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Abstract. Industrial networks are typically used to monitor safety-
related processes where high reliability and an upper bounded latency are
crucial. Because of its flexibility, wireless is more and more popular, even
for real-time applications. Because radio transmissions are known to be
lossy, deterministic protocols have been proposed, to schedule carefully
the transmissions to avoid collisions. In parallel, industrial environments
now integrate mobile industrial robots to enable the Industry 4.0. Thus,
the challenge consists in handling a set of mobile devices inside a static
wireless network infrastructure. A mobile robot has to join the network
before being able to communicate. Here, we analyze this attachment
delay, comprising both the synchronization, and the negotiation of ded-
icated cells. In particular, since the control frames (EB and 6P) have
a strong impact on the convergence, our proposed model carefully inte-
grates the collision probability of these packets. We validate the accuracy
of our model, and we analyze the impact of the different EB transmission
policies on the discovery delay. Our performance evaluation demonstrates
the interest of using efficiently the radio resources for beacons to handle
these mobiles devices.

1 Introduction

Industrial networks are now widely used for many industrial applications, where
high reliability and an upper bounded latency are critical. They typically rely on
a costly and inflexible wired infrastructures to attend these strict requirements.
In order to reduce deployment and maintenance costs, industrial networks have
started to replace this legacy infrastructure with wireless sensor networks.

Due to its low-power nature, a sensor network is known to be lossy with no
delivery guarantees. Thus, standards such as IEEE 802.15.4-TSCH have been
released, proposing reliable mechanisms to the MAC layer in order to imple-
ment deterministic protocols. Combining the schedule of transmissions and a
slow-channel hopping mechanism, a network can achieve 99.99% of end-to-end
delivery rate, while upper bounding the end-to-end latency [1]. Specifically, the
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transmissions are carefully scheduled to avoid collisions, either in a distributed
or a centralized manner [2].

Although mobility plays an increasingly important role for many indus-
trial deployments [3], the IEEE 802.15.4-TSCH standard does not propose a
clear approach to handle a high rate of topology changes due to the asso-
ciation/dissociation of mobile devices. Additionally, the slow-channel hopping
mechanism introduces a new layer of complexity: a joining node has to wait for
receiving the synchronization beacon on its active listening channel, delaying its
association to the network. A fast association is a key factor to enable mobility
over low-power wireless networks [4].

The use of mobile devices in wireless industrial networks has already been
investigated in the past [3, 5, 6]. They mainly focus on proposing mechanisms
to reduce the attachment delay. Indeed, discovering the network is particularly
challenging in multichannel environments, since the discovering node has to find
the right channel to listen to [7]. Besides, the novel device has to reserve some
transmission opportunities, using control packets. Unfortunately, these control
packets are prone to collisions since they are transmitted through contention-
based cells [8]. Mechanically, these collisions increase the attachment delay.

The contributions presented in this paper are as follows:

1. we propose here an analytical Markov chain to model the first association of
a mobile node in a multi-hop network. We consider both the discovery of a
neighboring device, and the negotiation of cells.

2. we evaluate the gain of transmitting Enhanced Beacons (EB) on multiple
channels in order to reduce the synchronization delay. Using multiple chan-
nels allows to spread the load on shared cells, reducing the collision proba-
bility;

3. we quantify the impact of the network density on the discovery and negotia-
tion time. More neighbors mean also more collisions, very prejudicial to the
synchronization.

2 Background & related work

We present here the most important mechanisms of IEEE 802.15.4-TSCH and
6TiSCH, since we rely on these two standards for modeling the attachment delay
of mobile nodes in networks with real-time performance.

2.1 6TiSCH stack

The IEEE 802.15.4-TSCH standard has defined the TSCH mode [9], where nodes
schedule the transmissions such that each application has enough transmission
opportunities while avoiding collisions. The network is globally synchronized,
each node maintaining the number of timeslots since the network has been cre-
ated, aka. the Absolute Slot Number (ASN). A slotframe in TSCH consists in a
matrix of cells of equal length, each cell being defined by a pair of timeslot and
channel offsets. The schedule comprises two types of cells:
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shared cells implement a slotted-Aloha approach. For unicast packets, the ab-
sence of acknowledgment is interpreted as a collision. In that case, the trans-
mitter triggers a random backoff value and skips the corresponding number
of shared cells;

dedicated cells are allocated to interference-free transmitters to avoid any col-
lision. This allocation may be centralized or distributed [2]. The transmitter
may trigger a Clear Channel Assessment (CCA), but only to combat external
interference.

6TiSCH has defined the 6top Protocol (6P) to allocate/deallocate cells with a
neighbor node [10]. By default, each schedule modification is based on a two-way
handshake. The inquirer sends a request to a neighbor (e.g. preferred parent),
piggybacking a list of possible cells. Then, the neighbor will acknowledge the
request, selecting the cells present in the list which are also available in its
schedule. When a node joins the network, it relies on shared cells to bootstrap a
negotiation with its next-hop neighbor [11], since the two nodes have no common
preallocated dedicated cells.

2.2 Mobility in industrial scenarios

Tinka et al. [12] detail a scheduling algorithm to handle a network infrastructure
where all the devices are mobile. A gossip mechanism makes the schedule dis-
semination robust. Similarly, Vahabi et al. [13] address a mobile sink scenario.
However, fully-mobile topologies make high-reliability very challenging, which
jeopardizes the correct operation of many industrial applications.

A mobile node has first to discover the network, i.e. to receive an Enhanced
Beacon (EB) which contains all the information for the synchronization (e.g.
slotframe length, ASN, hopping sequence, etc.). However, IEEE 802.15.4-TSCH
lets the schedule policy of EB unspecified, while it has a strong impact on the
discovery time.

Nidawi et al. [5] propose to modify the acknowledgment packets to accelerate
the discovery. Acks are grouped at the end of the slotframe, and piggyback the
time that the node will keep its radio on to receive possibly new association
requests. However, it requires to modify the standard.

Vogli et al. [14] consider to broadcast EB on multiple channels at once. For
that purpose, they allocate exclusive timeslots for EB transmissions, with a Ran-
dom Filling scheduling, where the channel offsets are selected randomly among
the available ones.

Zhou et al. [15] propose rather to schedule the Enhanced Beacons to reduce
the collisions, and thus, the attachment delay. However, the proposition targets
more the co-existence of multiple TSCH star networks, where EBs are scheduled
independently. De Guglielmo et al. [16] present a Model-based Beacon Scheduling
(MBS) algorithm that minimizes the average joining time. Karalis et al. [17]
propose to assign one dedicated cell for each EB, using multiple channels to
avoid collisions. However, these last two approaches rely on a perfect, centralized,
collision-free schedule, which makes the scheme less scalable.
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Dezfouli et al. [6] also consider the time required to negotiate dedicated cells.
Indeed, being synchronized is not sufficient, the mobile device has to know when
it can transmit safely its packets. For this purpose, the scheduler computes a
path for each mobile device for each of its possible locations. Then, it allocates
statically a collection of cells along each of these paths. However, the trajectory
has to be known a priori, and it consumes much radio resource, since one single
path is used at a time.

Haxhibeqiri et al. [18] focus on the handover process by employing a single-
hop network with multiple gateway nodes and a centralized manager. Once a
mobile node reserves dedicated cells to one gateway, the network manager in-
structs the others gateways to install the same cell for that node. This way,
gateways have pre-allocated dedicated cells for each mobile node, reducing the
handover latency. However, the proposed architecture cannot be easily extended
due to deployment costs. In particular, the infrastructure requires devices with
higher computational power connected through wires for the control plane.

3 Joining time model

We analyze here the joining time, i.e. time interval between a mobile device
wakes-up, and it can start transmitting data packets through dedicated cells.

3.1 Scenario and Assumptions

We focus here on a network topology where the sink and a collection of relay
nodes are static. Only a few devices (e.g. robots) are mobile and represent the
leaves of the network infrastructure. Thus, a mobile device sends its packet to a
neighboring relay node, which forwards them through a path of relays to the sink.
Each static node has a collection of dedicated cells in its schedule, maintained
by a scheduling function such as SF0 [11]. Thus, each relay node can forward
the packets from mobile devices without any collision.

Mobile devices constitute the leaves and have to identify a single neighboring
relay node to send their packets. They need to capture its Enhanced Beacons,
to adjust their clock and know when are the next shared cells, to be able to
transmit their first messages. After selecting a next hop, a mobile node engages
a 6P two-way handshake [10] to reserve dedicated cells for its transmissions.

We focus on the discovery that a node has to trigger when it is unsynchro-
nized. This procedure comprises:

synchronization: the joining node has to receive an Enhanced Beacon (EB)
to synchronize itself with the network. Then, it gets the frequency hopping
sequence and the shared cells for broadcast packets;

negotiation: the node has selected the source of the EB as parent, and then
negotiates a set of dedicated cells to use to transmit its data packets.
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<latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit><latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit><latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit><latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit>

1�Prequest

W
<latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit><latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit><latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit><latexit sha1_base64="+BeYInccGuPI79giMYVr3BKRJV0=">AAACAnicbVBNS8NAEN3Ur1q/op7Ey2IreLEkvSieCl48VrAf0Iay2U7apZtN3N0IJQQv/hUvHhTx6q/w5r9x2+agrQ8GHu/NMDPPjzlT2nG+rcLK6tr6RnGztLW9s7tn7x+0VJRICk0a8Uh2fKKAMwFNzTSHTiyBhD6Htj++nvrtB5CKReJOT2LwQjIULGCUaCP17aNKL5CEpu55o59KuE9A6SxL21mlb5edqjMDXiZuTsooR6Nvf/UGEU1CEJpyolTXdWLtpURqRjlkpV6iICZ0TIbQNVSQEJSXzl7I8KlRBjiIpCmh8Uz9PZGSUKlJ6JvOkOiRWvSm4n9eN9HBpZcyEScaBJ0vChKOdYSneeABk0A1nxhCqGTmVkxHxESiTWolE4K7+PIyadWqrlN1b2vl+lUeRxEdoxN0hlx0geroBjVQE1H0iJ7RK3qznqwX6936mLcWrHzmEP2B9fkDEniXMA==</latexit>

Prequest
<latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit>
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c
<latexit sha1_base64="h5CxIcr0dQ0B8TdDIESZ6rho5eE=">AAAB73icbVDLSsNAFL3xWeur6tLNYBFclUQExVXBjcsK9gFtKJPpTTt0MokzEyGE/oQbF4q49Xfc+TdOYxbaemDgcM69zD0nSATXxnW/nJXVtfWNzcpWdXtnd2+/dnDY0XGqGLZZLGLVC6hGwSW2DTcCe4lCGgUCu8H0Zu53H1FpHst7kyXoR3QsecgZNVbqtYa5ziSbDWt1t+EWIMvEK0kdSrSGtc/BKGZphNIwQbXue25i/Jwqw5nAWXWQakwom9Ix9i2VNELt58W9M3JqlREJY2WfNKRQf2/kNNI6iwI7GVEz0YveXPzP66cmvPJzLpPUoE1VfBSmgpiYzMOTEVfIjMgsoUxxeythE6ooM7aiqi3BW4y8TDrnDc9teHcX9eZ1WUcFjuEEzsCDS2jCLbSgDQwEPMELvDoPzrPz5rz/jK445c4R/IHz8Q1fiJAm</latexit><latexit sha1_base64="h5CxIcr0dQ0B8TdDIESZ6rho5eE=">AAAB73icbVDLSsNAFL3xWeur6tLNYBFclUQExVXBjcsK9gFtKJPpTTt0MokzEyGE/oQbF4q49Xfc+TdOYxbaemDgcM69zD0nSATXxnW/nJXVtfWNzcpWdXtnd2+/dnDY0XGqGLZZLGLVC6hGwSW2DTcCe4lCGgUCu8H0Zu53H1FpHst7kyXoR3QsecgZNVbqtYa5ziSbDWt1t+EWIMvEK0kdSrSGtc/BKGZphNIwQbXue25i/Jwqw5nAWXWQakwom9Ix9i2VNELt58W9M3JqlREJY2WfNKRQf2/kNNI6iwI7GVEz0YveXPzP66cmvPJzLpPUoE1VfBSmgpiYzMOTEVfIjMgsoUxxeythE6ooM7aiqi3BW4y8TDrnDc9teHcX9eZ1WUcFjuEEzsCDS2jCLbSgDQwEPMELvDoPzrPz5rz/jK445c4R/IHz8Q1fiJAm</latexit><latexit sha1_base64="h5CxIcr0dQ0B8TdDIESZ6rho5eE=">AAAB73icbVDLSsNAFL3xWeur6tLNYBFclUQExVXBjcsK9gFtKJPpTTt0MokzEyGE/oQbF4q49Xfc+TdOYxbaemDgcM69zD0nSATXxnW/nJXVtfWNzcpWdXtnd2+/dnDY0XGqGLZZLGLVC6hGwSW2DTcCe4lCGgUCu8H0Zu53H1FpHst7kyXoR3QsecgZNVbqtYa5ziSbDWt1t+EWIMvEK0kdSrSGtc/BKGZphNIwQbXue25i/Jwqw5nAWXWQakwom9Ix9i2VNELt58W9M3JqlREJY2WfNKRQf2/kNNI6iwI7GVEz0YveXPzP66cmvPJzLpPUoE1VfBSmgpiYzMOTEVfIjMgsoUxxeythE6ooM7aiqi3BW4y8TDrnDc9teHcX9eZ1WUcFjuEEzsCDS2jCLbSgDQwEPMELvDoPzrPz5rz/jK445c4R/IHz8Q1fiJAm</latexit><latexit sha1_base64="h5CxIcr0dQ0B8TdDIESZ6rho5eE=">AAAB73icbVDLSsNAFL3xWeur6tLNYBFclUQExVXBjcsK9gFtKJPpTTt0MokzEyGE/oQbF4q49Xfc+TdOYxbaemDgcM69zD0nSATXxnW/nJXVtfWNzcpWdXtnd2+/dnDY0XGqGLZZLGLVC6hGwSW2DTcCe4lCGgUCu8H0Zu53H1FpHst7kyXoR3QsecgZNVbqtYa5ziSbDWt1t+EWIMvEK0kdSrSGtc/BKGZphNIwQbXue25i/Jwqw5nAWXWQakwom9Ix9i2VNELt58W9M3JqlREJY2WfNKRQf2/kNNI6iwI7GVEz0YveXPzP66cmvPJzLpPUoE1VfBSmgpiYzMOTEVfIjMgsoUxxeythE6ooM7aiqi3BW4y8TDrnDc9teHcX9eZ1WUcFjuEEzsCDS2jCLbSgDQwEPMELvDoPzrPz5rz/jK445c4R/IHz8Q1fiJAm</latexit>

1�Presponse

W
<latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit>

1�Presponse

W
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1�Presponse

W
<latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit>

1�Presponse

W
<latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit><latexit sha1_base64="LCwt/e2DnKTG7AYwZ0byOptvRZo=">AAACA3icbVBNS8NAEN34WetX1Jtegq3gxZL0ongqePFYwX5AG8JmO2mXbnbD7kYoIeDFv+LFgyJe/RPe/Ddu2xy09cHA470ZZuaFCaNKu+63tbK6tr6xWdoqb+/s7u3bB4dtJVJJoEUEE7IbYgWMcmhpqhl0Ewk4Dhl0wvHN1O88gFRU8Hs9ScCP8ZDTiBKsjRTYx9V+JDHJvItmkElQieAK8jzr5NXArrg1dwZnmXgFqaACzcD+6g8ESWPgmjCsVM9zE+1nWGpKGOTlfqogwWSMh9AzlOMYlJ/NfsidM6MMnEhIU1w7M/X3RIZjpSZxaDpjrEdq0ZuK/3m9VEdXfkZ5kmrgZL4oSpmjhTMNxBlQCUSziSGYSGpudcgIm0y0ia1sQvAWX14m7XrNc2veXb3SuC7iKKETdIrOkYcuUQPdoiZqIYIe0TN6RW/Wk/VivVsf89YVq5g5Qn9gff4A29iXoA==</latexit>
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<latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit>

P re
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<latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit>

Presp
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<latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit>

Prequest
<latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit>

P re
qu

es
t

<latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit>

1 � Prequest
<latexit sha1_base64="VkCo4rKhdNCuerSIxFMHWdXxvlg=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WWwFL5akF8VTwYvHCvYD2hA220m7dLOJuxulxP4ULx4U8eov8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3C2vrG5lZxu7Szu7d/YJcP2ypOJYUWjXksuwFRwJmAlmaaQzeRQKKAQycYX8/8zgNIxWJxpycJeBEZChYySrSRfLtcdfE5bvqZhPsUlJ5Wfbvi1Jw58Cpxc1JBOZq+/dUfxDSNQGjKiVI910m0lxGpGeUwLfVTBQmhYzKEnqGCRKC8bH76FJ8aZYDDWJoSGs/V3xMZiZSaRIHpjIgeqWVvJv7n9VIdXnoZE0mqQdDFojDlWMd4lgMeMAlU84khhEpmbsV0RCSh2qRVMiG4yy+vkna95jo197ZeaVzlcRTRMTpBZ8hFF6iBblATtRBFj+gZvaI368l6sd6tj0VrwcpnjtAfWJ8/kiaS4Q==</latexit><latexit sha1_base64="VkCo4rKhdNCuerSIxFMHWdXxvlg=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WWwFL5akF8VTwYvHCvYD2hA220m7dLOJuxulxP4ULx4U8eov8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3C2vrG5lZxu7Szu7d/YJcP2ypOJYUWjXksuwFRwJmAlmaaQzeRQKKAQycYX8/8zgNIxWJxpycJeBEZChYySrSRfLtcdfE5bvqZhPsUlJ5Wfbvi1Jw58Cpxc1JBOZq+/dUfxDSNQGjKiVI910m0lxGpGeUwLfVTBQmhYzKEnqGCRKC8bH76FJ8aZYDDWJoSGs/V3xMZiZSaRIHpjIgeqWVvJv7n9VIdXnoZE0mqQdDFojDlWMd4lgMeMAlU84khhEpmbsV0RCSh2qRVMiG4yy+vkna95jo197ZeaVzlcRTRMTpBZ8hFF6iBblATtRBFj+gZvaI368l6sd6tj0VrwcpnjtAfWJ8/kiaS4Q==</latexit><latexit sha1_base64="VkCo4rKhdNCuerSIxFMHWdXxvlg=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WWwFL5akF8VTwYvHCvYD2hA220m7dLOJuxulxP4ULx4U8eov8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3C2vrG5lZxu7Szu7d/YJcP2ypOJYUWjXksuwFRwJmAlmaaQzeRQKKAQycYX8/8zgNIxWJxpycJeBEZChYySrSRfLtcdfE5bvqZhPsUlJ5Wfbvi1Jw58Cpxc1JBOZq+/dUfxDSNQGjKiVI910m0lxGpGeUwLfVTBQmhYzKEnqGCRKC8bH76FJ8aZYDDWJoSGs/V3xMZiZSaRIHpjIgeqWVvJv7n9VIdXnoZE0mqQdDFojDlWMd4lgMeMAlU84khhEpmbsV0RCSh2qRVMiG4yy+vkna95jo197ZeaVzlcRTRMTpBZ8hFF6iBblATtRBFj+gZvaI368l6sd6tj0VrwcpnjtAfWJ8/kiaS4Q==</latexit><latexit sha1_base64="VkCo4rKhdNCuerSIxFMHWdXxvlg=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WWwFL5akF8VTwYvHCvYD2hA220m7dLOJuxulxP4ULx4U8eov8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3C2vrG5lZxu7Szu7d/YJcP2ypOJYUWjXksuwFRwJmAlmaaQzeRQKKAQycYX8/8zgNIxWJxpycJeBEZChYySrSRfLtcdfE5bvqZhPsUlJ5Wfbvi1Jw58Cpxc1JBOZq+/dUfxDSNQGjKiVI910m0lxGpGeUwLfVTBQmhYzKEnqGCRKC8bH76FJ8aZYDDWJoSGs/V3xMZiZSaRIHpjIgeqWVvJv7n9VIdXnoZE0mqQdDFojDlWMd4lgMeMAlU84khhEpmbsV0RCSh2qRVMiG4yy+vkna95jo197ZeaVzlcRTRMTpBZ8hFF6iBblATtRBFj+gZvaI368l6sd6tj0VrwcpnjtAfWJ8/kiaS4Q==</latexit>

1 � Presponse
<latexit sha1_base64="yrCu4/QmsTNUqCtQySZHfAfjt7k=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WWwFL5akF8VTwYvHCvYD2hA220m7dLMJuxuxhPwVLx4U8eof8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3SxubW9k55t7K3f3B4ZB9XuypOJYUOjXks+wFRwJmAjmaaQz+RQKKAQy+Y3s793iNIxWLxoGcJeBEZCxYySrSRfLtad/ElbvuZBJXEQkFe9+2a03AWwOvELUgNFWj79tdwFNM0AqEpJ0oNXCfRXkakZpRDXhmmChJCp2QMA0MFiUB52eL2HJ8bZYTDWJoSGi/U3xMZiZSaRYHpjIieqFVvLv7nDVIdXnsZE0mqQdDlojDlWMd4HgQeMQlU85khhEpmbsV0QiSh2sRVMSG4qy+vk26z4ToN975Za90UcZTRKTpDF8hFV6iF7lAbdRBFT+gZvaI3K7derHfrY9lasoqZE/QH1ucPV7qTUQ==</latexit><latexit sha1_base64="yrCu4/QmsTNUqCtQySZHfAfjt7k=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WWwFL5akF8VTwYvHCvYD2hA220m7dLMJuxuxhPwVLx4U8eof8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3SxubW9k55t7K3f3B4ZB9XuypOJYUOjXks+wFRwJmAjmaaQz+RQKKAQy+Y3s793iNIxWLxoGcJeBEZCxYySrSRfLtad/ElbvuZBJXEQkFe9+2a03AWwOvELUgNFWj79tdwFNM0AqEpJ0oNXCfRXkakZpRDXhmmChJCp2QMA0MFiUB52eL2HJ8bZYTDWJoSGi/U3xMZiZSaRYHpjIieqFVvLv7nDVIdXnsZE0mqQdDlojDlWMd4HgQeMQlU85khhEpmbsV0QiSh2sRVMSG4qy+vk26z4ToN975Za90UcZTRKTpDF8hFV6iF7lAbdRBFT+gZvaI3K7derHfrY9lasoqZE/QH1ucPV7qTUQ==</latexit><latexit sha1_base64="yrCu4/QmsTNUqCtQySZHfAfjt7k=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WWwFL5akF8VTwYvHCvYD2hA220m7dLMJuxuxhPwVLx4U8eof8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3SxubW9k55t7K3f3B4ZB9XuypOJYUOjXks+wFRwJmAjmaaQz+RQKKAQy+Y3s793iNIxWLxoGcJeBEZCxYySrSRfLtad/ElbvuZBJXEQkFe9+2a03AWwOvELUgNFWj79tdwFNM0AqEpJ0oNXCfRXkakZpRDXhmmChJCp2QMA0MFiUB52eL2HJ8bZYTDWJoSGi/U3xMZiZSaRYHpjIieqFVvLv7nDVIdXnsZE0mqQdDlojDlWMd4HgQeMQlU85khhEpmbsV0QiSh2sRVMSG4qy+vk26z4ToN975Za90UcZTRKTpDF8hFV6iF7lAbdRBFT+gZvaI3K7derHfrY9lasoqZE/QH1ucPV7qTUQ==</latexit><latexit sha1_base64="yrCu4/QmsTNUqCtQySZHfAfjt7k=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WWwFL5akF8VTwYvHCvYD2hA220m7dLMJuxuxhPwVLx4U8eof8ea/cdvmoK0PBh7vzTAzL0g4U9pxvq3SxubW9k55t7K3f3B4ZB9XuypOJYUOjXks+wFRwJmAjmaaQz+RQKKAQy+Y3s793iNIxWLxoGcJeBEZCxYySrSRfLtad/ElbvuZBJXEQkFe9+2a03AWwOvELUgNFWj79tdwFNM0AqEpJ0oNXCfRXkakZpRDXhmmChJCp2QMA0MFiUB52eL2HJ8bZYTDWJoSGi/U3xMZiZSaRYHpjIieqFVvLv7nDVIdXnsZE0mqQdDlojDlWMd4HgQeMQlU85khhEpmbsV0QiSh2sRVMSG4qy+vk26z4ToN975Za90UcZTRKTpDF8hFV6iF7lAbdRBFT+gZvaI3K7derHfrY9lasoqZE/QH1ucPV7qTUQ==</latexit>

P
r
e
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s
e

<latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit>

P
requ

est

<latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit><latexit sha1_base64="UUwwyyHC8bVLOz1gpoNjlcyU95s=">AAAB9HicbVDLSgNBEJyNrxhfUY9eBhPBU9jNRfEU8OIxgnlAsoTZSW8yZHZ2M9MbCEu+w4sHRbz6Md78GyePgyYWNBRV3XR3BYkUBl3328ltbe/s7uX3CweHR8cnxdOzpolTzaHBYxnrdsAMSKGggQIltBMNLAoktILR/dxvTUAbEasnnCbgR2ygRCg4Qyv55Xov0zBOweCs3CuW3Iq7AN0k3oqUyAr1XvGr2495GoFCLpkxHc9N0M+YRsElzArd1EDC+IgNoGOpYhEYP1scPaNXVunTMNa2FNKF+nsiY5Ex0yiwnRHDoVn35uJ/XifF8NbPhEpSBMWXi8JUUozpPAHaFxo4yqkljGthb6V8yDTjaHMq2BC89Zc3SbNa8dyK91gt1e5WceTJBbkk18QjN6RGHkidNAgnY/JMXsmbM3FenHfnY9mac1Yz5+QPnM8fjamR6g==</latexit>
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<latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit><latexit sha1_base64="QTU+rUVGNtrm6jBKJ5zgwXgnU6c=">AAAB9XicbVA9SwNBEJ3zM8avqKXNYSJYhbs0ilXAxjKC+YDkDHubuWTJ3u6xu6eEI//DxkIRW/+Lnf/GTXKFJj4YeLw3w8y8MOFMG8/7dtbWNza3tgs7xd29/YPD0tFxS8tUUWxSyaXqhEQjZwKbhhmOnUQhiUOO7XB8M/Pbj6g0k+LeTBIMYjIULGKUGCs9VBr9TKFOpNA4rfRLZa/qzeGuEj8nZcjR6Je+egNJ0xiFoZxo3fW9xAQZUYZRjtNiL9WYEDomQ+xaKkiMOsjmV0/dc6sM3EgqW8K4c/X3REZirSdxaDtjYkZ62ZuJ/3nd1ERXQcZEkhoUdLEoSrlrpDuLwB0whdTwiSWEKmZvdemIKEKNDapoQ/CXX14lrVrV96r+Xa1cv87jKMApnMEF+HAJdbiFBjSBgoJneIU358l5cd6dj0XrmpPPnMAfOJ8/UniSWg==</latexit>

1 � Psync
<latexit sha1_base64="fSUD/BbgrYPTvn7/ITpm9EfN9C4=">AAAB83icbVBNS8NAEJ34WetX1aOXxVbwYkl6UTwVvHisYD+gDWWz3bZLN5uwOxFC6N/w4kERr/4Zb/4btzEHbX0w8Hhvhpl5QSyFQdf9ctbWNza3tks75d29/YPDytFxx0SJZrzNIhnpXkANl0LxNgqUvBdrTsNA8m4wu1343UeujYjUA6Yx90M6UWIsGEUrDWreZWuYmVSxeW1Yqbp1NwdZJV5BqlCgNax8DkYRS0KukElqTN9zY/QzqlEwyeflQWJ4TNmMTnjfUkVDbvwsv3lOzq0yIuNI21JIcvX3REZDY9IwsJ0hxalZ9hbif14/wfG1nwkVJ8jtW/micSIJRmQRABkJzRnK1BLKtLC3EjalmjK0MZVtCN7yy6uk06h7bt27b1SbN0UcJTiFM7gAD66gCXfQgjYwiOEJXuDVSZxn5815/2ldc4qZE/gD5+Mb9tKQ8g==</latexit><latexit sha1_base64="fSUD/BbgrYPTvn7/ITpm9EfN9C4=">AAAB83icbVBNS8NAEJ34WetX1aOXxVbwYkl6UTwVvHisYD+gDWWz3bZLN5uwOxFC6N/w4kERr/4Zb/4btzEHbX0w8Hhvhpl5QSyFQdf9ctbWNza3tks75d29/YPDytFxx0SJZrzNIhnpXkANl0LxNgqUvBdrTsNA8m4wu1343UeujYjUA6Yx90M6UWIsGEUrDWreZWuYmVSxeW1Yqbp1NwdZJV5BqlCgNax8DkYRS0KukElqTN9zY/QzqlEwyeflQWJ4TNmMTnjfUkVDbvwsv3lOzq0yIuNI21JIcvX3REZDY9IwsJ0hxalZ9hbif14/wfG1nwkVJ8jtW/micSIJRmQRABkJzRnK1BLKtLC3EjalmjK0MZVtCN7yy6uk06h7bt27b1SbN0UcJTiFM7gAD66gCXfQgjYwiOEJXuDVSZxn5815/2ldc4qZE/gD5+Mb9tKQ8g==</latexit><latexit sha1_base64="fSUD/BbgrYPTvn7/ITpm9EfN9C4=">AAAB83icbVBNS8NAEJ34WetX1aOXxVbwYkl6UTwVvHisYD+gDWWz3bZLN5uwOxFC6N/w4kERr/4Zb/4btzEHbX0w8Hhvhpl5QSyFQdf9ctbWNza3tks75d29/YPDytFxx0SJZrzNIhnpXkANl0LxNgqUvBdrTsNA8m4wu1343UeujYjUA6Yx90M6UWIsGEUrDWreZWuYmVSxeW1Yqbp1NwdZJV5BqlCgNax8DkYRS0KukElqTN9zY/QzqlEwyeflQWJ4TNmMTnjfUkVDbvwsv3lOzq0yIuNI21JIcvX3REZDY9IwsJ0hxalZ9hbif14/wfG1nwkVJ8jtW/micSIJRmQRABkJzRnK1BLKtLC3EjalmjK0MZVtCN7yy6uk06h7bt27b1SbN0UcJTiFM7gAD66gCXfQgjYwiOEJXuDVSZxn5815/2ldc4qZE/gD5+Mb9tKQ8g==</latexit><latexit sha1_base64="fSUD/BbgrYPTvn7/ITpm9EfN9C4=">AAAB83icbVBNS8NAEJ34WetX1aOXxVbwYkl6UTwVvHisYD+gDWWz3bZLN5uwOxFC6N/w4kERr/4Zb/4btzEHbX0w8Hhvhpl5QSyFQdf9ctbWNza3tks75d29/YPDytFxx0SJZrzNIhnpXkANl0LxNgqUvBdrTsNA8m4wu1343UeujYjUA6Yx90M6UWIsGEUrDWreZWuYmVSxeW1Yqbp1NwdZJV5BqlCgNax8DkYRS0KukElqTN9zY/QzqlEwyeflQWJ4TNmMTnjfUkVDbvwsv3lOzq0yIuNI21JIcvX3REZDY9IwsJ0hxalZ9hbif14/wfG1nwkVJ8jtW/micSIJRmQRABkJzRnK1BLKtLC3EjalmjK0MZVtCN7yy6uk06h7bt27b1SbN0UcJTiFM7gAD66gCXfQgjYwiOEJXuDVSZxn5815/2ldc4qZE/gD5+Mb9tKQ8g==</latexit>

1
<latexit sha1_base64="2bIm31zcUDwF9EJEBllsByQhM3E=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe7SGKwCNpYJmA9IjrC3mUvW7O0du3tCOPILbCwUsfUn2flv3CRXaOKDgcd7M8zMCxLBtXHdb6ewtb2zu1fcLx0cHh2flE/POjpOFcM2i0WsegHVKLjEtuFGYC9RSKNAYDeY3i387hMqzWP5YGYJ+hEdSx5yRo2VWt6wXHGr7hJkk3g5qUCO5rD8NRjFLI1QGiao1n3PTYyfUWU4EzgvDVKNCWVTOsa+pZJGqP1seeicXFllRMJY2ZKGLNXfExmNtJ5Fge2MqJnodW8h/uf1UxPW/YzLJDUo2WpRmApiYrL4moy4QmbEzBLKFLe3EjahijJjsynZELz1lzdJp1b13KrXqlUat3kcRbiAS7gGD26gAffQhDYwQHiGV3hzHp0X5935WLUWnHzmHP7A+fwBd5WMqw==</latexit><latexit sha1_base64="2bIm31zcUDwF9EJEBllsByQhM3E=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe7SGKwCNpYJmA9IjrC3mUvW7O0du3tCOPILbCwUsfUn2flv3CRXaOKDgcd7M8zMCxLBtXHdb6ewtb2zu1fcLx0cHh2flE/POjpOFcM2i0WsegHVKLjEtuFGYC9RSKNAYDeY3i387hMqzWP5YGYJ+hEdSx5yRo2VWt6wXHGr7hJkk3g5qUCO5rD8NRjFLI1QGiao1n3PTYyfUWU4EzgvDVKNCWVTOsa+pZJGqP1seeicXFllRMJY2ZKGLNXfExmNtJ5Fge2MqJnodW8h/uf1UxPW/YzLJDUo2WpRmApiYrL4moy4QmbEzBLKFLe3EjahijJjsynZELz1lzdJp1b13KrXqlUat3kcRbiAS7gGD26gAffQhDYwQHiGV3hzHp0X5935WLUWnHzmHP7A+fwBd5WMqw==</latexit><latexit sha1_base64="2bIm31zcUDwF9EJEBllsByQhM3E=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe7SGKwCNpYJmA9IjrC3mUvW7O0du3tCOPILbCwUsfUn2flv3CRXaOKDgcd7M8zMCxLBtXHdb6ewtb2zu1fcLx0cHh2flE/POjpOFcM2i0WsegHVKLjEtuFGYC9RSKNAYDeY3i387hMqzWP5YGYJ+hEdSx5yRo2VWt6wXHGr7hJkk3g5qUCO5rD8NRjFLI1QGiao1n3PTYyfUWU4EzgvDVKNCWVTOsa+pZJGqP1seeicXFllRMJY2ZKGLNXfExmNtJ5Fge2MqJnodW8h/uf1UxPW/YzLJDUo2WpRmApiYrL4moy4QmbEzBLKFLe3EjahijJjsynZELz1lzdJp1b13KrXqlUat3kcRbiAS7gGD26gAffQhDYwQHiGV3hzHp0X5935WLUWnHzmHP7A+fwBd5WMqw==</latexit><latexit sha1_base64="2bIm31zcUDwF9EJEBllsByQhM3E=">AAAB6HicbVA9SwNBEJ2LXzF+RS1tFoNgFe7SGKwCNpYJmA9IjrC3mUvW7O0du3tCOPILbCwUsfUn2flv3CRXaOKDgcd7M8zMCxLBtXHdb6ewtb2zu1fcLx0cHh2flE/POjpOFcM2i0WsegHVKLjEtuFGYC9RSKNAYDeY3i387hMqzWP5YGYJ+hEdSx5yRo2VWt6wXHGr7hJkk3g5qUCO5rD8NRjFLI1QGiao1n3PTYyfUWU4EzgvDVKNCWVTOsa+pZJGqP1seeicXFllRMJY2ZKGLNXfExmNtJ5Fge2MqJnodW8h/uf1UxPW/YzLJDUo2WpRmApiYrL4moy4QmbEzBLKFLe3EjahijJjsynZELz1lzdJp1b13KrXqlUat3kcRbiAS7gGD26gAffQhDYwQHiGV3hzHp0X5935WLUWnHzmHP7A+fwBd5WMqw==</latexit>

Fig. 1: Model for the association time of a joining node.

3.2 Markov chain

We define here a discrete time Markov chain (Fig. 1) to represent the joining
process of a new (mobile) node, hereafter denoted as joining node, when it joins
the network for the first time. We will detail here the different parts of our model.

3.3 Synchronization

The joining node is initially in the unsynchronized state, listening for EB sent by
neighboring fixed nodes. In IEEE 802.15.4-TSCH, all synchronized nodes broad-
cast EB periodically to announce the existence of the network. We make here
a distinction between the two factors that impact directly the synchronization
time of the joining node: EB collision and the channel hopping mechanism.

Since IEEE 802.15.4-TSCH adopts a slotted Aloha mechanism for shared
cells, the collision probability may be quite high. Indeed, an EB packet is en-
queued until the next shared cell. Thus, when multiple nodes enqueue EB packets
simultaneously between consecutive shared cells, their transmissions collide. In
addition, because of the channel hopping characteristic, the EB is successfully
received by the joining node only if the latter is listening to the right channel.
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�t
<latexit sha1_base64="zC/rJytIBgVbYaqXdHQCr4fnG9s=">AAAB73icbVDLSgNBEOz1GeMr6tHLYBA8hd0g6DGgB48RzAOSJcxOepMhsw9neoUQ8hNePCji1d/x5t84SfagiQUNRVU33V1BqqQh1/121tY3Nre2CzvF3b39g8PS0XHTJJkW2BCJSnQ74AaVjLFBkhS2U408ChS2gtHNzG89oTYyiR9onKIf8UEsQyk4WandvUVFnFGvVHYr7hxslXg5KUOOeq/01e0nIoswJqG4MR3PTcmfcE1SKJwWu5nBlIsRH2DH0phHaPzJ/N4pO7dKn4WJthUTm6u/JyY8MmYcBbYz4jQ0y95M/M/rZBRe+xMZpxlhLBaLwkwxStjsedaXGgWpsSVcaGlvZWLINRdkIyraELzll1dJs1rx3Ip3f1muVfM4CnAKZ3ABHlxBDe6gDg0QoOAZXuHNeXRenHfnY9G65uQzJ/AHzucPiqWPlA==</latexit><latexit sha1_base64="zC/rJytIBgVbYaqXdHQCr4fnG9s=">AAAB73icbVDLSgNBEOz1GeMr6tHLYBA8hd0g6DGgB48RzAOSJcxOepMhsw9neoUQ8hNePCji1d/x5t84SfagiQUNRVU33V1BqqQh1/121tY3Nre2CzvF3b39g8PS0XHTJJkW2BCJSnQ74AaVjLFBkhS2U408ChS2gtHNzG89oTYyiR9onKIf8UEsQyk4WandvUVFnFGvVHYr7hxslXg5KUOOeq/01e0nIoswJqG4MR3PTcmfcE1SKJwWu5nBlIsRH2DH0phHaPzJ/N4pO7dKn4WJthUTm6u/JyY8MmYcBbYz4jQ0y95M/M/rZBRe+xMZpxlhLBaLwkwxStjsedaXGgWpsSVcaGlvZWLINRdkIyraELzll1dJs1rx3Ip3f1muVfM4CnAKZ3ABHlxBDe6gDg0QoOAZXuHNeXRenHfnY9G65uQzJ/AHzucPiqWPlA==</latexit><latexit sha1_base64="zC/rJytIBgVbYaqXdHQCr4fnG9s=">AAAB73icbVDLSgNBEOz1GeMr6tHLYBA8hd0g6DGgB48RzAOSJcxOepMhsw9neoUQ8hNePCji1d/x5t84SfagiQUNRVU33V1BqqQh1/121tY3Nre2CzvF3b39g8PS0XHTJJkW2BCJSnQ74AaVjLFBkhS2U408ChS2gtHNzG89oTYyiR9onKIf8UEsQyk4WandvUVFnFGvVHYr7hxslXg5KUOOeq/01e0nIoswJqG4MR3PTcmfcE1SKJwWu5nBlIsRH2DH0phHaPzJ/N4pO7dKn4WJthUTm6u/JyY8MmYcBbYz4jQ0y95M/M/rZBRe+xMZpxlhLBaLwkwxStjsedaXGgWpsSVcaGlvZWLINRdkIyraELzll1dJs1rx3Ip3f1muVfM4CnAKZ3ABHlxBDe6gDg0QoOAZXuHNeXRenHfnY9G65uQzJ/AHzucPiqWPlA==</latexit><latexit sha1_base64="zC/rJytIBgVbYaqXdHQCr4fnG9s=">AAAB73icbVDLSgNBEOz1GeMr6tHLYBA8hd0g6DGgB48RzAOSJcxOepMhsw9neoUQ8hNePCji1d/x5t84SfagiQUNRVU33V1BqqQh1/121tY3Nre2CzvF3b39g8PS0XHTJJkW2BCJSnQ74AaVjLFBkhS2U408ChS2gtHNzG89oTYyiR9onKIf8UEsQyk4WandvUVFnFGvVHYr7hxslXg5KUOOeq/01e0nIoswJqG4MR3PTcmfcE1SKJwWu5nBlIsRH2DH0phHaPzJ/N4pO7dKn4WJthUTm6u/JyY8MmYcBbYz4jQ0y95M/M/rZBRe+xMZpxlhLBaLwkwxStjsedaXGgWpsSVcaGlvZWLINRdkIyraELzll1dJs1rx3Ip3f1muVfM4CnAKZ3ABHlxBDe6gDg0QoOAZXuHNeXRenHfnY9G65uQzJ/AHzucPiqWPlA==</latexit>

�
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…

…

…

…

Fig. 2: Beacon queuing over the time. A collision occurs when two or more nodes
enqueue simultaneously between consecutive shared cells (nodes B and C).

All nodes in a IEEE 802.15.4-TSCH network enqueue EB at the same fre-
quency after they synchronize. To reduce the amount of collisions among EB,
we consider adding jitters before EB transmissions, which represents the default
behavior of OpenWSN [19]. The jitter increases the time window in which a
node enqueues Enhanced Beacons. For instance, for a beacon period β and jitter
γ, the generation time of the next Enhanced Beacon will be randomly selected
within the interval [β − γ, β + γ].

Let us model the EB generation as a Poisson Process. Let us consider λ as
the expected number of EB queued by all nodes during a given time interval of
length L. Let ∆t be the time between consecutive shared cells, in a such way
that L ≥ ∆t. During the period L, the nodes have

⌊
L
∆t

⌋
possibilities to enqueue

their respective EB packets between consecutive shared cells. Since we assume
that the rate λ is constant over the time, we can compute the rate of beacons
to be enqueued during any ∆t interval as:

µ = λ ∗
⌊
L

∆t

⌋−1
(1)

The transmission is only successful when a single device enqueues an EB
during a given ∆t interval. For instance, Figure 2 depicts two colliding transmis-
sions (from nodes B and C). It also shows that those from A and D are successful
since enqueued during different ∆t periods. From the Poisson distribution, the
probability of having a single node generating an EB for any ∆t interval is:

Pbeacon = P (X = 1) = µe−µ (2)

Additionally, we need to account the probability that the joining node is
listening to the right channel. Since the frequency hopping sequence uses all the
channels uniformly, the joining node has a uniform probability of matching the
channel of the EB transmission. Thus, the probability of reception is finally:

Psync = Pbeacon ∗
(

1

Nch

)
(3)
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where Nch is the number of channels.

3.4 Negotiation

After having received an EB, the joining node is able to synchronize itself with
its parent, and to identify the shared cells to listen to. However, no bandwidth
is yet available: it has to send 6P request packets and to wait for a confirmation
before starting using dedicated cells for communication. Unfortunately, collisions
are frequent in shared cells, since EB, routing control packets (i.e. DIO used by
IETF RPL) and 6P control packets compete for the same resource.

6P uses a two-way handshake mechanism: both the request and the response
are subject to transmission failures. The negotiation is successful if both the
request and response are transmitted without collision. Thus, we can employ
here Eq. 2 with X = 0 to compute the probability of success.

Prequest = Presponse = e−µ (4)

In case of collision, the transmitter selects a random backoff value and skips
the corresponding number of shared cells. We represent the backoff state as a
2-tuple (r, w), where r is the current transmission attempt and w is the backoff
counter. The probability of reaching any subsequent backoff state after a collision
is equally likely. For all states (i, w), where w > 1, the transmitter does not try
to retransmit and it transits to state (i, w−1) with probability 1. After reaching
a maximum number of attempts (MaxRtx), the node discards the current packet
and starts over the negotiation, i.e. go back to the sync state.

3.5 Handover

Since mobile devices are constantly moving around the environment, the link
between the device and its point of attachment may eventually start to provide
a low reliability due to the long distance between them. In that case, the mobile
device has to select a more reliable relay node to forward its packets, i.e. to
perform a handover. Specifically, the mobile device deallocates the cells toward
its previous next hop, and negotiates novel cells with its novel relay node.

We can neglect the deallocation time, as the 6P packets will be transmitted
without contention, i.e. dedicated cells already exist in their schedule. On the
other hand, novel cells have to be negotiated with the novel relay node. Since
the mobile node is already synchronized (Sync state), it can immediately engage
a negotiation. Thus, we can employ Equation 4 to compute the probability that
the negotiation will succeed.

3.6 Estimating the joining time

Since we rely on an absorbing Markov chain, we can estimate the joining time
by computing the average number of steps to reach the absorbing state from
the initial state Unsync. In our DTMC depicted in Figure 1, the Joined state



8 Rodrigo Teles Hermeto et al.

Fig. 3: Comparison of the average joining time given by the model and simula-
tions with an EB period of 15s, and a jitter of 200ms

is the absorbing state. Every step in our model represents the interval between
two consecutive shared cells (i.e. ∆t). We rely on the Fundamental Matrix to
compute the average absorbing time: i.e. number of transitions from the initial
state (Unsync) to the absorbing state (Joined).

4 Numerical Analysis

We propose first to verify the accuracy of our DTMC model when estimating
the joining time in 6TiSCH networks. Then, we will analyze the joining time for
a joining node, as well as assessing the gain of using multiple channels for EB
transmissions.

4.1 Model validation

We rely on simulations to validate our DTMC model. We implement a lightweight
6TiSCH simulator written in Python focusing exclusively on the joining proce-
dure of a mobile node. Our simulator is freely available on GitHub‡

In our scenarios, we consider an existing network composed of fixed nodes
(i.e. the infrastructure) and one joining node. The fixed nodes broadcast EB
and DIO regularly during shared cells. For sake of simplicity, we assume that
the infrastructure has enough bandwidth to accommodate the novel flows. Thus,
only the joining node and its point of attachment have to negotiate dedicated
cells. Additionally, we assume perfect links conditions. Thus, collisions are the
only causes of packet drops.

We employ a slotframe composed of 101 timeslots, and 26 channel offsets,
with two shared cells placed uniformly in the slotframe. The joining node selects

‡https://github.com/rodrigoth/Simulator/tree/optimized
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Fig. 4: Impact of the multi-channel EB broadcasting on the joining time.

randomly one channel to listen for EB. All nodes in the infrastructure enqueue
EB and DIO every 15 seconds in average, considering a jitter of 200 ms. We plot
systematically the 95% confidence intervals.

The comparison between our analytical model and simulation results are
depicted in Figure 3. We perform 1,000 repetitions for each number of neighbors
to make our results more representative. We observe that the analytical values fit
very well the simulation results. As expected, with few nodes, the synchronization
takes longer, since the joining node has a smaller probability to receive a valid
EB. On the other hand, the negotiation is fast, since there are less competition
in the shared cells. Increasing the number of neighbors improves the joining
time to a certain extent (i.e. 9 neighbors in our scenario). For higher values,
the probability of collision increases impacting both the synchronization and
negotiation times. Thus, the joining time presents an exponential growth.

4.2 Multi-channel EB to reduce the attachment delay

By definition, all transmissions in shared cells occur exclusively in a single chan-
nel offset. Therefore, the probability of collision increases, since only one cell
is used for transmissions. We propose to assess the gain of the Random Fill-
ing approach [14] to transmit EB on multiple channels, and thus, to reduce the
synchronization time.

We redefine Equation 3 to account simultaneous transmissions on different
channels. Now, on each channel, EB arrival follows a Poisson Process of parame-
ter µ/Nch, since the EB are uniformly distributed on all Nch channels. Hence,the
probability that only one EB is transmitted on the channel that the joining node
is listening to is:

Psync =

(
µ

Nch

)
e

(
− µ
Nch

)
(5)
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(c) EB period: 60s
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Fig. 5: Impact of the EB period on different network densities.

Figure 4 highlights the gain of broadcasting EB on multiple channels. The
synchronization time decreases heavily compared to the single channel case de-
picted in Figure 3. In a general way, we can expect less EB arrivals, but the EB
are now transmitted on multiple channels simultaneously. Thus, the probability
that the joining node is listening to any of the transmitted channels increases.
In addition, spreading EB on multiple channel impacts directly the negotiation
time, since the EB and the 6P packets are transmitted mostly on different chan-
nels. We can now accommodate much larger densities with a very reasonable
attachment delay.

4.3 Large scale performance

Finally, we analyze the impact of the EB period on the joining time with differ-
ent densities. For the sack of simplicity, we consider that the EB and DIO are
transmitted at the same frequency.

Figure 5 compares the joining time when EB are transmitted on single vs.
multiple channels. As expected the EB frequency has a crucial importance on the
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joining time on large scale deployments. However, shorter EB periods increase
the probability of collisions when using a single channel. Using multiple channels
allows to spread the load, and thus reduces significantly the collision probability.

We can note that the optimal EB period, minimizing the joining time, de-
pends on the density. More nodes mean a larger number of EB transmissions,
and thus a larger optimal EB period.

5 Conclusions & Perspectives

In this work, we focused on the joining time of a mobile node when it joins the
network for the first time. Mobile devices have to fast attach to the network, and
reserve some resources for their critical flows. We modeled the joining process
using a Discrete Time Markov Chain. Our model takes into account both the
synchronization and negotiation times in 6TiSCH networks.

Our simulations demonstrate the accuracy of our DTMC model to estimate
finely the synchronization and negotiation time. Obviously, dense networks mean
a larger number of collisions, which impact very negatively the synchronization
time. Even worse, negotiating dedicated cells is also very expensive, since the
collision rate for control packets is very high. We also use our DTMC model to
assess the gain of using multiple channels. By spreading the EB on the different
channels, the collision rate is significantly reduced, improving the scalability.

As a future work, we plan to propose an handover scheme, so that a mo-
bile device can maintain several next hops, to avoid dropping data packets. In
particular, we have to reduce the negotiation time, when a novel relay node is
identified. Recent approaches based on autonomous scheduling, such as MSF
[20], seem promising to reduce the contention, particularly when a large number
of mobile devices has to attach to the network simultaneously.
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