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Abstract

CCS-like calculi can be viewed as an extension of classical automata with communication
primitives. We are interested here to follow this principle, applied to tree-automata.
It naturally yields a calculus of branching processes (CBP), where the continuations
of communications are allowed to branch according to the arity of the communication
channel. After introducing the calculus with a reduction semantics we show that CBP
can be “implemented” by a fully compositional LTS semantics. We argue that CBP
offers an interesting tradeoff between calculi with a fixed communication topology à la
CCS and calculi with dynamic connectivity such as the π-calculus.

1. Introduction

The Calculus of Communicating Systems (CCS) [15] and Communicating Sequential
Processes (CSP) [14] are expressive formalisms that are widely used to model concurrent
systems, in which processes synchronize by handshake. One can view concurrent runs
in these calculi as computations of classical automata or Petri Nets in which transitions
have to synchronize on complementary symbols. The starting point of the formalism
we introduce in this paper is the following: what happens if instead of synchronizing
classical transition systems, we were to allow more expressive automata to synchronize?

We introduce a Calculus of Branching Processes (CBP), that is obtained by adding
synchronization to tree-automata [9]. We obtain a process calculus whose continuation
scheme is branching according to the arity of the communication symbols. A CBP process
of the form f(p, q) has communication symbol f and continuations p and q. Branching
communication structure can only be achieved if the computations of p and q are not
allowed to interact anymore. This leads naturally to a definition of a communication
graph that connects processes and specifies which symbols are able to interact. In classical
process algebra, the communication graph is left implicit since any two complementary
symbols may synchronize. This explains, for instance, the difficulty to make concrete
implementations of the π-calculus [16]: in the absence of a network topology, one has to
conceive of astute mechanisms to implement communications [18]. This has led to the
definition of process calculi in which routing of communication is either trivially directed
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[11, 12] or explicit [13, 17, 10]. An interesting aspect of CBP is that it comes with
a structural operational semantics that makes explicit how the communication graph
evolves over time.

Outline. In Section 2 we introduce the specification of CBP’s operational semantics by
means of (communication) graph rewriting rules. The syntax of processes involves two
main constructs: parallel composition, as in CCS, and prefixing. As already suggested,
this latter construct differs from CCS prefixing in that there can be more than one
continuation. The number of continuations is determined by the label of the prefix which
is a function symbol. For the sake of simplicity, we assume in the technical developments
that this arity is always 2 (more general arities can easily be encoded in this setting).

The operational semantics of this calculus is mainly defined as a rewriting system.
Our main design choice is summarized in Figure 1: when two processes p = f(p1, p2)
and q = f̄(q1, q2) synchronize, the resulting configuration stipulates that pi can only
communicate with qi (for i = 1, 2) and with the environment of p (and symmetrically for
q). We can motivate this choice as follows:

• p1 can synchronize only with q1, and not with q2 (and similarly for p2), to have
CBP behave as a conservative extension of tree automata, as explained in Section
3.1.

• p1 cannot synchronize with p2 in order to obtain branching continuations in the
style of process threads.

• Last, the fact that the continuations of a prefixed process p inherit the synchro-
nization capabilities of p is inspired by the operational semantics of CCS and has
the major effect of allowing the continuations of p to communicate by means of a
common, shared, context (the context X in Fig. 1).

These restrictions on possible synchronizations are implemented by a graphical structure:
a process graph Γ is an undirected simple graph, the vertices of which are labeled by
processes. The edges of the process graph correspond to communication capabilities:
two processes can synchronize if they are located on opposite ends of an edge of this
graph. A process graph rewriting event corresponds to a synchronization that updates
the process graph according to the three principles listed above and summarized in Figure
1. The corresponding rewriting relation on process graphs is presented in Section 2.4.

Expressivity of CBP is discussed in Section 3. First we show, in Section 3.1, that
CBP is a conservative extension of tree automata, in the sense that the recognition of
a tree a by an automaton T can be expressed by the fact that a process representing
the “parallel composition” of T and (the dual of) a reduces to an idle process. We
then give an example, in Section 3.2, that illustrates the branching behavior of process
continuations that are still able to interact by means of a shared environment. This
is obtained by modeling a reader and a writer thread that have access to a common
register process. Finally we explore, in Section 3.3, the graph self-assembly capabilities
of CBP and we illustrate specifically that hexagones naturally arise from CBP rewriting,
allowing for instance to implement a ternary version of dining philosophers. We consider
this example as a local interaction based implementation of a distributed consensus,
since the main feature of this sequence of reductions, presented in Figure 3, is that no
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interaction between the philosophers is possible before the final hexagonal configuration
is reached.

The compositional semantics of CBP is introduced in Section 4. As usual, rewriting
semantics is not compositional (the semantics of a process cannot be described in terms
of the semantics of its subprocesses). Following a standard approach initiated by Milner
with CCS, we present a labeled transition system for CBP. Unlike CCS where labels
are simple letters or τ -symbols (for internal synchronizations), our labels involve also
addresses in process trees, which are the syntactic objects our LTS deals with. These
trees can be understood as process graphs enriched with further informations on the
sequential construction steps of the underlying graph structure.

Thanks to the presence of addresses in our process tree LTS, we are able to prove
in Section 5 that the two operational semantics presented in Section 2 and 4 are indeed
equivalent through a translation from process trees to process graphs.

2. The calculus CBP and its reduction semantics

In this section we introduce the calculus CBP and its reduction semantics, which is a
conservative extension of CCS [15]. This semantics describes the evolution of processes
that are distributed on the vertices of a graph whose edges enable message exchange:
two processes that are connected may interact if they communicate on complementary
function symbols. Importantly, processes that are not connected by an edge cannot
interact1.

CBP has essentially one reduction rule, which is informally described in Figure 1. The
remainder of the present section is dedicated to the formal description of the reduction
semantics, which should be understood as the specification of a distributed computation.
Looking at Figure 1 the reader may wonder whether the new wiring of the right hand
side of the reduction may be obtained by means of local rules since there are, a priori,
many edges that may appear after a reduction (in particular for the full CBP calculus
whose reduction scheme is shown on the right of Fig. 1). A solution to this problem is
presented in Section 4, where a fully compositional semantics for CBP is introduced.

2.1. Syntax

For simplicity we restrict ourselves to binary CBP, where all function symbols have
arity 2. Full CBP is obtained by relaxing this condition.

A process is a term built over the following grammar:

s ::= f(p, p) | 0 | D(f̃) | s+ s (sums)
p ::= s | (p ‖ p) | p \ H (processes)

with f ∈ F a function symbol, H ⊆ F and D(f̃) a (guarded) recursive definition with
parameters f̃ . We assume a definition set of the form Def =def

⋃
i{Di(f̃i) := si}, where

f̃i are function symbols occurring free in si (see fn function defined in Section 2.3).

1Classical CCS terms may be denoted by processes distributed on the nodes of a clique, in this
context.
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Figure 1: Binary CBP’s reduction rule (left): the nodes x and y are ready to synchronize on symbols f
and f̄ (of arity 2), and are connected by an edge. X (resp. Y ) denotes nodes in the context that are
connected to x but not y (resp. y but not x). Z denotes nodes of the context of the reduction that
are connected to both x and y. The reduction replaces nodes x and y by their continuations x1, x2 and
y1, y2. New edges connect nodes in X (resp. Y ) and Z to the continuations of x (resp. y). On the right,
the reduction scheme for n-ary functions in the full CBP.

We let P = {p, q, . . . } denote the set of process terms. We also consider the involution
.̄ : F → F that will serve to denote dual function symbols2.

Let V =def {x, y, z, . . . } be a set of vertices. A process graph Γ = (V,E, π : V → P)
is a tuple where V ⊆ V are the vertices of Γ, E ⊆ {{x, y} | x, y ∈ V } are its edges,
and π : V → P is a labeling function that maps each vertex to a process. We use
G =def {Γ,∆, . . . } to denote the set of process graphs.

2.2. Update

Computations in CBP progress in the style of classical process algebra: complemen-
tary communication symbols are consumed conjunctly and their continuation is spawned.
In the context of binary CBP, each function symbol comes with two continuation pro-
cesses. Unlike the CCS term a.(p ‖ q) that has a unique continuation p ‖ q, the CBP
term a(p, q) has two continuations that may not exchange messages in the future.3 This
is captured by a special form of substitution (described below) that substitutes a node
by two continuation nodes, while taking care of the new edges that should appear.

We introduce the update functions that will be used to bring process graphs into a
reducible form. These functions are defined respectively on V,E, π and eventually on Γ.

2Unlike CCS, self-dual function symbols, f̄ = f , are also allowed.
3However, the CCS process a.(p ‖ q) can be mimicked by the CBP process a(p ‖ q, 0), where p and q

are in the same continuation and thus are able to interact.
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For all V,E, π, with x ∈ V , x1, x2 6∈ V and p, q ∈ P:

V [x1, x2/x] =def (V \ x) ] {x1, x2}

(E ] {{z, t}})[x1, x2/x] =def {{x1, t}, {x2, t}} ] (E[x1, x2/x]) if x = z
(E ] {{z, t}})[x1, x2/x] =def {{z, t}} ] (E[x1, x2/x]) if x 6∈ {z, t}
∅[x1, x2/x] =def ∅

π[x1 : p, x2 : q/x] =def [y 7→ π(y)]y∈V \{x} + [x1 7→ p;x2 7→ q]

where π′ = π + [y 7→ p] is a labeling map with Dom(π′) = Dom(π) ] {y} and satisfying
π′(x) = π(x) for all x ∈ Dom(π) and π′(y) = p.

Definition 2.1 (Process graph update). Let Γ =def (V,E, π) and Γ′ =def (V ′, E′, π′).
We define Γ{(x1 : p, x2 : q)/x | (y1 : p′, y2 : q′)/y} = Γ′ if:

V ′ = V [x1, x2/x][y1, y2/y]
E′ = (E \ {{x, y}})[x1, x2/x][y1, y2/y] ∪ {{x1, y1}, {x2, y2}}
π′ = π[x1 : p, x2 : q/x][y1 : p′, y2 : q′/y]

Let x be a vertex and p be a process, we use {x : p} for the process graph (V,E, π)
where V = {x}, E = ∅ and π(x) = p. We say that a process graph (V,E, π) is idle if
π(x) = 0 for all x ∈ V .

2.3. Normalization

Process graph reduction can be blocked by processes that are not in a reducible form.
This is due to three factors:

• Processes of the form p ‖ q need to be distributed as two processes connected by
an edge.

• Restriction operators need to act as a fresh function symbol generators at the level
of process graphs.

• Constants need to be replaced by their definitions.

Bringing process graphs to a reducible form is the job of the normalization procedure
that we introduce now. For all p ∈ P, for all function symbols f, g ∈ F such that g does
not occur in p, we write p{g/f} for the substitution of symbol f by g in p.

We define the function fn : P → V, which yields the free names of processes, as:

fn(f(p, q)) =def {f} ∪ fn(p) ∪ fn(q)
fn(p+ q) =def fn(p) ∪ fn(q)
fn(p ‖ q) =def fn(p) ∪ fn(q)

fn(D(f̃)) =def {f ∈ f̃}
fn(0) =def ∅
fn(p \ H) =def fn(p) \ H
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and, for all process graph (V,E, π), we define fn(π) =def

⋃
x∈V fn(π(x)). Process normal-

ization Vp⊆ P × P is:

p ‖ (q \ H) Vp (p ‖ q) \ H if H ∩ fn(p) = ∅
(p \ H) ‖ q Vp (p ‖ q) \ H if H ∩ fn(q) = ∅
p \ H \ H′ Vp p \ (H ∪H′)
D(f̃) Vp s{f̃/g̃} if (D(g̃), s) ∈ Def

and is applied up-to α renaming of bound names. Normalization propagates at the level
of process graphs. For all x ∈ V :

(V,E, π + [x 7→ p])Vg (V,E, π + [x 7→ q]) if pVp q

(V,E, π + [x 7→ p \ {g} ] H]) Vg (V,E, π + [x 7→ (p{f/g}) \ H])
if f 6∈ fn(π) ∪ fn(p) ∪H

(V,E, π + [x 7→ p ‖ q])Vg (V [x1, x2/x], E[x1, x2/x], π[x1 : p, x2 : q/x])

where xi, yi 6∈ V .

Definition 2.2 (Normalized process graph). A process graph (V,E, π) is normalized if
all its nodes are either idle or labeled by a function symbol, i.e. for all x ∈ V , π(x) = 0
or π(x) = f(p, q) for some f ∈ F and p, q ∈ P.

2.4. Process graph rewriting

We are now in position to formally describe the reduction given in Fig. 1. Summation
contexts are terms with exactly one hole of the form:

S[•] =def s+ • | •+ s | •

The process graph reduction semantics is the least relation satisfying derivations (1) and
(2), for all Γ =def (V,E, π).

{x, y} ∈ E {x0, x1, y0, y1} ∩ V = ∅ π(x) = S[f(p0, p1)] π(y) = S′[f̄(q0, q1)]

Γ→{x,y} Γ{(x0 : p0, x1 : p1)/x | (y1 : q0, y1 : q1)/y} (1)

Reduction of process graphs is performed up-to normalization steps:

ΓVg ∆→{x,y} ∆′ Vg Γ′

Γ→{x,y} Γ′
(2)

We write also Γ→ Γ′ when Γ→{x,y} Γ′ for some x, y. We use →∗ for the reflexive-
transitive closure of this relation.

3. Expressivity

In this section we explore the expressivity of CBP. Although the formal treatment is
restricted to binary CBP, in writing examples we will feel free to use the full calculus
CBP. These examples can easily be encoded using the strict binary CBP, but this would
be to the cost of readability.
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3.1. Encoding tree automata

One major motivation of this work was to extend tree automata (considered from a
top-down point of view) to an interactive setting, just as CCS can be understood as a
natural interactive extension of ordinary word automata in the following sense. Given an
automaton A, it is possible to define a process PA such that, for any word w = a1 . . . ak,
the automaton A recognizes w iff the CCS process w ‖ PA reduces to 0 (where we trivially
see w as the process a1. · · · .ak.0), using the same method as in the definition of CCS
testing semantics in [7] (where one would probably have rather written w̄ ‖ PA where
w̄ = ā1. · · · .āk.0, but this is a pure matter of conventional choice in the definition of PA).
The object of this section is to prove a completely similar statement for tree automata
and CBP.

A tree automaton is a tuple T = (Q,Θ, ◦) where Q is a finite set of states, ◦ ∈
Q is a final state and Θ is a finite set of transitions. An element of Θ is a triple
(q, f, (q1, q2)) where f ∈ F and q, q1, q2 ∈ Q. For the sake of simplicity, and without
loss of expressiveness, we assume that no element of Θ has the form (◦, f, (q1, q2)) (no
transitions from the final state).

Let ∗ be a special symbol representing the empty tree. Trees are defined as follows:

a ::= ∗ | f(a, a)

where f ∈ F . We use T to denote the set of trees.
Given an automaton T = (Q,Θ, ◦) and an element q of Q, we define a set of trees

L(T, q) = Lq where (Lq)q∈Q is the smallest element of (2T)Q such that

• ∗ ∈ L◦
• if ai ∈ Lqi for i = 1, 2 and (q, f, (q1, q2)) ∈ Θ, then f(a1, a2) ∈ Lq.

The set L(T, q) is the tree language recognized by T at state q.
Given a tree a, we can define a process â in the following straightforward way: ∗̂ = 0

and ̂f(a1, a2) = f(â1, â2).
Now we explain how to associate a process with a tree automaton, so assume T =

(Q,Θ, ◦) to be a given tree automaton. Let f̃ be a repetition-free list of all names which
occur in Θ. With each q ∈ Q we associate injectively a process constant Dq. We define
a set DefT by

DefT = {Dq(f̃) :=
∑

(q,f,(q1,q2))∈Θ

f̄(Dq1(f̃), Dq2(f̃)) | q ∈ Q \ {◦}} ∪ {(D◦(f̃) := 0} .

Theorem 3.1. Let q ∈ Q and let a be a tree. Then a ∈ L(T, q) iff {x : (â ‖ Dq(f̃))} →∗
Γ0 where Γ0 is an idle process graph.

Proof. By induction on the tree a. Observe that

{x : (â ‖ Dq(f̃))}Vg Γ = ({y, z}, {{y, z}}, [y 7→ â, z 7→ Dq(f̃)]).

Assume first that a = ∗. If a ∈ L(T, q) then we have q = ◦ so that Γ is an idle process
graph. Conversely, assume that Γ→∗ Γ0 where Γ0 is idle. Since â = 0, no f/f̄ reduction
can occur in Γ and hence Γ itself must be idle, meaning that q = ◦ and hence a ∈ L(T, q).
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Assume now that a = f(a1, a2). If a ∈ L(T, q) then there must exist q1, q2 ∈ Q such
that (q, f, (q1, q2)) ∈ Θ with ai ∈ L(T, qi) for i = 1, 2. Setting

Γi = ({yi, zi}, {{yi, zi}}, [yi 7→ âi, zi 7→ Dqi(f̃)])

for i = 1, 2 (with pairwise distinct vertices zis and yis), we know by inductive hypothesis
that Γi →∗ Γi0 where the Γi0s are idle. Since (q, f, (q1, q2)) ∈ Θ we have Dq(f̃) :=

f̄(Dq1(f̃), Dq2(f̃)) + s ∈ DefT for some (possibly null) sum s. On the other hand â =
f(â1, â2). Therefore Γ→{y,z} Γ′ = ({y1, y2, z1, z2}, {{y1, z1}, {y2, z2}}, π) where π(yi) =

âi and π(zi) = Dqi(f̃) for i = 1, 2 (up to some Vg steps). Since Γi reduces to an idle
process graph for i = 1, 2, it follows that Γ′ also reduces to an idle process graph.

If now Γ →∗ Γ0 where Γ0 is idle, since â = f(â1, â2), q cannot be the final state,
and Dq(f̃) must Vg normalize (by updating the value of this constant Dq using DefT )
to a sum of the form f̄(p1, p2) + s where the pis are processes and s is a (possibly nil)
sum. In view of the definition of DefT , this means that, for some q1, q2 ∈ Q, one has
(q, f, (q1, q2)) ∈ Θ and pi = Dqi(f̃) for i = 1, 2 and moreover the reduction starting from
Γ is of the form

ΓVg ({y, z}, {{y, z}}, [y 7→ f(â1, â2), z 7→ f̄(Dq1(f̃), Dq2(f̃)) + s])
→{y,z}
({y1, y2, z1, z2}, {{y1, z1}, {y2, z2}}, [yi 7→ âi, zi 7→ Dqi(f̃)]i∈1,2)

and, calling Γ′ this latter graph process, we know that Γ′ →∗ Γ0. In view of the communi-
cations allowed by the graph structure of Γ′, this implies that Γi reduces to an idle process
graph for i = 1, 2, where Γi = ({yi, zi}, {{yi, zi}}, [yi 7→ âi, zi 7→ Dqi(f̃)]). Therefore, by
inductive hypothesis, ai ∈ L(T, qi) and hence a ∈ L(T, q) since (q, f, (q1, q2)) ∈ Θ.

3.2. Threads and shared memory

We illustrate here the fact that CBP naturally models thread-like synchronization,
using shared memory, and process-like communication by means of remote procedure
calls. We first model a simple one bit register4:

Reg0 =def r0(Reg0) + w0(Reg0) + w1(Reg1)
Reg1 =def r1(Reg1) + w0(Reg0) + w1(Reg1)

Now a thread that attempts to read or write b ∈ {0, 1} from the register is simply

Readb =def r̄b(0)
Writeb =def w̄b(0)

Eventually we consider a server that may (indefinitely) spawn pairs of threads upon
calling the function symbol sp:

Spawn =def sp(0,0,Spawn)

4Note that the encoding of the one-bit register is done in a fragment of CBP that coincides with CCS
(unary CBP).
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lnk(Reg0, Reg0)
<latexit sha1_base64="hQjEfmCKnnK2NydRiSHT0OZKqDA="></latexit><latexit sha1_base64="kjdObOheHUOSL6fI6opJ/o8sP7Y="></latexit><latexit sha1_base64="kjdObOheHUOSL6fI6opJ/o8sP7Y="></latexit><latexit sha1_base64="zEnV6CwMTX52hph945/q8zFojVY="></latexit>

lnk (sp(Read1, Write1,0), sp(Read1, Write0,0))
<latexit sha1_base64="2biVvg8Y4HWrV0w40BOVorqCOds="></latexit><latexit sha1_base64="4/jk6BOMf4+514Iz56Cxg7DxXe8="></latexit><latexit sha1_base64="4/jk6BOMf4+514Iz56Cxg7DxXe8="></latexit><latexit sha1_base64="shBjDVRa40FKF8tf0pQ+3Le4r1M="></latexit>

Spawn
<latexit sha1_base64="b5+FlpP/CP6uLxLFg12ZbsanH14="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="MY5KjyWBeFTPz5uemJkcChUOGa8="></latexit>

Spawn
<latexit sha1_base64="b5+FlpP/CP6uLxLFg12ZbsanH14="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="MY5KjyWBeFTPz5uemJkcChUOGa8="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

sp(Read1, Write1,0)
<latexit sha1_base64="Z89L7mgha2WL1+u0Pqi8S8Gb4f4="></latexit><latexit sha1_base64="/KJA1W7cFHtOuKibuMZpeNp365o="></latexit><latexit sha1_base64="/KJA1W7cFHtOuKibuMZpeNp365o="></latexit><latexit sha1_base64="qyFoZB1rmcxmSpEhrXjrc6aBF/A="></latexit>

sp(Read1, Write0,0)
<latexit sha1_base64="rHe+oYBdCFAESf22TOVNvq1qiiM="></latexit><latexit sha1_base64="9OTx+qmB4d1IN2E7h1IrmwCE990="></latexit><latexit sha1_base64="9OTx+qmB4d1IN2E7h1IrmwCE990="></latexit><latexit sha1_base64="KnkcQk/nr8vsm/5WI1Ci9XVXo3M="></latexit>

Spawn
<latexit sha1_base64="b5+FlpP/CP6uLxLFg12ZbsanH14="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="MY5KjyWBeFTPz5uemJkcChUOGa8="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

Read1
<latexit sha1_base64="fF58yHixPLwzQQNMsZKWwKdnwX0="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="0F6Cwm7/74RXuhWcaYVLop1ij8Y="></latexit>

Write1
<latexit sha1_base64="qLG2j1n4jPt147RpwjI/Hogtn4Y="></latexit><latexit sha1_base64="EkCsRQMd1me8oGIidQQqeJJ80KA="></latexit><latexit sha1_base64="EkCsRQMd1me8oGIidQQqeJJ80KA="></latexit><latexit sha1_base64="DxEk+n2W4CsBVFb2ZItNs+0peP0="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

Read1
<latexit sha1_base64="fF58yHixPLwzQQNMsZKWwKdnwX0="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="0F6Cwm7/74RXuhWcaYVLop1ij8Y="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

Reg0
<latexit sha1_base64="hvE8+YwZp+gg9DrazGpZe/VwxGE="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="o2WjQbAS0CK1J3jGCP6rfnp9754="></latexit><latexit sha1_base64="kM9ih9gr+VegD3h3mco3EbPFl5w="></latexit>

Read1
<latexit sha1_base64="fF58yHixPLwzQQNMsZKWwKdnwX0="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="0F6Cwm7/74RXuhWcaYVLop1ij8Y="></latexit>

Write1
<latexit sha1_base64="qLG2j1n4jPt147RpwjI/Hogtn4Y="></latexit><latexit sha1_base64="EkCsRQMd1me8oGIidQQqeJJ80KA="></latexit><latexit sha1_base64="EkCsRQMd1me8oGIidQQqeJJ80KA="></latexit><latexit sha1_base64="DxEk+n2W4CsBVFb2ZItNs+0peP0="></latexit>

Read1
<latexit sha1_base64="fF58yHixPLwzQQNMsZKWwKdnwX0="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="uOvoKU44ABxYf+MAPysdPLbAfjo="></latexit><latexit sha1_base64="0F6Cwm7/74RXuhWcaYVLop1ij8Y="></latexit>

Write0
<latexit sha1_base64="v41XKmNsyFUpOrX6bql+2ZGHor4="></latexit><latexit sha1_base64="tyhHbk+5OViVV6MyvBucpqtf8Sc="></latexit><latexit sha1_base64="tyhHbk+5OViVV6MyvBucpqtf8Sc="></latexit><latexit sha1_base64="J7i/adS/MRsDC17jBcfNyLlxk1g="></latexit>

*

0
<latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit>

0
<latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit>

0
<latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit>

sp(Read1, Write0,0)
<latexit sha1_base64="rHe+oYBdCFAESf22TOVNvq1qiiM="></latexit><latexit sha1_base64="9OTx+qmB4d1IN2E7h1IrmwCE990="></latexit><latexit sha1_base64="9OTx+qmB4d1IN2E7h1IrmwCE990="></latexit><latexit sha1_base64="KnkcQk/nr8vsm/5WI1Ci9XVXo3M="></latexit>

0
<latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit>

Spawn
<latexit sha1_base64="b5+FlpP/CP6uLxLFg12ZbsanH14="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="TuQu9fwYtt9NHVZKUAKJ9i+4+WE="></latexit><latexit sha1_base64="MY5KjyWBeFTPz5uemJkcChUOGa8="></latexit>

0
<latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit>0

<latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit><latexit sha1_base64="0rBsbF6ByXJx0klf4K39NFyNTY8="></latexit>

Reg1<latexit sha1_base64="moTASqOz2SQrX9Ww3SeCSB+lpBU="></latexit><latexit sha1_base64="x1x5+X2lA6q+EbZn4BT1ybXXD8s="></latexit><latexit sha1_base64="x1x5+X2lA6q+EbZn4BT1ybXXD8s="></latexit><latexit sha1_base64="c7wX9n/nqW3z5UUcU8DrrVD9leM="></latexit>

Figure 2: A computation of the threads processes (thick edges denote reduction redexes). Edges that
connect two processes that have no complementary function symbols are dotted. Idle nodes are garbage
collected.

Now consider the following process:

lnk(Reg0,Reg0) | lnk (sp(Read1,Write1,0), sp(Read1,Write0,0)) | Spawn

its computation, which is depicted in Figure 2, proceeds as follows: two pairs of reader-
writer threads are packed on the green node, guarded by two function symbols lnk and
sp. The lnk function is called at step 1, and links both packs of threads to different
registers (both initialized to 0). The first and second pairs of threads are then spawned
using the function sp at steps 2 and 3. Because the two combinations of threads do not
share the same register, and the second register does not hold the value expected by
the associated reader thread, the second combination of threads is not able to terminate
successfully.

3.3. Graph self-assembly

Consider a specification process graph Γ, which describes how a computation should
be distributed, and in particular how processes that are located on the vertices of Γ should
be topologically separated. The self-assembly challenge is to conceive of a process p (the
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implementation) that eventually produces the specification Γ, up-to garbage collection
of idle nodes, as depicted in Figure 2. We finally show that CBP is able to realize non
trivial assembly patterns.

Definition 3.1 (Convergence). A process graph Γ weakly converges to Γ′ if there exists
a trace of the form Γ→∗ Γ′. We say that Γ strongly converges to Γ′ if all traces Γ→∗ Γ′′

either factor through Γ′, or Γ′′ strongly converges to Γ′.

Definition 3.2 (Homomorphism). Let Γ =def (V,E, π) and Γ′ =def (V ′, E′, π′). A
process graph homomorphism φ : Γ→ Γ′ is an injective map φ : V ↪→ V ′ that is:

• Edge preserving : {x, y} ∈ E implies {φ(x), φ(y)} ∈ E′.

• Label preserving: π′φ(x) = π(x), for all x ∈ V .

We say that a homomorphism φ : Γ→ Γ′ is a quasi-iso if it is, in addition:

• Edge reflecting: {φ(x), φ(y)} ∈ E′ implies {x, y} ∈ E

• Full: for all x′ ∈ V ′ \ φ(V ), π′(x′) = 0.

We write Γ �φ Γ′ whenever there is a quasi-iso φ from Γ to Γ′.

Proposition 3.2. The relation ≈ =def {(Γ,Γ′) | ∃φ : Γ �φ Γ′} is a bisimulation, i.e it
is a symmetric relation that satisfies:

Γ ≈ Γ′ =⇒ ∀Γ→ Γ0,∃Γ′ → Γ1

such that Γ0 ≈ Γ1.

Definition 3.3 (Assembly). A process p (strongly or weakly) assembles into Γspec, with
Γspec =def (Vs, Es, πs), if {x : p} (strongly or weakly) converges to a graph Γ = (V,E, π)
such that Γspec �φ Γ.

For simplicity, in the following example we consider only function symbols that are
self dual, i.e f = f̄ for all f . Consider the following process definitions and the process
graph specification of the 3 dining philosophers:

P =def take(take(Eat) + put(P))
Eat =def put(put(P))
F =def take(put(F))

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

�philo3
<latexit sha1_base64="06A8QpweQrlWlkxybEX70AqkdeA="></latexit><latexit sha1_base64="XrXSsDrdskhjppwt7Q07QVlLZgw="></latexit><latexit sha1_base64="XrXSsDrdskhjppwt7Q07QVlLZgw="></latexit><latexit sha1_base64="xWHqZR+0YhcLc/JmwfppUDipFsE="></latexit>

Consider the process:

p =def g(h(P, P ), i(0, w(P ))) ‖ f(i(F,0), w(h(F, F ))) ‖ f(0, g(0,0))

Figure 3 illustrates the proof of p’s assembly into Γphilo3 . We obtain the desired
hexagon by transforming a triangle graph, which is the normalization of the process graph
{x : p}, following the reductions of Fig. 3. Importantly the reduction Γ3 → Γ4 is enforced
by symbol w which is positioned to prevent the reduction of symbol h before symbol i
that would entail weak convergence only. Without symbol w, from Γ2, one may reduce
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symbol h to reach a state where two P processes have access to a single fork each. Now
a philosopher may enter into infinite interactions with the fork by taking it and putting
it back without letting the whole process ever reach the specification graph. Strong
convergence requires that process p is able to assemble into the 3 dining philosophers in
an atomic fashion: no philosopher may start taking forks before all philosophers are able
to do so.

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit> 0

<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

w(h(F, F ))
<latexit sha1_base64="GFCnbDg9vGCPAX4Rnz3a1TH5jyk="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="3S2PctGMd6FppiCGSTE6dGk7XM4="></latexit>

h(P, P )
<latexit sha1_base64="4+IPJFiUQoLyEtruKQ+nwwuGAYo="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="7C2UeqVaVtS2PZO7qOTJzNUAeBc="></latexit>

i(F,0)
<latexit sha1_base64="LjkQEdLb9HEzieKWKBD5KzudGjw="></latexit><latexit sha1_base64="MJh6X0LGJJuEVa1ns9HyMFU2t20="></latexit><latexit sha1_base64="MJh6X0LGJJuEVa1ns9HyMFU2t20="></latexit><latexit sha1_base64="ZdQTP/RozIGM6BPSzXIT1r/CCbM="></latexit>

i(0, w(P ))
<latexit sha1_base64="WcZunIcIuYT41VwfYDS1ymDdkew="></latexit><latexit sha1_base64="EUrTloJEgsnZv3tSnL0LbW5qNwM="></latexit><latexit sha1_base64="EUrTloJEgsnZv3tSnL0LbW5qNwM="></latexit><latexit sha1_base64="u1ARl16rwNBLW9ITtea1pgZfMJY="></latexit>

i(F,0)
<latexit sha1_base64="LjkQEdLb9HEzieKWKBD5KzudGjw="></latexit><latexit sha1_base64="MJh6X0LGJJuEVa1ns9HyMFU2t20="></latexit><latexit sha1_base64="MJh6X0LGJJuEVa1ns9HyMFU2t20="></latexit><latexit sha1_base64="ZdQTP/RozIGM6BPSzXIT1r/CCbM="></latexit>

i(0, w(P ))
<latexit sha1_base64="WcZunIcIuYT41VwfYDS1ymDdkew="></latexit><latexit sha1_base64="EUrTloJEgsnZv3tSnL0LbW5qNwM="></latexit><latexit sha1_base64="EUrTloJEgsnZv3tSnL0LbW5qNwM="></latexit><latexit sha1_base64="u1ARl16rwNBLW9ITtea1pgZfMJY="></latexit>

w(h(F, F ))
<latexit sha1_base64="GFCnbDg9vGCPAX4Rnz3a1TH5jyk="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="3S2PctGMd6FppiCGSTE6dGk7XM4="></latexit>

g(h(P, P ), i(0, w(P )))
<latexit sha1_base64="s2h9wguOc7PZ5v4oZotf+4ADk6Y="></latexit><latexit sha1_base64="O1GTdHY+Fq+gM/CZOvBITypuQ9Q="></latexit><latexit sha1_base64="O1GTdHY+Fq+gM/CZOvBITypuQ9Q="></latexit><latexit sha1_base64="V7OPk8vEdYJ9bAcRR+ZJVtWelnc="></latexit>

g(0,0)
<latexit sha1_base64="JukKUJ4qqme8UXxApXOYoo0XHA4="></latexit><latexit sha1_base64="+/pBHct7twY9mxy5+cRhZl/bzo8="></latexit><latexit sha1_base64="+/pBHct7twY9mxy5+cRhZl/bzo8="></latexit><latexit sha1_base64="dm/874+2qy1BFoJL9grdvc+M6WI="></latexit>

w(h(F, F ))
<latexit sha1_base64="GFCnbDg9vGCPAX4Rnz3a1TH5jyk="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="3S2PctGMd6FppiCGSTE6dGk7XM4="></latexit>

g(h(P, P ), i(0, w(P )))
<latexit sha1_base64="s2h9wguOc7PZ5v4oZotf+4ADk6Y="></latexit><latexit sha1_base64="O1GTdHY+Fq+gM/CZOvBITypuQ9Q="></latexit><latexit sha1_base64="O1GTdHY+Fq+gM/CZOvBITypuQ9Q="></latexit><latexit sha1_base64="V7OPk8vEdYJ9bAcRR+ZJVtWelnc="></latexit>

f(0, g(0,0))
<latexit sha1_base64="F+ubZzBC8XW7HpXwu9h7M9vPf9Y="></latexit><latexit sha1_base64="WP0gg3ZVvwgw8KGLGzsaSxLfjSc="></latexit><latexit sha1_base64="WP0gg3ZVvwgw8KGLGzsaSxLfjSc="></latexit><latexit sha1_base64="YyUkIGFJAjKqAUoo40p1h323GgI="></latexit>

f(i(F,0), w(h(F, F )))
<latexit sha1_base64="z/am5vet3mmitxaihs5WuMzxzFA="></latexit><latexit sha1_base64="zmzhTpDVB6O8ICQV7oEZG+mfJ1w="></latexit><latexit sha1_base64="zmzhTpDVB6O8ICQV7oEZG+mfJ1w="></latexit><latexit sha1_base64="6fFlkonOATy8+0s7DmTNxuoFnRM="></latexit>

i(F,0)
<latexit sha1_base64="LjkQEdLb9HEzieKWKBD5KzudGjw="></latexit><latexit sha1_base64="MJh6X0LGJJuEVa1ns9HyMFU2t20="></latexit><latexit sha1_base64="MJh6X0LGJJuEVa1ns9HyMFU2t20="></latexit><latexit sha1_base64="ZdQTP/RozIGM6BPSzXIT1r/CCbM="></latexit>

h(P, P )
<latexit sha1_base64="4+IPJFiUQoLyEtruKQ+nwwuGAYo="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="7C2UeqVaVtS2PZO7qOTJzNUAeBc="></latexit>

w(h(F, F ))
<latexit sha1_base64="GFCnbDg9vGCPAX4Rnz3a1TH5jyk="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="Psrsrs/n2mgKWvMigxyI9gH9YMg="></latexit><latexit sha1_base64="3S2PctGMd6FppiCGSTE6dGk7XM4="></latexit>

h(P, P )
<latexit sha1_base64="4+IPJFiUQoLyEtruKQ+nwwuGAYo="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="7C2UeqVaVtS2PZO7qOTJzNUAeBc="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

w(P )
<latexit sha1_base64="0NHWZ7e3EVlVzk+KPasJ8j77nvA="></latexit><latexit sha1_base64="SyfP/s8T6VWsh2Dyksn49BeUO/Y="></latexit><latexit sha1_base64="SyfP/s8T6VWsh2Dyksn49BeUO/Y="></latexit><latexit sha1_base64="J42vra/V6RLyRVNqQ6p4FmTbWA4="></latexit>

h(P, P )
<latexit sha1_base64="4+IPJFiUQoLyEtruKQ+nwwuGAYo="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="cDTxgjL81JcAqYGvA7VEQ2GgwwE="></latexit><latexit sha1_base64="7C2UeqVaVtS2PZO7qOTJzNUAeBc="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

0
<latexit sha1_base64="V9EuFDAIHf5h2bifSnqQQU0CiAs="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="0BTCqzwzr5nAmobjpn8ezZRppus="></latexit><latexit sha1_base64="hJxo1P2PG3sISrTFzdminpWF/x8="></latexit>

F
<latexit sha1_base64="Bpcs/9nOzT1nn/YIUMu9+tIDD/k="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="RIxQiBqT4cI5FpoHLMVsqqAgwek="></latexit><latexit sha1_base64="hMVc5YzZoAH5K80D9cFQ7wVT3lE="></latexit>

P
<latexit sha1_base64="dgGFtsjp1brb0aiP0c8YhSbw6SY="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="LxtRkZnm7aLXUgPIJUK6Ik3i61Q="></latexit><latexit sha1_base64="Oo751FjZspTUnOEWLlPMHaNrPuM="></latexit>

h(F, F )
<latexit sha1_base64="Kukza7bHF8Uxk4LlSNxfwrp5YJM="></latexit><latexit sha1_base64="iieEH9PfZ/gQQrcudk/9APMDiEo="></latexit><latexit sha1_base64="iieEH9PfZ/gQQrcudk/9APMDiEo="></latexit><latexit sha1_base64="d4q2vn11sCrFRQtJAsdhuTUi9jg="></latexit>

�0
<latexit sha1_base64="2ht9IocxYcbAOEAqtmm4bf1sRTg="></latexit><latexit sha1_base64="sVgwNN8EEiWhznleYBHhQYhB1e4="></latexit><latexit sha1_base64="sVgwNN8EEiWhznleYBHhQYhB1e4="></latexit><latexit sha1_base64="yjtPw06eK/RC5SxDxtQuzFjMbPQ="></latexit>

�1
<latexit sha1_base64="5gm0dhDdmHq1DNM6fsPNsIrYbnM="></latexit><latexit sha1_base64="a4M4fUS0iH6nL1/l3XMeHFWITOI="></latexit><latexit sha1_base64="a4M4fUS0iH6nL1/l3XMeHFWITOI="></latexit><latexit sha1_base64="aVsnAInoRE5brJEmlqAEA9U5thY="></latexit>

�2
<latexit sha1_base64="gcA1qdPSvuTzTtkm/PBDqcVLOw0="></latexit><latexit sha1_base64="HSAoR5oh+T4loRR7WGl9MFSaxig="></latexit><latexit sha1_base64="HSAoR5oh+T4loRR7WGl9MFSaxig="></latexit><latexit sha1_base64="LQNPDJOJr9ay4FwEPM7iGw8NwBY="></latexit>

�2
<latexit sha1_base64="gcA1qdPSvuTzTtkm/PBDqcVLOw0="></latexit><latexit sha1_base64="HSAoR5oh+T4loRR7WGl9MFSaxig="></latexit><latexit sha1_base64="HSAoR5oh+T4loRR7WGl9MFSaxig="></latexit><latexit sha1_base64="LQNPDJOJr9ay4FwEPM7iGw8NwBY="></latexit>

�3
<latexit sha1_base64="UH33cney454zcqxqfbe3mVS2kRY="></latexit><latexit sha1_base64="YpmbrY7QypCuDDOF1//yAVVbrdc="></latexit><latexit sha1_base64="YpmbrY7QypCuDDOF1//yAVVbrdc="></latexit><latexit sha1_base64="fmvIcr8AhBD6rC16XuS11BbloxY="></latexit>

�4
<latexit sha1_base64="qG4U1Q1XYyoXCqf6dN2ui526i0A="></latexit><latexit sha1_base64="aaetihn46YITewx5CF48Io5X7jQ="></latexit><latexit sha1_base64="aaetihn46YITewx5CF48Io5X7jQ="></latexit><latexit sha1_base64="p+HKGHq4bmQ3Wtklr8Q0tZ6FmBc="></latexit>

�
<latexit sha1_base64="qjHdbJJfspBZv6gziX+BWD40e6Y="></latexit><latexit sha1_base64="k7iumWwTjrhhALzjcYIF7eK15/o="></latexit><latexit sha1_base64="k7iumWwTjrhhALzjcYIF7eK15/o="></latexit><latexit sha1_base64="S7Kx765vgxwpvbGcDqaYsQi82Sc="></latexit>

Figure 3: Proof of the assembly of p into the 3-dining philosophers. Nodes labeled with a nil process as
well as edges connecting to them are faded out. Reductions are applied modulo quasi-iso.

4. Compositional semantics

In this section, we introduce a labeled transition system (LTS) for CBP. It relies on
a localization of top-level function symbols using a form of locality [5, 6] or proof terms
[3, 4]. The main idea behind the LTS is to “freeze” a process graph Γ into a tree t whose
leaves correspond to nodes of Γ, and whose remaining nodes contain information allowing
one to decide whether the leaves of the sub-tree are connected. The correspondence
between CBP trees and CBP graphs is depicted in Figure 4. We formally address this
correspondence in Section 5.

4.1. Syntax

Along with CBP processes, defined in Section 2:

s ::= f(p, p) | 0 | D(f̃) | s+ s
p ::= s | (p ‖ p) | p \ H

we introduce CBP process trees, which provide an algebraic representation of graphs

t ::= p | (t ⊕A t) | t \ H
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f(p0, q0)
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

f̄(p00, q
0
0)

<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

ḡ(p1, q1)
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

g(p01, q
0
1)

<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

(01,10)

(0,1) (0,1)

⌧
<latexit sha1_base64="Rhg69/goBp0n/cDFGzruZktrJB4="></latexit><latexit sha1_base64="pMAlkRRqwuUMfW3Zu6F9Zz+hgvI="></latexit><latexit sha1_base64="pMAlkRRqwuUMfW3Zu6F9Zz+hgvI="></latexit><latexit sha1_base64="ux+aGNdK1LoSEjJlTFx0W0xkffI="></latexit>

(00,01)

(01,10)(00,10)
(01,11)

(0,1)

p0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

p00
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q00
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

ḡ(p1, q1)
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

g(p01, q
0
1)

<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

(01,10)

(00,10)
(01,11)

p0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

p00
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q00
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

p1
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q1
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

p01<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q01<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

⌧
<latexit sha1_base64="Rhg69/goBp0n/cDFGzruZktrJB4="></latexit><latexit sha1_base64="pMAlkRRqwuUMfW3Zu6F9Zz+hgvI="></latexit><latexit sha1_base64="pMAlkRRqwuUMfW3Zu6F9Zz+hgvI="></latexit><latexit sha1_base64="ux+aGNdK1LoSEjJlTFx0W0xkffI="></latexit>

(10,11)

(00,10)
(01,11)

t0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

t1
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

t2
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

(01,10)
(00,10)
(01,11) (0,1)

p0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

p00
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

q00
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

ḡ(p1, q1)
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

g(p01, q
0
1)

<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

�0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit> �1

<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

t1
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

�1
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

�2
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

t
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

t0
<latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit><latexit sha1_base64="(null)">(null)</latexit>

Figure 4: Representation of CBP graphs (Γ0,Γ1 and Γ2) as trees (t0, t1 and t2). Each leaf of the process
tree ti contains a different vertex of the process graph Γi (for i ∈ {0, 1, 2}). Roots of (sub)trees are
labeled by a list of pairs of addresses (in the example: the blue, red and green rectangles, subtrees
labeled by the empty list are pictured unlabeled). Addresses in these pairs are relative to the position of
the root containing the list: 0 stands for the left subtree and 1 stands for the right subtree. The process
graph Γi denoted by the process tree ti is obtained by adding edges connecting two leaves (dotted in
the picture) as indicated by the lists of address pairs in the root above them. For instance, the red
router of process tree t2, associates address 01 to address 10, which point respectively to the subtrees
t = p′0 ⊕ q′0 and t′ = p1 ⊕ q1. This implies that all leaves of t and t′ should be pairwise connected in
the corresponding process graph Γ2. Note that the leaves labeled by p1 and q1 in Γ2 are not connected
since the subtree t′ is labeled by the empty list.

where A ∈ 2({0,1}+×{0,1}+). We use T to denote the set of process trees generated by
non terminal symbol t. As presented in Fig 4, operators ⊕A, that we call routers, act
as “regulators” for communication. In the tree t0 ⊕A t1, a function symbol originating
from the subtree t0 will only be able to synchronize with a dual symbol in t1 if the table
A allows them to do so. Router table A is updated upon synchronization between t0 and
t1 as shown in the next section.

In the meantime we introduce an important function that allows one to unfold a leaf
labeled with p ‖ q into a tree. To do so, process trees are equipped with a distribution
function, dist : P → T and that is defined as:

dist(s) =def s
dist(p ‖ p′) =def p ⊕{(0,1)} p′

dist(p \ H) =def p \ H

4.2. Router update

We consider addresses (meta-variables i, j, k, . . . ), which are words over the alphabet
{0, 1}. For all addresses i, j, we write i ≤ j if j = i.k for some address k (j is more
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precise than i).
For all X ∈ 2{0,1}

∗
we define ↑X =def {i ∈ {0, 1}∗ | ∃j ∈ X : j ≤ i}. Similarly, we use

↓X to denote the set of addresses that are less precise than those in X.
For all A ∈ 2({0,1}+×{0,1}+), the set of edges denoted by A is

E(A) =def {(i, j) | ∃(i′, j′) ∈ A : i ∈ ↑{i′} ∧ j ∈ ↑{j′}}

After a synchronization has occurred, the table A needs to be updated to take into
account the change in the topology of permissible communications, as specified in Fig. 1.
We turn now to the formal description of this router update mechanism. For all I ∈
2{0,1}

∗
and b ∈ {0, 1}, we use the meta operation b · I defined as b · I =def {b.i | i ∈ I}.

For all b ∈ {0, 1} we write ¬b to denote (1− b). We define .̄ : {0, 1}∗ → 2{0,1}
∗

as:

ε =def ∅
b.i =def {¬b} ∪ b · i

For all i′ ≤ i we define i′ � i as:

ε � i =def i
b.i′ � b.i =def b · (i′ � i)

We leave i � j undefined if i 6≤ j.

Lemma 4.1. For all i ≤ j, ↑(i � j) = ↑{i} \ ↑{j}.

For instance, 10 � 1011 =def 10 · {0, 10}, which is {100, 1010}, and ↑{100, 1010} contains all
addresses above 10 that are not above 1011.

For all i ∈ {0, 1}∗ and all I ⊆ ↓{i}, we write I � i for
⋃
i′∈I i

′ � i. Now, consider a set

A ∈ 2({0,1}∗×{0,1}∗) and two addresses i, j ∈ {0, 1}∗ and let

IA =def {i′ ∈ {0, 1}∗ | ∃k : (i′, k) ∈ A ∧ i′ ≤ i}
JA =def {j′ ∈ {0, 1}∗ | ∃k : (k, j′) ∈ A ∧ j′ ≤ j}

One defines:

δi,j(A) =def A \ (↓{i} × ↓{j}) ∪ (IA × (JA � j) ∪ (IA � i)× JA)

Theorem 4.2. The effect of δi,j(A) is to prevent all synchronizations between localities
that are more precise than (i, j) and to preserve all other previously possible communi-
cations, i.e.:

E(δi,j(A)) = E(A) \ E({i, j})

Definition 4.1 (Router update). For all i, j ∈ {0, 1}∗, the router update is:

upd(A, i, j) =def δi,j(A) ∪ {(i.0, j.0), (i.1, j.1)}

Corollary. For all A ∈ 2{0,1}
∗×{0,1}∗ and i, j ∈ {0, 1}∗:

E(upd(A, i, j)) = (E(A) \ E({i, j})) ∪ E({(i.0, j.0), (i.1, j.1)})

13



4.3. labeled transition system

Let α ∈ F ∪ {τ} and θ ∈ {0, 1}∗ + ({0, 1}∗ × {0, 1}∗). For all (i, j), let b · (i, j) =def

(b.i, b.j). The compositional semantics of CBP is induced by the following derivations:

f(p1, p2)
ε:f−→ p1 ⊕∅ p2

(act)

(sum− left)
s1

ε:f−→ t

s1 + s2
ε:f−→ t

s2
ε:f−→ t

s1 + s2
ε:f−→ t

(sum− right)

s
ε:f−→ t (D(h̃) := s{h̃/g̃}) ∈ Def

D(g̃)
ε:f−→ t

(link)

t0
i:f−→ t′0 t1

j:f̄−→ t′1 (0.i, 1.j) ∈ E(A) B = upd(A, 0.i, 1.j)

t0 ⊕A t1
(0.i,1.j):τ−→ t′0 ⊕B t′1

(synch)

(res)
t
θ:α−→ t′ α 6∈ H ∪ H
t \ H θ:α−→ t′ \ H

dist(p)
θ:α−→ t′

p
θ:α−→ t′

(dist)

t
θ:α−→ t′

t ⊕A t′′ 0·θ:α−→ t′ ⊕A t′′
(par − left)

t
θ:α−→ t′

t′′ ⊕A t 1·θ:α−→ t′′ ⊕A t′
(par − right)

5. Correctness of the labeled transition system

This section is dedicated to the proof of correctness of the LTS semantics of CBP
introduced in Section 4. In Section 5.1 we show that any rigid process tree t can “thaw”
into a process graph Γ. This “thawing” relation is defined by induction on the structure
of t and produces eventually a bijective map that associates leaves of t to nodes of Γ.
Theorem 5.1 then formalizes the correctness of the LTS as a bisimulation between the
τ -transitions of CBP trees and the reductions that can be triggered from their thawed
versions. The (main parts of the) proof of the theorem is split into Section 5.2, where
we show that reductions can simulate the LTS, and Section 5.3 where the LTS is shown
to simulate the reductions.

5.1. Thawing trees into graphs

For all t ∈ T define |t| ⊆ 2{0,1}
∗

as:

|p| =def {ε} |t ⊕A t′| =def 0 · |t| ∪ 1 · |t′|

We define the thaw relation t  φ (V,E, π), where φ is a bijective map φ : |t| → V , as
the least relation satisfying:

p [ε 7→x] {x : p} (3)

t \ H φ Γ fresh(g)

t \ (f ]H) φ (V,E, π{g/f}) (4)

14



t0  φ0
(V0, E0, π0) t1  φ1

(V1, E1, π1) ∀i ∈ |t0| ∪ |t1|,∀b ∈ {0, 1} : φ(b.i) = φb(i)

t0 ⊕A t1  φ (V0 ] V1, E0 ] E1 ] EA, π0 + π1)
(5)

with:
EA =def {{x, y} ∈ V0 × V1 |

(
0 · (φ−1

0 (x)), 1 · (φ−1
1 (y))

)
∈ E(A)}

Theorem 5.1. The relation:

∼ =def {(t,Γ) | ∃φ : t φ Γ}

is a bisimulation between process graphs reductions, and τ -transitions of process trees,
i.e. for all φ, there exists a ψ that satisfies the following diagrams:

t
∀(i,j):τ //

φ

��

t′

ψ

��
Γ

{φ(i),φ(j)}
// Γ′

t
(φ−1(x),φ−1(y)):τ //

φ

��

t′

ψ

��
Γ

∀{x,y}
// Γ′

5.2. Process graph reductions simulate τ -transitions

Structural congruence for processes≡p⊆ P×P is defined as≡p =def

(
Vp ∪V−1

p ∪
.
=p

)
where:

s+ s′
.
=p s′ + s

(s+ s′) + s′′
.
=p s+ (s′ + s′′)

s+ 0
.
=p s

and structural congruence for process graphs is ≡g =def

(
Vg ∪V−1

g ∪
.
=g

)
with:

(V,E, π)
.
=g (V,E, π{g/f}) if g 6∈ fn(π)

(V ∪ {x}, E, π + [x 7→ p])
.
=g (V ∪ {x}, E, π + [x 7→ q]) if p ≡p q

Lemma 5.2. ≡g is a bisimulation for process graph reduction semantics.

The above lemma insures that it is safe to consider process graphs up-to consistent
substitution of function symbols. There is an equivalent proposition for process trees:

Definition 5.1. Consider Vα⊆ T × T that is the least relation satisfying:

t0 Vα t
′
0 t1 Vα t

′
1

t0 ⊕A t1 Vα t′0 ⊕A t′1
t′ = t{g/f} fresh(g)

t \ ({f} ] H)Vα t′ \ H
Lemma 5.3. The relation Vα is a bisimulation for CBP’s labeled transition system.

This lemma allows us to consider terms of CBP with restrictions occurring exclusively
inside recursive definition bodies and to safely erase them upon definition unfolding. Note
that this procedure is not needed for the operational semantics but simplifies greatly the
proofs.

Definition 5.2. Let t a process tree. For all i ∈ ↓ |t|, we define t@i by induction on i:

t@ε =def t
(t ⊕A t′)@0.i =def t@i
(t ⊕A t′)@1.i =def t′@i
p@b.i undefined for all b ∈ {0, 1}

15



Lemma 5.4. For all transition t
i:f−→ t′, there exist p0, p1 ∈ P such that t@i ≡p

f(p0, p1) + s for some (possibly null) s.

Lemma 5.5. Let t φ Γ =def (V,E, π). For all i ∈ |t|, if t@i = p then π ◦ φ(i) = p.

Lemma 5.6. For all process tree t and process graph Γ =def (V,E, π), the following
derivation holds ∀b ∈ {0, 1}:{

t
i:f−→ t′

t φ Γ
xb 6∈ V Γ′ ≡g Γ

{
∀j ∈ |t′| \ ↑{i} : ψ(j) = φ(j)
ψ(i.b) = xb else

t′  ψ Γ′ [x0 : t′@i.0, x1 : t′@i.1/φ(i)]

Theorem 5.1, left diagram. We wish to show:

t
(i,j):τ−→ t′ ∧ t φ Γ =⇒ ∃Γ′, ψ : Γ→{φ(i),φ(j)} Γ′ ∧ t′  ψ Γ′

We proceed by induction on the derivation of the τ -transition.

• Base case is t
(0.i,1.j):τ−→ t′, for some i, j ∈ {0, 1}∗, by application of rule (synch). We

have:

t0
i:f−→ t′0 t1

j:f̄−→ t′1 (0.i, 1.j) ∈ E(A) B = upd(0.i,1.j)(A)

t = t0 ⊕A t1
(0.i,1.j):τ−→ t′0 ⊕B t′1 = t′

(6)

Since t φ Γ we can use derivation (5) to deduce:

t0  φ0
(V0, E0, π0) t1  φ1

(V1, E1, π1)

for some Vi, Ei, πi satisfying Γ = (V0 ] V1, E0 ]E1 ]EA, π). We apply Lemma 5.4,
to the premises of derivation (6) and we obtain:

t0@i ≡p f(p0, p1) + s t1@j ≡p f̄(p′0, p
′
1) + s′

We apply Lemma 5.5 to deduce π0 ◦ φ0(i) ≡p f(p0, p1) + s and π1 ◦ φ1(j) ≡p

f̄(p′0, p
′
1) + s′. Now according to the premises of derivation (5), φ(0.i) = φ0(i) and

φ(1.j) = φ1(j). Hence we have:

π ◦ φ(0.i) ≡p f(p0, p1) + s π ◦ φ(1.j) ≡p f̄(p′0, p
′
1) + s′

Since φ0(i) ∈ V0 and φ1(j) ∈ V1 and V = V0]V1 we have φ(0.i) ∈ V and φ(1.j) ∈ V .
It remains to verify that φ(0.i) and φ(1.j) are connected in Γ. The only possibility
is to verify that {φ(0.i), φ(1.j)} ∈ EA. It is indeed the case if:(

0 · φ−1
0 (φ(0.i)), 1 · φ−1

1 (φ(1.j))
)
∈ E(A)

which is equivalent to:(
0 · φ−1

0 (φ0(i)), 1 · φ−1
1 (φ1(j))

)
∈ E(A)

and reduces to (0.i, 1.j) ∈ E(A) which holds by the premises of derivation (6). We
can conclude that Γ→{φ(0.i),φ(1.j)} Γ′ since all preconditions to trigger a reduction
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of the process graph Γ hold. It remains to verify that t′ = t′0 ⊕B t′1  ψ Γ′ for some
ψ. We apply Lemma 5.6 to the premises of

t0
i:f−→ t′0 t1

j:f̄−→ t′1

t0 ⊕A t1 0.i,1.j:τ−→ t′0 ⊕B t′1

and derivation (5) applied to t0 ⊕A t1  φ Γ, and we obtain t′0  φ′0
Γ′0 and t′1  φ′1

Γ′1. Let Γ′b = (V ′b , E
′
b, π
′
b). We apply derivation (5) to deduce t′0 ⊕B t′1  ψ Γ′ with

Γ′ = (V ′0 ] V ′1 , E′0 ] E′1 ] EB , π′0 + π′1).

• We conclude by applying a straightforward induction for the contextual rules in
the particular case of a τ -transition.

5.3. τ -transitions simulate process graph reductions

In order to prove the right diagram of Theorem 5.1 we need a couple of definitions
and lemmas.

Definition 5.3 (dist-normal form). We define the dist-normalization function dnf : T →
T as:

dnf(t ⊕A t′) =def dnf(t) ⊕A dnf(t′) dnf(t \ H) =def dnf(t) \ H
dnf(0) =def 0 dnf(p) =def dist(p)

Note that dnf(t) returns after exactly |t| calls to dist.

Lemma 5.7. Let D=def {(t, t′) | dnf(t) = dnf(t′)}. The relation D is a bisimulation for
CBP’s labeled transition system.

Lemma 5.8. For all Γ,Γ′ ∈ G and all t ∈ T satisfying ΓVg Γ′ and t φ Γ, there exists
ψ such that dnf(t) ψ Γ′.

Lemma 5.9. For all t and Γ = (V,E, π), the following derivation holds:

t φ Γ x ∈ V π(x) ≡p f(p, q) + s i = φ−1(x)

t
i:f−→ t′  ψ Γ[x0 : p, x1 : q/x]

for some ψ : |t′| → V .

We have now everything in place to prove the final part of the theorem.

Theorem 5.1, right diagram. We need to show

t φ Γ ∧ Γ→{x,y} Γ′ ∧ i = φ−1(x) ∧ j = φ−1(y) =⇒ t
(i,j):τ−→ t′  ψ Γ′ (7)

We prove this derivation by induction on the derivation of the reduction Γ→{x,y} Γ′.

• Suppose Γ →{x,y} Γ′ by application of reduction rule (1). We show statement (7)
by induction on the derivation of t φ Γ.

– Base case: if t = p then no reduction is possible from Γ through reduction
rule (1).
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– Suppose t = t0 ⊕A t1  φ Γ. By derivation (5) we have t0  φ0 Γ0 and
t1  φ1 Γ1. If x ∈ V0 and y ∈ V1 then we can apply Lemma 5.9, rule (synch)
and derivation (5) to obtain the derivation:

t0  φ0 Γ0 π0(x) = f(p, q) + s

t0
i:f−→ t′0  φ′0

Γ0[x0 : p, x1 : q/x]

t1  φ1 Γ1 π1(y) = f̄(p′, q′) + s′

t1
j:f̄−→ t′1  φ′1

Γ1[y0 : p′, y1 : q′/y]

t0 ⊕A t1
(i,j):τ−→ t′0 ⊕B t′1  ψ Γ′′

with Γ′′ = (V ′′, E′′, π′′) with

V ′′ = V0[x0, x1/x] ] V1[y0, y1/y]
E′′ = E0[x0, x1/x] ] E1[y0, y1/y] ] EB
π′′ = π0[x0 : p, x1 : q/x] + π1[y0 : p′, y1 : q′/y]

We have t′ = t′0 ⊕B t′1 and by derivation (5) we have:

EB =def

{
{x′, y′} ∈ V ′0 × V ′1 |

(
0 · (φ′−1

0 (x′)), 1 · (φ′−1
1 (y′))

)
∈ E(B)

}
with V ′0 = V0[x0, x1/x] and V ′1 = V1[y0, y1/y].

Now, CBP reduction rule (1) produces Γ′ =def (V ′, E′, π′), where according
to Def. 2.1:

V ′ =def V [x0, x1/x][y0, y1/y]
E′ =def (E \ {{x, y}})[x̃i/x][ỹi/y] ∪ {{x0, y0}, {x1, y1}}
π′ =def π �(V \ {x, y}) + [x0 7→ p;x1 7→ q; y0 7→ p′; y1 7→ q′]

We have V ′′ = V ′ and π′′ = π′. It remains to verify that E′′ = E′. We
decompose E = E0 ] E1 ] E01 where E01 = {{z, t} ∈ V0 × V1 | {z, t} ∈ E}.
Now we deduce:

E \ {{x, y}} = (E0 ] E1 ] E01) \ {{x, y}} = E0 ] E1 ] (E01 \ {{x, y}})

since x ∈ V0 and y ∈ V1. We have:

E′ = (E0 ] E1 ] (E01 \ {{x, y}}))[x̃i/x][ỹi/y] ∪ {{x0, y0}, {x1, y1}}
= E0[x̃i/x] ] E1[ỹi/y] ] (E01 \ {{x, y}} ∪ {{x0, y0}, {x1, y1}})

Since E01 \ {{x, y}} ∪ {{x0, y0}, {x1, y1}} = EB we conclude that E′ = E′′

and hence Γ′ = Γ′′.

• Suppose Γ →{x,y} Γ′ by application of the reduction rule (2). We summarize the
inductive step in the diagram below.

Γ
Vg // ∆

{x,y} // ∆′
Vg // Γ′

Eq. (2)

Γ
{x,y} // Γ′

t

φ

OO

Lem. 5.8
dnf(t)

ψ

OO

H.R

ψ−1(x),ψ−1(y) // t′
Lem. 5.8

ψ′

OO

dnf(t′)

φ′

OO
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We conclude that t
i,j:τ−→ t′, for i = ψ−1(x) and j = ψ−1(y), by Lemma 5.7. Since

ψ(i) = φ(i) for all i in |t|, this terminates the proof.

6. Conclusion

We have introduced CBP, a calculus of branching processes, which is a generalization
of CCS with branching continuations. Importantly, CBP is not conceived as an ad
hoc calculus aiming at capturing a particular feature of concurrent systems. Yet, this
arguably natural generalization of CCS provides powerful means to model a combination
of distribution, thanks to non trivial communication graphs, and synchronization. Several
theoretical investigations are suggested by the present work:

• A structural theory for process graphs. As pointed out in Section 3 we lack a theory
of reachable process graphs in order to establish expressivity results. Being able
to characterize whether a graph Γ can be obtained by successive reductions from
a clique would characterize precisely which specification graphs are amenable to
assembly from a purely local initial process.

• Self-assembly. More generally, techniques to produce a CBP implementation that
converges to a specification need to be formally established. We conjecture that
unlabeled process graph reductions, where one is interested in the assembly of a
particular graph, without considering the way nodes are labeled, should play an
important role. Also given weak convergence between {x : p} and Γ, it would
be interesting to establish under which conditions one may automatically obtain
strong convergence, by transformation of p.

• Other classes of automata. Following the CBP approach, one may wonder what
class of concurrent systems corresponds to other types of communicating automata.
In particular, possible connections with pushdown automata [2] and final state
machines [8] would be worth studying.

• Behavioral equivalences. CBP is a localized process calculus. Locality aware bisim-
ulations [5, 1] should naturally provide tools to compare branching processes.
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Appendix

Missing proofs of important lemmas are listed here.

Lemma 5.4. By induction on the derivation of t
i:f−→ t′

• (act) we have t@ε = f(p0, p1) which is readily of the desired form.

• (sum-left) by induction hypothesis, we have s1@ε ≡p f(p0, p1)+s so t = (f(p0, p1)+
s) + s2 and t ≡p f(p0, p1) + (s+ s2), which is in the desired form. The symmetric
argument applies for (sum-right).

• (link) we have t@ε = D(g̃). Since Def contains only guarded sums, we have D(g̃) ≡p

f(p0, p1) + s and one proceeds as before.

• (dist) The interesting case is whenever p =def p0 ‖ p1. We have dist(p) = p0 ⊕{(0,1)}

p1 and dist(p)
i:f−→ t.

– Suppose i = 0.i′ for some i′. The only rule that has:

p0 ⊕{(0,1)} p1
0.i′:f−→ t

in its conclusion is (par − left). Therefore we have p0
i′:f−→ t0 (by the premises

of the rule) and t = t0 ⊕{(0,1)} p1. By induction hypothesis we have p0@i′ ≡p

f(p′, q′)+s. One deduces that dist(p)@0.i′ ≡p f(p′, q′)+s or written otherwise
dist(p)@i ≡p f(p′, q′) + s, which is the desired form.

– The case i = 1.i′ for some i′ is treated likewise using the (par − right) rule.

– The case where i = ε is not applicable because no rule having t ⊕A t′ on the
left hand side has label with an ε address.

• (synch) This rule may not produce a transition of the correct form.

• (par-left,par-right) one applies induction hypothesis on the premises of the rules.

Lemma 5.6. We proceed by induction on the derivation of t
i:f−→ t′.

• Case (act). We have t = f(p0, p1) and Γ = ({x}, ∅, [x 7→ f(p0, p1)]), and φ = [ε 7→
x], by derivation (3). Furthermore, we have t′ = p0 ⊕∅ p1 and for all b ∈ {0, 1}, by
derivation (3), we have pb  φb

Γb with Γb = ({xb}, ∅, [xb 7→ qb]) for some qb ≡p pb,
and with φb = [ε 7→ xb]. W.l.o.g we suppose x0 6= x1. We apply derivation (5) to
deduce:

p0 ⊕∅ p1  ψ ({x0, x1}, ∅, [x0 7→ q0;x1 7→ q1]) ≡g Γ[x0 : p0, x1 : p1/x]

since qb ≡p pb.

• Cases (sum-left/right). We have t = s0+s1  φ Γ and we apply induction hypothesis

to s0
i:f−→ t′ (resp. s1

i:f−→ t′) to obtain t′  ψ Γ[x0, x1/φ(i)].
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• Case (link). By derivation (3), we have Γ = ({x}, ∅, [x 7→ D(g̃)]) and φ = [ε 7→ x].

Following the (link) rule, D(g̃)
i:f−→ t′ is derivable if (D(g̃), s) ∈ Def (modulo proper

renaming) and s
i:f−→ t′ (i). Now because s is a sum, we have s  φ′ Γ′ =def

({x}, ∅, [x 7→ s′]) (ii) with s ≡p s′. We apply induction on (i) and (ii) to deduce
t′  ψ Γ′[x0, x1/x

′] and we can conclude since:

Γ =def ({x}, ∅, [x 7→ D(g̃)]) ≡g ({x}, ∅, [x 7→ s′]) =def Γ′

• Case (dist). The interesting case is when p = p0 ‖ p1. By derivation (3), we have
Γ = ({x}, ∅, [x 7→ p0 ‖ p1]), and φ = [ε 7→ x]. Furthermore we have dist(p) =def

p0 ⊕{(0,1)} p1
i:f−→ t′ and i = b.i′ for some address i′ and some b ∈ {0, 1}.

Applying derivation (5) and derivation (3), we have:

dist(p) φ′ ({x, y}, {{x, y}}, [x 7→ q0; y 7→ q1]) =def Γ′

with qb ≡p pb.

– Suppose i = 0.i′. We apply inductive step to deduce:

t′  ψ ({x0, x1, y}, {{x0, y}, {x1, y}}, [xb 7→ t′@i.b; y 7→ q1]) =def Γ′′

Since Γ′′ = Γ′[x0, x1/x] and Γ′ ≡g Γ we may conclude.

– The case i = 1.i′ follows a symmetric argument.

• Cases (par-left/right). Let t = t0 ⊕A t1 0.i′:f−→ t′0 ⊕A t1. By the premises of (par-left)

and derivation (5) we have t0
i′:f−→ t′0 and tb  φb

Γb for all b ∈ {0, 1}. We apply
induction hypothesis to deduce:

t′0  ψ Γ′0[x0 : t′0@i′.0, x1 : t′0@i′.1/φ0(i′)]

with Γ′0 ≡g Γ0.

Let pb = t′0@i′.b and Γ′0[x0 : p0, x1 : p1/φ0(i′)] = (V ′0 , E
′
0, π
′
0). We use the fact that

t1  φ1
Γ1 =def (V1, E1, π1) to obtain, thanks to derivation (5):

t′0 ⊕A t1  ψ (V ′0 ] V1, E
′
0 ] E1 ] EA, π′0 + π1) =def Γ′

We verify now that Γ′ ≡g Γ[x0, x1/φ(i)]. Since t = t0 ⊕A t1 we know, by
derivation (5) that Γ = (V0 ] V1, E0 ] E1, π0). Since V ′0 is the set of vertices
of Γ′0[x0 : p0, x1 : p1/φ0(i′)] with Γ′0 ≡g Γ0 we have:

V ′0 = V0[x0, x1/φ0(i′)]
E′0 = E0[x0, x1/φ0(i′)]
π′0 = π0[x0 : t′0@i′.0, x1 : t′0@i′.1/φ0(i′)]

Since φ0(i′) = φ(0.i′) = φ(i) and t′0@i′.b = (t′0 ⊕A t1)@0.i′.b = t′@i.b we can
conclude.

• The case (res) is straightforward.
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Lemma 5.9. By induction on the derivation of t φ Γ.

• Base case is t = f(p, q) + s  φ Γ = ({x}, ∅, [x 7→ f(p, q) + s]). By rule (act),

t
ε:f−→ p ⊕∅ q. We apply derivation (3) to construct p  φ0

({x0}, ∅, [x0 7→ p]) and
q  φ1

({x1}, ∅, [x1 7→ q]). By derivation (5) we build p ⊕∅ q  φ ({x0, x1}, ∅, [x0 7→
p;x1 7→ q]) =def Γ′. We can conclude since Γ′ = Γ[x0 : p, x1 : q/x].

• In the inductive step one assumes t = t0 ⊕A t1  φ Γ and for all b ∈ {0, 1},
tb  φb

Γb. Since V =def V0 ] V1, x is either in Γ0 or Γ1. W.l.o.g., suppose x ∈ Γ0.
We can derive by induction hypothesis:

t0  φ0
Γ0 π0(x) = π(x) = f(p, q) + s i = φ−1

0 (x)

t0
i:f−→ t′0  ψ0

Γ0[x0 : p, x1 : q/x] =def Γ′0

By rule (par-left), we derive:

t0
i:f−→ t′0

t = t0 ⊕A t1 0.i:f−→ t′0 ⊕A t1 = t′

Additionally, for derivation (5) we derive:

t′0  ψ0
Γ′0 t1  φ1

Γ1

t′  ψ′ (V ′0 ] V1, E′0 ] E1 ] EA, π′0 + π1) =def Γ′

with, for all i ∈ |t′|, ψ′(0.i) = ψ0(i) and ψ′(1.i) = φ1(i).

It remains to verify that Γ′ = Γ[x0 : p, x1 : q/x]. By definition of the substitution
operation we have:

V ′0 = V0[x0, x1/x]
E′0 = E0[x0, x1/x]
π′0 = π0[x0 : p, x1 : q/x]

Since Γ = (V0]V1, E0]E1]EA, π0 +π1) and x ∈ V0 we do have Γ′ = Γ[x0 : p, x1 :
q/x].
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