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Abstract

Full Waveform Inversion (FWI) is an iterative inversion method whose purpose is to retrieve
high-resolution models of subsurface physical parameters. Because FWI relies on the solution of a
non-linear ill-posed inverse problem, uncertainty estimation is a crucial issue in practical applications,
both in seismology and exploration seismic. While uncertainty assessment is a strongly desired feature
for FWI, it remains a challenging problem. In this presentation, we investigate uncertainty estimation
within the framework provided by ensemble data-assimilation strategies. We combine the Ensemble
Transform Kalman Filter and FWI. We review the concepts underlying our ETKF-FWI method,
discuss its limitations and appeals for uncertainty estimation, and illustrate it on a 2D multiparameter
inversion of an exploration scale field dataset.



Abstract

Full Waveform Inversion (FWI) is an iterative inversion method whose purpose is to retrieve high-
resolution models of subsurface physical parameters (Virieux and Operto, 2009; Virieux et al., 2017). It
relies on the minimization of the misfit between observed and synthetic waveforms computed through
wave propagation modeling. The solution of this inverse problem is expected to provide high-resolution
estimates of the subsurface parameters, up to half the smallest wavelength of the propagated signal
in the diffraction tomography theory. For this reason, FWI has been broadly adopted for exploration
geophysics and academic tomography applications from regional to global scale. However, FWI is a
non-linear ill-posed inverse problem, and the uncertainty on the numerically estimated solution is high. In
particular, it can depend heavily on specific tunings such as initial model design, model parameterization,
hyperparameters selection, data-preprocessing.

While the ill-posedness of such large scale tomographic problem calls for the evaluation of these
uncertainties, the associated computational cost is often a bottleneck for the development of dedicated
strategies. Consequently, uncertainty estimation and quality control are in practice mostly limited to
data comparison, resolution analysis through checkerboard and point spread function tests, and in-situ
comparison with well-log datasets when they are available.

Over the past few years, methodological propositions have shown the potential of a probabilistic frame-
work for uncertainty estimation (Fichtner and van Leeuwen, 2015; Fang et al., 2018). Alongside recent
methodological developments, we have proposed the joint application of the Ensemble Transform Kalman
Filter (Kalman, 1960; Bishop et al., 2001) and FWI (ETKF-FWI), that have shown potential for un-
certainty estimation in a Bayesian formalism (Thurin et al., 2017). This methodology is based on the
combination of ensemble data assimilation and classical adjoint-based FWI. The estimation of uncertainty
attached to the results is made possible through a low-rank approximation of the posterior covariance
matrix. The ETKF formulation allows to include data-uncertainty in the inversion process, which in turns
affect both the inversion output and its associated uncertainty estimate.

The ETKF-FWI scheme (Fig. 1) relies on an ensemble representation of the state of the system and its
associated uncertainty. Such ensemble representation of the solution is the result by itself, as it gives
valuable insights on the mean model and its uncertainty. The ETKF-FWI is carried through two steps. The
forecast step (in blue, Fig. 1) consists in applying adjoint-based FWI individually on each model of the
ensemble. The analysis step (in red, Fig. 1) is a data-fitting minimization process that takes into account
the observed data uncertainty (in green, Fig. 1) and the ensemble repartition altogether. The ETKF-FWI
can thus be viewed as a cycle through model-based parallel inversions followed by an ensemble-wise
inversion step.

Given an initial mean model, the mean output model of the ETKF-FWI scheme resembles a classical
FWI result and corresponds to the parameter estimate. The uncertainty information is embedded in the
ensemble repartition and can be extracted from the diagonal and lines of the low-rank version of the
estimated posterior covariance matrix. The diagonal of the covariance matrix (the variance) provides
information on the diversity of solution for each parameter, which reflects the quality of convergence.
The off-diagonal terms allow computing the correlation maps for each parameter, which are a way to
evaluate local resolution and the trade-off between parameters.

In this presentation, we will review the ETKF-FWI technique, and illustrate its efficiency on a 2D ocean
bottom cable field-data. Results obtained for this applications are shown in Figures 2 and 3, on which we
can see the initial and final mean (Fig. 2), as well as variance and correlation maps (Fig. 3). We will also
discuss the assumptions and hypothesis underlying the ETKF-FWI scheme, along with the added values
of uncertainty estimation in the context of multiparameter inversion, and the feasibility of this approach
for its application to 3D field data.
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Figure 1 ETKF-FWI scheme. Dots represent velocity models, stars represent wavefield data, crosses and
ellipses are respectively means and covariances. Blue denotes the forecast system state, red the analysis,
green the observed data and gray the forecast data.
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Figure 2 Left: Initial mean model. Right: Final mean model after 6 ETKF-FWI cycles.

Offset (m)

0

1000

2000

3000

4000

5000

De
pt
h 
(m
)

0

2

4

6

8

Va
ria
nc
e 
(m
^2
/s
^2
)

0

20

40

60
0

20

40

60

Va
ria
nc
e 
(m
/s
)

Va
ria
nc
e 
(m
/s
)

 1.00

 0.75

 0.50

 0.25

0.00

0.25

0.50

0.75

1.00

Co
rr.
 c
oe
f.

Figure 3 Left: Final variance map obtained from the diagonal of the low-rank covariance matrix. Right:
Local correlation maps for four different state parameters obtained from lines of the low-rank covariance
matrix.
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