XicbZDLSsNAFIYn9VbrLSq4cRMsgquSqKDLohuXFewFmlAm05N26EwSZk7EEvswuhJ152v4Ar6N05qFtv6rb87/D+cSpoJrdN0vq7S0vLK6Vl6vbGxube/Yu3stnWSKQZMlIlGdkGoQPIYmchTQSRVQGQpoh6Prqd++B6V5Et/hOIVA0kHMI84omlLPPjjzhzqlDHJPyomP8IC5gZ5ddWvuTM4ieAVUSaFGz/70+wnLJMTIBNW667kpBjlVyJmAScXPNJg2IzqArsGYStBBPpt/4hxHiXJwCM7s/TubU6n1WIYmIykO9bw3Lf7ndTOMLoOcx2mGEDMTMV6UCQcTZ3oGp88VMBRjA5QpbqZ02JAqytAcq2LW9+aXXYTWac1za97tebV+VRyiTA7JETkhHrkgdXJDGqRJGHkkz+SNvFu59WS9WK8/0ZJV/Nknf2R9fANlj5QV</latexit><latexit sha1_base64="MjWTWTfO3dRjP5dX1xvWXruyIOE=">AAAB+XicbZDLSsNAFIYn9VbrLSq4cRMsgquSqKDLohuXFewFmlAm05N26EwSZk7EEvswuhJ152v4Ar6N05qFtv6rb87/D+cSpoJrdN0vq7S0vLK6Vl6vbGxube/Yu3stnWSKQZMlIlGdkGoQPIYmchTQSRVQGQpoh6Prqd++B6V5Et/hOIVA0kHMI84omlLPPjjzhzqlDHJPyomP8IC5gZ5ddWvuTM4ieAVUSaFGz/70+wnLJMTIBNW667kpBjlVyJmAScXPNJg2IzqArsGYStBBPpt/4hxHiXJwCM7s/TubU6n1WIYmIykO9bw3Lf7ndTOMLoOcx2mGEDMTMV6UCQcTZ3oGp88VMBRjA5QpbqZ02JAqytAcq2LW9+aXXYTWac1za97tebV+VRyiTA7JETkhHrkgdXJDGqRJGHkkz+SNvFu59WS9WK8/0ZJV/Nknf2R9fANlj5QV</latexit><latexit sha1_base64="MjWTWTfO3dRjP5dX1xvWXruyIOE=">AAAB+XicbZDLSsNAFIYn9VbrLSq4cRMsgquSqKDLohuXFewFmlAm05N26EwSZk7EEvswuhJ152v4Ar6N05qFtv6rb87/D+cSpoJrdN0vq7S0vLK6Vl6vbGxube/Yu3stnWSKQZMlIlGdkGoQPIYmchTQSRVQGQpoh6Prqd++B6V5Et/hOIVA0kHMI84omlLPPjjzhzqlDHJPyomP8IC5gZ5ddWvuTM4ieAVUSaFGz/70+wnLJMTIBNW667kpBjlVyJmAScXPNJg2IzqArsGYStBBPpt/4hxHiXJwCM7s/TubU6n1WIYmIykO9bw3Lf7ndTOMLoOcx2mGEDMTMV6UCQcTZ3oGp88VMBRjA5QpbqZ02JAqytAcq2LW9+aXXYTWac1za97tebV+VRyiTA7JETkhHrkgdXJDGqRJGHkkz+SNvFu59WS9WK8/0ZJV/Nknf2R9fANlj5QV</latexit><latexit sha1_base64="MjWTWTfO3dRjP5dX1xvWXruyIOE=">AAAB+XicbZDLSsNAFIYn9VbrLSq4cRMsgquSqKDLohuXFewFmlAm05N26EwSZk7EEvswuhJ152v4Ar6N05qFtv6rb87/D+cSpoJrdN0vq7S0vLK6Vl6vbGxube/Yu3stnWSKQZMlIlGdkGoQPIYmchTQSRVQGQpoh6Prqd++B6V5Et/hOIVA0kHMI84omlLPPjjzhzqlDHJPyomP8IC5gZ5ddWvuTM4ieAVUSaFGz/70+wnLJMTIBNW667kpBjlVyJmAScXPNJg2IzqArsGYStBBPpt/4hxHiXJwCM7s/TubU6n1WIYmIykO9bw3Lf7ndTOMLoOcx2mGEDMTMV6UCQcTZ3oGp88VMBRjA5QpbqZ02JAqytAcq2LW9+aXXYTWac1za97tebV+VRyiTA7JETkhHrkgdXJDGqRJGHkkz+SNvFu59WS9WK8/0ZJV/Nknf2R9fANlj5QV</latexit>
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<latexit sha1_base64="IV3eBG2DLNssDJAZYNGhPrvu4fE=">AAAB+3icbVDLSsNAFJ34rPVVdSO4CRahbkoigi6LblxWsA9oQplMb5uhM0mYuRFLiD+jK1F3/oU/4N84rVlo61mde8+5zJwTJIJrdJwva2l5ZXVtvbRR3tza3tmt7O23dZwqBi0Wi1h1A6pB8AhayFFAN1FAZSCgE4yvp3rnHpTmcXSHkwR8SUcRH3JG0az6lcPQC3VCGWSulLmH8IBZTcrTvF+pOnVnBnuRuAWpkgLNfuXTG8QslRAhE1Trnusk6GdUIWcC8rKXajAPjekIeoZGVIL2s1mC3D4ZxsrGEOzZ/NubUan1RAbGIymGel6bLv/TeikOL/2MR0mKEDFjMdowFTbG9rQIe8AVMBQTQyhT3PzSZiFVlKGpq2ziu/NhF0n7rO46dff2vNq4KoookSNyTGrEJRekQW5Ik7QII4/kmbyRdyu3nqwX6/XHumQVNwfkD6yPb42MlK8=</latexit><latexit sha1_base64="IV3eBG2DLNssDJAZYNGhPrvu4fE=">AAAB+3icbVDLSsNAFJ34rPVVdSO4CRahbkoigi6LblxWsA9oQplMb5uhM0mYuRFLiD+jK1F3/oU/4N84rVlo61mde8+5zJwTJIJrdJwva2l5ZXVtvbRR3tza3tmt7O23dZwqBi0Wi1h1A6pB8AhayFFAN1FAZSCgE4yvp3rnHpTmcXSHkwR8SUcRH3JG0az6lcPQC3VCGWSulLmH8IBZTcrTvF+pOnVnBnuRuAWpkgLNfuXTG8QslRAhE1Trnusk6GdUIWcC8rKXajAPjekIeoZGVIL2s1mC3D4ZxsrGEOzZ/NubUan1RAbGIymGel6bLv/TeikOL/2MR0mKEDFjMdowFTbG9rQIe8AVMBQTQyhT3PzSZiFVlKGpq2ziu/NhF0n7rO46dff2vNq4KoookSNyTGrEJRekQW5Ik7QII4/kmbyRdyu3nqwX6/XHumQVNwfkD6yPb42MlK8=</latexit><latexit sha1_base64="IV3eBG2DLNssDJAZYNGhPrvu4fE=">AAAB+3icbVDLSsNAFJ34rPVVdSO4CRahbkoigi6LblxWsA9oQplMb5uhM0mYuRFLiD+jK1F3/oU/4N84rVlo61mde8+5zJwTJIJrdJwva2l5ZXVtvbRR3tza3tmt7O23dZwqBi0Wi1h1A6pB8AhayFFAN1FAZSCgE4yvp3rnHpTmcXSHkwR8SUcRH3JG0az6lcPQC3VCGWSulLmH8IBZTcrTvF+pOnVnBnuRuAWpkgLNfuXTG8QslRAhE1Trnusk6GdUIWcC8rKXajAPjekIeoZGVIL2s1mC3D4ZxsrGEOzZ/NubUan1RAbGIymGel6bLv/TeikOL/2MR0mKEDFjMdowFTbG9rQIe8AVMBQTQyhT3PzSZiFVlKGpq2ziu/NhF0n7rO46dff2vNq4KoookSNyTGrEJRekQW5Ik7QII4/kmbyRdyu3nqwX6/XHumQVNwfkD6yPb42MlK8=</latexit><latexit sha1_base64="IV3eBG2DLNssDJAZYNGhPrvu4fE=">AAAB+3icbVDLSsNAFJ34rPVVdSO4CRahbkoigi6LblxWsA9oQplMb5uhM0mYuRFLiD+jK1F3/oU/4N84rVlo61mde8+5zJwTJIJrdJwva2l5ZXVtvbRR3tza3tmt7O23dZwqBi0Wi1h1A6pB8AhayFFAN1FAZSCgE4yvp3rnHpTmcXSHkwR8SUcRH3JG0az6lcPQC3VCGWSulLmH8IBZTcrTvF+pOnVnBnuRuAWpkgLNfuXTG8QslRAhE1Trnusk6GdUIWcC8rKXajAPjekIeoZGVIL2s1mC3D4ZxsrGEOzZ/NubUan1RAbGIymGel6bLv/TeikOL/2MR0mKEDFjMdowFTbG9rQIe8AVMBQTQyhT3PzSZiFVlKGpq2ziu/NhF0n7rO46dff2vNq4KoookSNyTGrEJRekQW5Ik7QII4/kmbyRdyu3nqwX6/XHumQVNwfkD6yPb42MlK8=</latexit> (ii)(i) (iii)

no  particle
entrainment

monolayer ‘thick’ film

U (mm/s)
<latexit sha1_base64="CnuZG+iIiAw/SMbXZB72NyJwXiA=">AAAB/XicbVDLTsJAFJ3iC/FVdaebRmKCG2yNiS6JblxiYoEECJkOt3TCTNvM3BpJQ/RndGXUnT/hD/g3DshC0bM6955zM3NOkAqu0XU/rcLC4tLySnG1tLa+sbllb+80dJIpBj5LRKJaAdUgeAw+chTQShVQGQhoBsPLid68BaV5Et/gKIWupIOYh5xRNKueved3Ip1SBrkn5biDcId5RcpjfTTu2WW36k7h/CXejJTJDPWe/dHpJyyTECMTVOu256bYzalCzgSMS51Mg3lqSAfQNjSmEnQ3n2YYO4dhohyMwJnOP705lVqPZGA8kmKk57XJ8j+tnWF43s15nGYIMTMWo4WZcDBxJlU4fa6AoRgZQpni5pcOi6iiDE1hJRPfmw/7lzROqp5b9a5Py7WLWRFFsk8OSIV45IzUyBWpE58w8kCeyCt5s+6tR+vZevm2FqzZzS75Bev9C76flVI=</latexit><latexit sha1_base64="CnuZG+iIiAw/SMbXZB72NyJwXiA=">AAAB/XicbVDLTsJAFJ3iC/FVdaebRmKCG2yNiS6JblxiYoEECJkOt3TCTNvM3BpJQ/RndGXUnT/hD/g3DshC0bM6955zM3NOkAqu0XU/rcLC4tLySnG1tLa+sbllb+80dJIpBj5LRKJaAdUgeAw+chTQShVQGQhoBsPLid68BaV5Et/gKIWupIOYh5xRNKueved3Ip1SBrkn5biDcId5RcpjfTTu2WW36k7h/CXejJTJDPWe/dHpJyyTECMTVOu256bYzalCzgSMS51Mg3lqSAfQNjSmEnQ3n2YYO4dhohyMwJnOP705lVqPZGA8kmKk57XJ8j+tnWF43s15nGYIMTMWo4WZcDBxJlU4fa6AoRgZQpni5pcOi6iiDE1hJRPfmw/7lzROqp5b9a5Py7WLWRFFsk8OSIV45IzUyBWpE58w8kCeyCt5s+6tR+vZevm2FqzZzS75Bev9C76flVI=</latexit><latexit sha1_base64="CnuZG+iIiAw/SMbXZB72NyJwXiA=">AAAB/XicbVDLTsJAFJ3iC/FVdaebRmKCG2yNiS6JblxiYoEECJkOt3TCTNvM3BpJQ/RndGXUnT/hD/g3DshC0bM6955zM3NOkAqu0XU/rcLC4tLySnG1tLa+sbllb+80dJIpBj5LRKJaAdUgeAw+chTQShVQGQhoBsPLid68BaV5Et/gKIWupIOYh5xRNKueved3Ip1SBrkn5biDcId5RcpjfTTu2WW36k7h/CXejJTJDPWe/dHpJyyTECMTVOu256bYzalCzgSMS51Mg3lqSAfQNjSmEnQ3n2YYO4dhohyMwJnOP705lVqPZGA8kmKk57XJ8j+tnWF43s15nGYIMTMWo4WZcDBxJlU4fa6AoRgZQpni5pcOi6iiDE1hJRPfmw/7lzROqp5b9a5Py7WLWRFFsk8OSIV45IzUyBWpE58w8kCeyCt5s+6tR+vZevm2FqzZzS75Bev9C76flVI=</latexit><latexit sha1_base64="CnuZG+iIiAw/SMbXZB72NyJwXiA=">AAAB/XicbVDLTsJAFJ3iC/FVdaebRmKCG2yNiS6JblxiYoEECJkOt3TCTNvM3BpJQ/RndGXUnT/hD/g3DshC0bM6955zM3NOkAqu0XU/rcLC4tLySnG1tLa+sbllb+80dJIpBj5LRKJaAdUgeAw+chTQShVQGQhoBsPLid68BaV5Et/gKIWupIOYh5xRNKueved3Ip1SBrkn5biDcId5RcpjfTTu2WW36k7h/CXejJTJDPWe/dHpJyyTECMTVOu256bYzalCzgSMS51Mg3lqSAfQNjSmEnQ3n2YYO4dhohyMwJnOP705lVqPZGA8kmKk57XJ8j+tnWF43s15nGYIMTMWo4WZcDBxJlU4fa6AoRgZQpni5pcOi6iiDE1hJRPfmw/7lzROqp5b9a5Py7WLWRFFsk8OSIV45IzUyBWpE58w8kCeyCt5s+6tR+vZevm2FqzZzS75Bev9C76flVI=</latexit>
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Figure 2: (a) Typical coating observed in the thick film regime (d = 145µm, φ = 0.40,
η0 = 100 mPa s, U = 6 mm/s). (b) Typical coating thickness profile measured from
laser profilometry in the ‘thick’ film regime (d = 145µm, φ = 0.40, η0 = 100 mPa s,
U = 0.9 mm/s, the plate withdrawal length is 50 mm, and x = 0 labels the initial po-
sition of the triple line on the plate). The red and blue lines represent the raw and
smoothed signals, respectively. The dashed lines delimit the thickness plateau over which
the average steady state thickness h is measured. (c) Steady thickness versus withdrawal
velocity (same suspension as in (b)) illustrating the three different coating regimes. From
low to large velocities: (i) No particle entrainment regime (h . d), (ii) monolayer regime
(h ' d), and (iii) thick film regime (h & d). UI and UII denote the transition velocities
between the regimes. The dashed line indicates h = d.

film is uniform at sufficient distance from the triple line. To characterize the coating
we consider the steady state entrainment thickness of the film, h, which we measure
by averaging the thickness over the plateau close to the suspension bath (see figure
2(b)). Figure 2(c) reports the evolution of h with the withdrawal velocity for the same
suspension. From low to large velocities, it reveals three distinct coating regimes, as also
reported very recently by Gans et al. (2019). (i) a ‘no particle entrainment’ regime, where
the film is much thinner than d, (ii) a ‘monolayer’ regime, where the film thickness is
of the order of the particle diameter (h ' d) and is essentially independent of U , (iii) a
‘thick film’ regime, where the film thickness is much larger than the particle size (h & d)
and increases with increasing U . These three regimes determine two boundary velocities
UI and UII separating (i)/(ii) and (ii)/(iii), respectively.

3.2. Thick film regime (iii)

We consider first the thick film observed for large velocities. The inset of figure 3(a)
presents the steady film thickness h as a function of the withdrawal velocity U for a
particle volume fraction ranging from 0.20 to 0.50 and the same particles and liquid
as in figure 2 (d = 145µm and η0 = 100 mPa s). The reproducibility of the coating is
illustrated by the three series of measurements presented for φ = 0.40. On the right hand
side of the graph, where h & d, the thickness h is found to increase with increasing U ,
as for a pure viscous liquid, but also with increasing φ. These two trends are consistent
with the effective bulk rheology of a suspension, valid for large scale flows (� d) and
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Figure 3: (a) Dimensionless thickness h/d versus effective capillary number η(φ)U/σ for
different particle volume fractions φ. The error bar indicates the resolution of the laser
profilometry (see §2). The solid line is (3.1). The dashed line is the Derjaguin asymptotic
regime h = 0.67 `(η(φ)U/σ)1/2 expected for η(φ)U/σ � 1 (Kizito et al. 1999). The
inset shows the raw data and indicates the particle size d = 145µm. The three series of
measurements presented for φ = 0.40 illustrate the coating reproducibility. (b) Transition
capillary number between the thick film (h & d) and the monolayer regime (h ' d) versus
particle volume fraction for varied particle size. The solid lines represent (3.3).

low Reynolds numbers, in which the relative viscosity η/η0 of the suspension increases
with the particle volume fraction (Guazzelli & Pouliquen 2018). Therefore, it is natural to
represent the thickness h as a function of the capillary number ηU/σ based on the effective
shear viscosity η of each suspension, which is measured independently in the shear cell
(see §2). In this representation, shown in figure 3(a), the experimental film thickness for
the different volume fractions collapse and agree well with the Landau-Levich-Derjaguin
(LLD) model

h ' 0.95`

(
η(φ)U

σ

)2/3

= h0

(
η

η0

)2/3

, (3.1)

over the thick film range, h & d and provided (η/η0)Ca remains smaller than 1 (as also
reported by Gans et al. 2019). This suggests that, for the present case of fully wetted
particles and for the range of particle volume fraction considered, the global surface
stresses that limit the entrainment of the suspension are not very different from those
expected from the surface tension of the pure suspending liquid. Finally, for (η/η0)Ca
larger than 1, the effective behavior persists: the thickness agrees with the purely viscous
regime h ∼

√
ηU/ρg ∼ `(ηCa/η0)1/2 (Derjaguin 1943).

The above measurements concern the total quantity of suspension entrained and do
not distinguish between the solid and liquid contents. To complete the characterization
of the coating in the thick film regime, additional dip-coating experiments have been
carried out to measure the particle volume fraction in the film. Five different withdrawal
velocities have been considered for a fixed particle volume fraction of the bath, φ = 0.40.
The measurement procedure is as follows. Immediately after the plate has been fully
withdrawn from the bath following the standard protocol, the whole of the suspension
that has been entrained with the plate is weighed, rinsed, cleaned and dried thoroughly
before being weighed a second time in order to measure the quantity of particles it

Henri
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contains. The ratio of the latter to the former weights yields the average particle volume
fraction in the coating, denoted φfilm. For the five effective capillary numbers (5.1×10−3 6
ηU/σ 6 3.1 × 10−2) we obtain φfilm = 0.398 ± 0.003, without significant variation with
U . This shows that particle migration effects are negligible in the present case. The solid
volume fraction of the coating is essentially the same as that of the bath:

φfilm ' φ, (3.2)

which is consistent with the use of the effective viscosity of the bath in equation (3.1).

3.3. Transition from thick film to monolayer regimes (II)

The experimental data from figures 2 and 3 show that the LLD effective trend of the thick
regime stops for small withdrawal velocities. The transition is rather sharp and occurs
when the average film thickness plateaus at a value which is of the order of the particle
diameter. Making use of the LLD effective law (3.1) and of the thickness h ' d observed
at the transition one can readily express the transition capillary number CaII ≡ η0UII/σ
according to

CaII '
η0

η

(
d

0.95`

)3/2

, (3.3)

and as also proposed by Gans et al. (2019).
The value of the transition velocity UII can be extracted from the profilometry mea-

surements. Figure 3(b) shows the experimental transition capillary number as a function
of the particle volume fraction for a viscosity η0 = 100 mPa s and two different particle
sizes, d = 145 and 550µm. Over the whole range of φ equation (3.3), which is represented
by the solid lines, is in good agreement with the data.

3.4. Monolayer regime (ii)

Below UII the profilometry measurements indicate that the average film thickness remains
of the order of d over an extended range of velocities. This is consistent with direct
observation revealing that the particles form a monolayer. In this regime, the particle
surface concentration cs becomes a relevant quantity to characterize the coating, which
also has the advantage of being experimentally accessible with a great accuracy from
single particle tracking (see e.g. figure 1(d)). Figure 4(a) presents the dependence of
cs upon U and φ in the steady state coating regime, as measured by averaging over a
central zone of the plate of 20 × 30 mm2 located 5 mm above the bath surface. We use
the non-dimensional form c̃s ≡ πcsd

2/6φ ≡ hφfilm/dφ, which is by definition equal to
1 for a film having a thickness h and the same particle volume fraction φ as the bath.
For the smallest volume fraction, φ = 0.10, the surface concentration decreases regularly
with decreasing U below the transition velocity UII. However, for larger volume fractions
the dimensionless surface concentration c̃s collapses on 1 (i.e. hφfilm/dφ ' 1) over a
significant range of velocities, which further extends toward lower velocities for larger
values of φ. This suggests that over this plateau h ' d and φfilm ' φ. However, since other
combinations of h and φfilm also yield c̃s = 1 we have conducted additional measurements
to determine unambiguously the solid and liquid contents of the coating. To this end,
we have used a PMMA plate with a removable circular portion (with diameter 12 mm
and removed when it is 35 mm above the bath surface), which allows to collect and
weight a sample of the steady state coating and to determine its volume fraction φfilm

from the comparison of its weight and the number of particles obtained from particle
tracking. For a fixed bath volume fraction φ = 0.40 and different withdrawal velocities
(3.0 mm/s 6 U 6 10.5 mm/s) we obtained φfilm = 0.389 ± 0.003 without significant
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(c) (d)

Figure 4: (a) Dimensionless particle surface concentration versus capillary number for φ
ranging from 0.10 to 0.50 and d = 145µm. The value c̃s ≡ πcsd2/6φ ≡ hφfilm/dφ equals
1 for a monolayer with a flat liquid interface and the same particle volume fraction as
in the bulk (as sketched in the inset). The two independent data series for φ = 0.20 and
0.30 show the reproducibility of the transition. (b) Schematics of the sampling technique
using a plate with a removable circular central part to measure the liquid content of the
monolayer by weighing. (c-d) Typical coating structure observed across transition I for
φ = 0.10 (c) and φ = 0.40 (d). The pictures correspond to the large symbols in (a), with
withdrawal velocity increasing from left to right.

dependence on U , which means that the monolayer regime observed at large particles
volume fractions is well characterized by

h ' d, and φfilm ' φ. (3.4)

3.5. Transition from monolayer to no particle entrainment regimes (I)

Finally, we consider the transition from the monolayer regime to the no particle en-
trainment regime, labelled I, which represents the threshold for the steady entrainment
of particles in the film. This transition shows in the measurements of figure 4(a) (for
d = 145µm and various φ) as the dimensionless surface concentration drops from c̃s ' 1
to c̃s ' 0 with decreasing entrainment velocities. For large particle volume fractions the
transition is sharp, whereas for low φ it is broad − extending over almost two decades
for φ = 0.10 − and shifted towards larger entrainment velocities. The typical structure
of the coating across the transition is illustrated in figure 4(a-b) for a low (φ = 0.10)
and a large (φ = 0.40) volume fraction. Close to the monolayer regime the coating is
uniform for both diluted and concentrated suspensions. However, close to the lower end
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Figure 5: (a) Transition capillary number between the monolayer and no entrainment
regimes versus φ for different particle sizes. The shape of the symbols indicates from which
measurements (cs, l or α) the transition capillary number is determined. The vertical
bars represent the range over which c̃s varies significantly (10−6 . c̃s . 1), whereas the
symbols indicate the geometrical mean of the range limits. The colored ticks at φ = 0
indicate the entrainment threshold CaI ≈ (0.35d/`)3/2 derived by Colosqui et al. (2013)
for isolated particles. The dashed lines indicate the plateau value of CaI,φ>0.30 observed
for φ > 0.30. Inset: CaI,φ>0.30 versus d/`. The solid line shows CaI,φ>0.30 ∼ (d/`)2.
(b) Evolution of UI with the suspending liquid viscosity for d = 145µm and φ = 0.40.
The solid line represents the capillary number CaI ' 1.0 × 10−4 reported in (a). (c)
Co-evolution of the dimensionless surface concentration c̃s and the particle-free length l
(defined in the inset) with Ca for d = 550µm and φ = 0.40 and 0.50 (η0 = 100 mPa s).
(d) Co-evolution of c̃s and the narrowing angle α (defined in the inset) with Ca for
d = 145µm and φ = 0.40 (η0 = 12 mPa s). The insets present typical pictures of the
transients (each of the two triangular coatings in (d) is on a different side of the plate).

of the transition isolated clusters of particles form, which can be more easily observed for
diluted suspensions because of the broadness of the transition. These evolutions are sum-
marized in figure 5(a), which presents the capillary number CaI ≡ η0UI/σ, around which
the transition occurs, as a function of φ. As shown in figure 5(b) the raw transition veloc-
ity UI varies as the inverse of the suspending liquid viscosity η0, which suggests that for
a given particle size and volume fraction it is relevant to express the transition in terms
of CaI. Experimentally, we define the latter as the geometrical mean of the ends of the
range over which c̃s varies significantly (10−6 . c̃s . 1), whereas the vertical bars show
the range itself (which is much broader than the typical variability in the measurements,
see the repeated measurements in figure 4(a)). It is found to decrease with increasing φ
below 0.30. These measurements at low φ are consistent with the entrainment threshold
expected in the diluted limit φ ' 0. Indeed, in this limit particles should not interact
with each other and the criteria h ∼ `CaI

2/3 ∼ d, i.e. CaI ∼ (d/`)3/2, derived by Colosqui
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et al. (2013) for an isolated particle should apply. The latter limit, indicated in figure
5(a), is found to be in line with our measurements for φ 6 0.30.

Conversely, for larger volume fractions, CaI plateaus and becomes almost independent
of φ. For a given particle size, all concentrated suspensions (φ > 0.30) are found to
have a very similar particle entrainment velocity threshold. This sharply contrasts with
the evolution of UII ∝ 1/η, which strongly depends upon φ, in particular close to the
critical volume fraction φmax where it is expected to vanish (Guazzelli & Pouliquen 2018).
The value, denoted CaI,φ>0.30, of this large-φ plateau is determined as the mean of CaI

over the range 0.30 6 φ 6 0.50 (over which the relative standard deviation is smaller
than 7% for each value of d). It increases with increasing particle sizes, which means
that, similarly to the diluted case, small particles are more easily entrained than large
particles. As shown in the inset of figure 5a, this dependance of CaI on d is found to
be pronounced. For d ranging from 80 to 550µm the value of CaI,φ>0.30 increases by
two decades, which suggests a dependance close to CaI,φ>0.30 ∝ d2 as highlighted in the
inset of figure 5(a). Although no model could be derived to explain these experimental
results, the latter suggest that the dependance of CaI on d at large φ is stronger than for
the diluted case (CaI ∝ d3/2). Besides, in the present case where a liquid film is always
observed below UI (see §3.6), the same transition velocities (UI) is obtained whether the
plate is of PMMA or glass.

So far, the content of the coating has been characterized and discussed on the basis
of averaged measurements performed at a large distance (∼ 30 mm) from the initial
position of the triple line on the plate (x = 0). However, further qualitative information
about the no particle entrainment transition can be obtained by observing the structure
of the film that is formed at the onset of the plate withdrawal. As illustrated in the
insets of figures 5(c-d), transition I is actually found to proceed differently depending
on the particle size. For the largest particles (d = 550µm) a transitory film containing
no particle is observed close to x = 0, which length l increases as U decreases around
UI. By contrast, for smaller sizes (d 6 145µm), the first line of particles appears to
be pinned at x ' 0. As a consequence a transitory entrainment of particles is observed
even below UI, but this entrainment is not steady for U < UI: the width of the particle
monolayer shrinks with x with a characteristic angle α > 0 depending on U (see the
inset of figure 5(d)). The reason for this transitory entrainment is not known. It might
be related to differences between the static and dynamic shapes of the meniscus, but we
cannot exclude influences of minute evaporation at the triple line for the few secondes the
plate is immobile before it is withdrawn. Nevertheless, although the transitory coating
actually differs between different particle sizes, it is consistent in all cases with the particle
content observed at large distances (large x). As shown by the confrontation with the
measurements of the dimensionless surface concentration c̃s in figures 5(c-d), both the
particle-free length l and the narrowing angle α increase abruptly around the value of UI

determined previously (figure 5(a)), which explains why c̃s vanishes at large distance for
small withdrawal velocities.

3.6. No particle entrainment regime (i)

The no particle entrainment regime has not been characterized quantitatively but an
important remark has to be made. In all the cases studied a continuous liquid film was
formed below the no particle entrainment transition (U slightly lower than UI). This
observation suggests that the no entrainment particle entrainment transition discussed
above is not directly related to the threshold velocity for the wetting of the plate by the
suspending liquid (de Gennes 1985; Bonn et al. 2009; Snoeijer & Andreotti 2013).
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4. Conclusions

Three regimes of coating have been observed experimentally as a plate is withdrawn
from a bath of a particulate suspension. For an increasing withdrawal velocity (i) no
particle, (ii) a monolayer of particles, and (iii) a thick film of suspension are successively
entrained with the plate.

In regime (iii), the particle size is unimportant. The coating has the same particle
content as the bath and its thickness follows the Landau-Levich-Derjaguin law, provided
the dependance of the suspension bulk viscosity on φ is considered (1.1). This conclusion
has also been drawn very recently by Gans et al. (2019) and suggests that the net
interfacial stresses experienced by a suspension of totally wetted and neutrally-buoyant
particles are not very different from the Laplace pressure experienced by a pure liquid,
as also reported for other types of capillary flow (Furbank & Morris 2004; Bonnoit et al.
2012; Mathues et al. 2015; Château et al. 2018; Château & Lhuissier 2019).

Naturally, the particle size d determines the transition velocities to regimes (ii) and
(i). As also reported very recently by Gans et al. (2019), the transition II between (ii)
and (iii) simply occurs when the film thickness h/` ∼ (η(φ)U/σ)2/3 given by (1.1) is
equal to d and, thus, always depends on φ. Conversely, the particle entrainment threshold
velocity UI separating (i) and (ii) is found to depend on φ only for sufficiently low volume
fractions (φ . 0.30). These measurements are consistent with the entrainment criteria for
an isolated particle (Colosqui et al. 2013), which is expected to describe the diluted limit
(φ ' 0). The observation of a plateau in UI at large φ (& 0.30) suggests that the bath
volume fraction becomes unimportant for the entrainment threshold and that the latter
could be related to a local accumulation of particles in the meniscus. Nevertheless, the
value of this plateau and its experimental dependence ∝ d2 on the particle size remain
to be rationalized from first principles. Further work is also required to address the case
of other types of suspensions, such as suspensions of partially wetted or non spherical
particles.
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