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Observations are reported of different sources of CP violation from an amplitude analysis of Bþ →
πþπþπ− decays, based on a data sample corresponding to an integrated luminosity of 3 fb−1 of pp
collisions recorded with the LHCb detector. A large CP asymmetry is observed in the decay amplitude
involving the tensor f2ð1270Þ resonance, and in addition significant CP violation is found in the πþπ−S
wave at low invariant mass. The presence of CP violation related to interference between the πþπ−S wave
and the P wave Bþ → ρð770Þ0πþ amplitude is also established; this causes large local asymmetries but
cancels when integrated over the phase space of the decay. The results provide both qualitative and
quantitative new insights into CP -violation effects in hadronic B decays.
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Violation of symmetry under the combined charge-
conjugation and parity-transformation operations, CP vio-
lation, gives rise to differences between matter and anti-
matter. Violation of CP symmetry can occur in the
amplitudes that describe hadron decay, in neutral hadron
mixing, or in the interference between mixing and decay
(for a review, see, e.g., Ref. [1]). For charged mesons, only
CP violation in decay is possible, where an asymmetry in
particle and antiparticle decay rates can arise when two or
more different amplitudes contribute to a transition. In
particular, the phase of each complex amplitude can be
decomposed into a weak phase, which changes sign under
CP, and a strong phase, which is CP invariant. Differences
in both the weak and strong phases of the contributing
amplitudes are required for an asymmetry to occur.
In the standard model, weak phases arise from the

elements of the Cabibbo-Kobayashi-Maskawa matrix
[2,3] that are associated with quark-level transition ampli-
tudes. Decays of B hadrons that do not contain any charm
quarks in the final state, such as Bþ → πþπþπ−, are of
particular interest as both tree-level and loop-level ampli-
tudes are expected to contribute with comparable magni-
tudes, so that large CP -violation effects are possible.
Indeed, significant asymmetries have been observed in the
two-body B0 → Kþπ− [4–6] and B0 → πþπ− [4,6,7]
decays. In two-body decays, nontrivial strong phases can
arise from rescattering or other hadronic effects. In three-
body or multibody decays, variation of the strong phase is

also expected due to the intermediate resonance structure,
and hence amplitude analyses can provide additional
sensitivity to CP -violation effects.
Analysis of the distribution ofBþ → πþπþπ− decays (the

inclusion of charge-conjugated processes is implied
throughout this Letter, except where asymmetries are dis-
cussed) across the Dalitz plot [8,9], which provides a
representation of the two-dimensional phase space for the
decays, has been previously performed by the BABAR
collaboration [10,11]. A model-independent analysis by
the LHCb collaboration, with over an order of magnitude
more signal decays and much better signal purity compared
to the BABAR data sample, subsequently observed an
intriguing pattern ofCP violation in its phase space, notably
in regions not associated to any known resonant structure
[12,13]. The observed variation of theCP asymmetry across
the Dalitz plot is expected to be related to the changes in
strong phase associated with hadronic resonances, but, to
date, it has not yet been explicitly described with an
amplitude model. Many phenomenological studies
[14–20] have provided possible interpretations of the
asymmetries. Particular attention has been devoted to
whether large CP -violation effects could arise from the
interference between the broad low-mass spin-0 contribu-
tions and the spin-1 ρð770Þ0 resonance [21–24], from
mixing between the ρð770Þ0 and ωð782Þ resonances
[25–27], or from ππ ↔ KK̄ rescattering [21,23,24,28].
Further experimental studies are needed to clarify which
of these sources are connected to the observed CP
asymmetries.
In this Letter, results are reported on the amplitude

structure of Bþ → πþπþπ− decays, obtained by employing
decay models that account for CP violation. The results are
based on a data sample corresponding to 3 fb−1 of pp
collisions at center-of-mass energies of 7 and 8 TeV,
collected with the LHCb detector. A more detailed
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description of the analysis is given in a companion paper
[29]. The LHCb detector is a single-arm forward spec-
trometer covering the pseudorapidity range 2 < η < 5,
described in detail in Refs. [30,31].
The selection of signal candidates closely follows the

procedure used in the model-independent analysis of the
same data sample [12], with minor enhancements. Events
containing candidates are selected online by a trigger [32]
that includes a hardware and software stage. The hardware
stage requires either energy deposits in the calorimeters
associated to signal particles or a trigger caused by other
particles in the event. The software triggers require that the
signal tracks come from a secondary vertex consistent
with the decay of a b hadron. In the offline selection, two
multivariate algorithms are used to separate the Bþ →
πþπþπ− signal from background formed from random
combinations of tracks, and from other B decays with
misidentified final state particles, such as Bþ → Kþπþπ−.
Candidates that originate fromBþ → D̄0πþ with subsequent
D̄0 → πþπ− ormisidentifiedKþπ− decays are removedwith
a veto on both πþπ− invariant mass combinations.
After application of all selection requirements, the Bþ-

candidate mass distribution is fitted to obtain signal and
background yields. The fit function includes components
for signal decays, combinatorial background and misiden-
tified Bþ → Kþπþπ− decays. The signal region in the Bþ

candidate mass, 5.249 < mðπþπþπ−Þ < 5.317 GeV=c2,
which is used for the Dalitz-plot analysis, is estimated to
contain a 20 600� 1600 signal, a 4400� 1600 combina-
torial background, and 143� 11 Bþ → Kþπþπ− decays,
where the uncertainties reflect the combination of statistical
and systematic effects. The Dalitz-plot distributions of
selected Bþ and B− candidates are displayed in Fig. 1,
where the phase space is folded by ordering the πþπ− pairs
by their invariant mass, mlow < mhigh.
Given the large number of broad overlapping resonances

and decay-channel thresholds, it is particularly challenging
to model the Bþ → πþπþπ− decay phenomenologically.
Therefore, on top of the conventional “isobar” model using

a coherent sum of all nonzero spin resonances, three
complementary approaches are used to describe the S-
wave amplitude. The first continues in the isobar approach,
comprising the coherent sum of a σ pole [33] together with
a ππ ↔ KK̄ rescattering term [34]; the second uses the K-
matrix formalism with parameters obtained from scattering
data [35–37]; and the third implements a “quasi-model-
independent” (QMI) approach, inspired by previous QMI
analyses [38], where the dipion mass spectrum is divided
into bins with independent magnitudes and phases that are
free to vary in the amplitude fit.
The amplitude for Bþ and B− signal decays is con-

structed as the sum over N resonant contributions and the
S-wave component,

A�ðm2
13;m

2
23Þ¼

XN

j¼1

c�j Fjðm2
13;m

2
23ÞþA�

S ðm2
13;m

2
23Þ; ð1Þ

where m13 and m23 denote the πþπ− invariant mass
combinations. Bose symmetry is accounted for by enforc-
ing the amplitude to be identical under interchange of the
two like-sign pions, making the labeling of the two
combinations arbitrary. The Fj term is the normalized
dynamical amplitude of resonance j, represented by a mass
line shape multiplied by the spin-dependent angular dis-
tribution using the Zemach tensor formalism [39,40] and
Blatt-Weisskopf barrier factors [41]. The complex coef-
ficients, c�j , give the relative contribution of each reso-
nance, and A�

S is the S-wave amplitude (isobar,K matrix, or
QMI). The amplitude models account for CP -violating
differences between the distributions of Bþ and B− decays
by allowing the c�j coefficients, and relevant parameters in
A�
S , to take different values in the two cases. A likelihood

function is constructed from the squared magnitude of the
signal amplitude, accounting for efficiency effects and
normalization, and including background contributions
modeled from data sidebands and simulation. The signal
parameters are evaluated in the fit by minimizing the

(b)(a)

FIG. 1. Dalitz-plot distributions for (a) Bþ and (b) B− candidate decays to π�πþπ−. Depleted regions are due to the D̄0 veto.

PHYSICAL REVIEW LETTERS 124, 031801 (2020)

031801-2



negative logarithm of the total likelihood, calculated for all
candidates in the signal region. The LAURA++ package [42]
is used for the isobar and K-matrix approaches, while a
GPU-accelerated version of the MINT2 fitter [43] is used for
the QMI approach.
With the exception of the S wave, the included compo-

nents are identical in each approach and consist of the
ρð770Þ0 and ωð782Þ resonances described by a coherent
ρ-ω mixing model [44], and the f2ð1270Þ, ρð1450Þ0, and
ρ3ð1690Þ0 resonances. These latter three resonances are all
described by relativistic Breit-Wigner line shapes. The
choice of which resonances to include is made starting
from the model obtained in the BABAR analysis [11], with
additional contributions included if they cause a significant
improvement in the fit to data.
In each approach,model coefficients forBþ andB− decays

are obtained simultaneously. The amplitude coefficients
extracted from the fit, c�j ¼ ðx� δxÞ þ iðy� δyÞ, where
positive (negative) signs are used for Bþ (B−) decays, are
defined such thatCP violation is permitted. For the dominant
ρ-ω mixing component, the magnitude of the coefficient in
the Bþ amplitude is fixed to unity to set the scale, while both
Bþ and B− coefficients are aligned to the real axis as the
absolute phase carries no physical meaning.
Good overall agreement between the data and the model

is obtained for all three S-wave approaches, with some

localized discrepancies that are discussed below. Moreover,
the values for the CP -averaged fit fractions and quasi-two-
body CP asymmetries (rate asymmetries between a quasi-
two-body decay and its CP conjugate), derived from the fit
coefficients and given in Table I, show good agreement
between the three approaches.
Projections of the data and the fit models are shown in

regions of the datawithmðπþπ−Þ < 1 GeV=c2 in Fig. 2. The
ρð770Þ0 resonance is found to be the dominant component in
all models, with a fit fraction of around 55% and a quasi-two-
bodyCP asymmetry that is consistentwith zero. The effect of
ρ-ω mixing is very clear in the data [Fig. 2(b)] and is well
described by the models. Contrary to some theoretical
predictions [25–27], there is no evident CP -violation effect
associatedwith ρ-ωmixing.However, a clearCP asymmetry
is seen at values of mðπþπ−Þ below the ρð770Þ0 resonance,
where only the S-wave amplitude contributes significantly
[Fig. 2(a)]. A detailed inspection of the behavior of the S
wave, given in Ref. [29], shows that this CP asymmetry
remains approximately constant up to the inelastic threshold
2mK, where it appears to change sign; this is seen in all three
approaches to the S wave description. Estimates of the
significance of thisCP -violation effect give values in excess
of ten Gaussian standard deviations (σ) in all the S-wave
models. These estimates are obtained from the change in
negative log-likelihood between, for each S-wave approach,

TABLE I. Results for CP -conserving fit fractions, quasi-two-body CP asymmetries, and phases for each component relative to the
combined ρð770Þ0-ωð782Þ model, given for each S-wave approach. The ρð770Þ0 and ωð782Þ values are extracted from the combined
ρð770Þ0-ωð782Þ mixing model. The first uncertainty is statistical while the second is systematic.

Contribution Fit fraction (10−2) ACP (10−2) Bþ phase (°) B− phase (°)

Isobar model
ρð770Þ0 55.5� 0.6� 2.5 þ0.7� 1.1� 1.6 � � � � � �
ωð782Þ 0.50� 0.03� 0.05 −4.8� 6.5� 3.8 −19� 6� 1 þ8� 6� 1
f2ð1270Þ 9.0� 0.3� 1.5 þ46.8� 6.1� 4.7 þ5� 3� 12 þ53� 2� 12

ρð1450Þ0 5.2� 0.3� 1.9 −12.9� 3.3� 35.9 þ127� 4� 21 þ154� 4� 6

ρ3ð1690Þ0 0.5� 0.1� 0.3 −80.1� 11.4� 25.3 −26� 7� 14 −47� 18� 25

S wave 25.4� 0.5� 3.6 þ14.4� 1.8� 2.1 � � � � � �
Rescattering 1.4� 0.1� 0.5 þ44.7� 8.6� 17.3 −35� 6� 10 −4� 4� 25
σ 25.2� 0.5� 5.0 þ16.0� 1.7� 2.2 þ115� 2� 14 þ179� 1� 95

K matrix
ρð770Þ0 56.5� 0.7� 3.4 þ4.2� 1.5� 6.4 � � � � � �
ωð782Þ 0.47� 0.04� 0.03 −6.2� 8.4� 9.8 −15� 6� 4 þ8� 7� 4
f2ð1270Þ 9.3� 0.4� 2.5 þ42.8� 4.1� 9.1 þ19� 4� 18 þ80� 3� 17

ρð1450Þ0 10.5� 0.7� 4.6 þ9.0� 6.0� 47.0 þ155� 5� 29 −166� 4� 51

ρ3ð1690Þ0 1.5� 0.1� 0.4 −35.7� 10.8� 36.9 þ19� 8� 34 þ5� 8� 46

S wave 25.7� 0.6� 3.0 þ15.8� 2.6� 7.2 � � � � � �
QMI
ρð770Þ0 54.8� 1.0� 2.2 þ4.4� 1.7� 2.8 � � � � � �
ωð782Þ 0.57� 0.10� 0.17 −7.9� 16.5� 15.8 −25� 6� 27 −2� 7� 11
f2ð1270Þ 9.6� 0.4� 4.0 þ37.6� 4.4� 8.0 þ13� 5� 21 þ68� 3� 66

ρð1450Þ0 7.4� 0.5� 4.0 −15.5� 7.3� 35.2 þ147� 7� 152 −175� 5� 171

ρ3ð1690Þ0 1.0� 0.1� 0.5 −93.2� 6.8� 38.9 þ8� 10� 24 þ36� 26� 46

S wave 26.8� 0.7� 2.2 þ15.0� 2.7� 8.1 � � � � � �
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the baseline fit and alternative fits where no such CP
violation is allowed.
An additional source of CP violation, associated princi-

pally with the interference between S and P waves, is
clearly visible when inspecting the cos θhel distributions
separately in regions above and below the ρð770Þ0 peak
[Figs. 3(a) and 3(b)]. Here, θhel is the angle, evaluated in the
πþπ− rest frame, between the pion with opposite charge to

the B and the third pion from the B decay. These
asymmetries are modeled well in all three approaches to
the S-wave description. Evaluation of the significance of
CP violation in the interference between S and P waves
gives values in excess of 25σ in all the S-wave models.
At higher mðπþπ−Þ values, the f2ð1270Þ component is

found to have a CP -averaged fit fraction of around 9% and
a very large quasi-two-bodyCP asymmetry of around 40%,
as can be seen in Fig. 4 and Table I. This is the first
observation of CP violation in any process involving a

(b)(a)

FIG. 2. Projections of data and fits (top) on mlow in (a) the low mðπþπ−Þ region and (b) the ρ-ω region, with (bottom) the
corresponding CP asymmetries in these ranges.

(a)

(b)

FIG. 3. Projections of the CP asymmetry for data and fits as a
function of cos θhel in the regions (a) below and (b) above the
ρð770Þ0 resonance pole.

FIG. 4. Projections of data and fits (top) on mlow in the
f2ð1270Þ mass region, with (bottom) the corresponding CP
asymmetry.
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tensor resonance. The central value of the CP asymmetry is
consistent with some theoretical predictions [19,45,46]
that, however, have large uncertainties. The significance
of CP violation in the complex amplitude coefficients of
the f2ð1270Þ component is in excess of 10σ. This con-
clusion holds in all the S-wave models and is robust against
variations of the models performed to evaluate systematic
uncertainties.
The parameters associated to the ρð1450Þ0 and ρ3ð1690Þ0

resonances agree less well, but are nevertheless broadly
consistent, between the different models. The small
ρ3ð1690Þ0 contribution exhibits a large quasi-two-body
CP asymmetry; however this result is subject to significant
systematic uncertainties, particularly due to ambiguities in
the amplitude model, and therefore is not statistically
significant.
The main sources of experimental systematic uncertainty

are related to the signal, combinatorial and peaking back-
ground parametrization in the Bþ invariant-mass fit, and the
description of the efficiency variation across the Dalitz plot.
Also considered, and found to be numerically larger for
most results, are systematic uncertainties related to the
physical amplitude models. These comprise the variation of
masses and widths, according to the world averages [47], of
established resonances, in addition to the inclusion of more
speculative resonant structures. A small contribution from
the ρð1700Þ0 resonance is expected by some theory
predictions [48] and is considered a source of systematic
uncertainty since the inclusion of this term did not
significantly improve the models’ agreement with data.
A clear discrepancy between all three modeling

approaches and the data can be observed in the
f2ð1270Þ region (Fig. 4). This discrepancy can be resolved
by freeing the f2ð1270Þmass parameter in the fit; however,
the values obtained are significantly different from the
world-average value. The discrepancy could arise from
interference with an additional spin-2 resonance in this
region, but all well-established states are either too high in
mass or too narrow in width to be likely to cause a
significant effect. The inclusion of a second spin-2 com-
ponent in this region, with free mass and width parameters,
results in values of the f2ð1270Þ mass consistent with the
world average, where parameters of the additional state are
broadly consistent with those of the speculative f2ð1430Þ
resonance; however the values obtained for the mass and
width of the additional state are inconsistent between fits
with different approaches to the S-wave description.
Subsequent analysis of larger data samples will be required
to obtain a more detailed understanding of the ππDwave in
Bþ → πþπþπ− decays. Variation of the f2ð1270Þ mass
with respect to the world-average value, along with the
addition of a second spin-2 resonance in this region, are
taken into account in the systematic uncertainties.
In summary, an amplitude analysis of the Bþ → πþπþπ−

decay is performed with data corresponding to 3 fb−1 of

LHCbRun 1 data, using three complementary approaches to
describe the large S-wave contribution to this decay. Good
agreement is found between all three models and the data. In
all cases, significant CP violation is observed in the decay
amplitudes associated with the f2ð1270Þ resonance and with
the πþπ−S wave at low invariant mass, in addition to CP
violation characteristic of interference between the spin-1
ρð770Þ0 resonance and the spin-0 S-wave contribution.
Violation ofCP symmetry is previously unobserved in these
processes and, in particular, this is the first observation ofCP
violation in the interference between two quasi-two-body
decays. As such, these results provide significant new insight
into how CP violation manifests in multibody B -hadron
decays, and motivate further study into the processes that
govern CP violation at low ππ invariant mass.

We express our gratitude to our colleagues in the CERN
accelerator departments for the excellent performance of
the LHC. We thank the technical and administrative staff at
the LHCb institutes. We acknowledge support from CERN
and from the national agencies: CAPES, CNPq, FAPERJ,
and FINEP (Brazil); MOST and NSFC (China); CNRS/
IN2P3 (France); BMBF, DFG, and MPG (Germany); INFN
(Italy); NWO (Netherlands); MNiSW and NCN (Poland);
MEN/IFA (Romania); MSHE (Russia); MinECo (Spain);
SNSF and SER (Switzerland); NASU (Ukraine); STFC
(United Kingdom); DOE NP and NSF (USA). We
acknowledge the computing resources that are provided
by CERN, IN2P3 (France), KIT and DESY (Germany),
INFN (Italy), SURF (Netherlands), PIC (Spain), GridPP
(United Kingdom), RRCKI and Yandex LLC (Russia),
CSCS (Switzerland), IFIN-HH (Romania), CBPF (Brazil),
PL-GRID (Poland), and OSC (USA). We are indebted to
the communities behind the multiple open-source software
packages on which we depend. Individual groups or
members have received support from AvH Foundation
(Germany); EPLANET, Marie Skłodowska-Curie
Actions, and ERC (European Union); ANR, Labex P2IO
and OCEVU, and Région Auvergne-Rhóne-Alpes
(France); Key Research Program of Frontier Sciences of
CAS, CAS PIFI, and the Thousand Talents Program
(China); RFBR, RSF, and Yandex LLC (Russia); GVA,
XuntaGal, and GENCAT (Spain); the Royal Society and
the Leverhulme Trust (United Kingdom).

[1] T. Gershon and V. V. Gligorov, CP violation in the B
system, Rep. Prog. Phys. 80, 046201 (2017).

[2] N. Cabibbo, Unitary Symmetry and Leptonic Decays, Phys.
Rev. Lett. 10, 531 (1963).

[3] M. Kobayashi and T. Maskawa, CP violation in the
renormalizable theory of weak interaction, Prog. Theor.
Phys. 49, 652 (1973).

[4] J. P. Lees et al. (BABAR Collaboration), Measurement of CP
asymmetries and branching fractions in charmless two-body

PHYSICAL REVIEW LETTERS 124, 031801 (2020)

031801-5

https://doi.org/10.1088/1361-6633/aa5514
https://doi.org/10.1103/PhysRevLett.10.531
https://doi.org/10.1103/PhysRevLett.10.531
https://doi.org/10.1143/PTP.49.652
https://doi.org/10.1143/PTP.49.652


B-meson decays to pions and kaons, Phys. Rev. D 87,
052009 (2013).

[5] Y.-T. Duh et al. (Belle Collaboration), Measurements of
branching fractions and direct CP asymmetries for B → Kπ,
B → ππ and B → KK decays, Phys. Rev. D 87, 031103(R)
(2013).

[6] R. Aaij et al. (LHCb Collaboration), Measurement of CP
asymmetries in two-body B0

ðsÞ -meson decays to charged

pions and kaons, Phys. Rev. D 98, 032004 (2018).
[7] J. Dalseno et al. (Belle Collaboration), Measurement of the

CP violation parameters in B0 → πþπ− decays, Phys. Rev.
D 88, 092003 (2013).

[8] R. H. Dalitz, On the analysis of tau-meson data and the
nature of the tau-meson, Philos. Mag. 44, 1068 (1953).

[9] E. Fabri, A study of tau-meson decay, Nuovo Cim. 11, 479
(1954).

[10] B. Aubert et al. (BABAR Collaboration), An amplitude
analysis of the decay B� → π�π�π∓, Phys. Rev. D 72,
052002 (2005).

[11] B. Aubert et al. (BABAR Collaboration), Dalitz plot
analysis of B� → π�π�π∓ decays, Phys. Rev. D 79,
072006 (2009).

[12] R. Aaij et al. (LHCb Collaboration), Measurement of CP
violation in the three-body phase space of charmless B�
decays, Phys. Rev. D 90, 112004 (2014).

[13] R. Aaij et al. (LHCb Collaboration), Measurement of CP
Violation in the Phase Space of B� → KþK−π� and B� →
πþπ−π� Decays, Phys. Rev. Lett. 112, 011801 (2014).

[14] D. Xu, G.-N. Li, and X.-G. He, U-spin analysis of CP
violation in B− decays into three charged light pseudoscalar
mesons, Phys. Lett. B 728, 579 (2014).

[15] B. Bhattacharya, M. Gronau, and J. L. Rosner, CP asym-
metries in three-body B� decays to charged pions and
kaons, Phys. Lett. B 726, 337 (2013).

[16] B. Bhattacharya, M. Gronau, M. Imbeault, D. London,
and J. L. Rosner, Charmless B → PPP decays: The fully-
symmetric final state, Phys. Rev. D 89, 074043 (2014).

[17] S. Kränkl, T. Mannel, and J. Virto, Three-body non-leptonic
B decays and QCD factorization, Nucl. Phys. B899, 247
(2015).

[18] R. Klein, T. Mannel, J. Virto, and K. K. Vos, CP violation in
multibody B decays from QCD factorization, J. High
Energy Phys. 10 (2017) 117.

[19] Y. Li, A.-J. Ma, Z. Rui, W.-F. Wang, and Z.-J. Xiao,
Quasi-two-body decays BðsÞ → Pf2ð1270Þ → Pππ in the
perturbative QCD approach, Phys. Rev. D 98, 056019
(2018).

[20] J. H. A. Nogueira, I. Bediaga, T. Frederico, P. C. Magalhães,
and J. Molina Rodriguez, Suppressed B → PV CP
asymmetry: CPT constraint, Phys. Rev. D 94, 054028
(2016).

[21] J.-P. Dedonder, A. Furman, R. Kamiński, L. Leśniak, and B.
Loiseau, S-, P- and D-wave final state interactions and CP
violation in B� → π�π�π∓ decays, Acta Phys. Pol. B 42,
2013 (2011).

[22] Z.-H. Zhang, X.-H. Guo, and Y.-D. Yang, CP violation in
B� → π�πþπ− in the region with low invariant mass of one
πþπ− pair, Phys. Rev. D 87, 076007 (2013).

[23] J. H. Alvarenga Nogueira, I. Bediaga, A. B. R. Cavalcante,
T. Frederico, and O. Lourenço, CP violation: Dalitz

interference, CPT, and final state interactions, Phys. Rev. D
92, 054010 (2015).

[24] I. Bediaga and P. C. Magalhães, Final state interaction on
Bþ → π−πþπþ, arXiv:1512.09284.

[25] X.-H. Guo, O. M. A. Leitner, and A.W. Thomas, Enhanced
direct CP violation in Bþ → ρ0πþ, Phys. Rev. D 63, 056012
(2001).

[26] C.Wang,Z.-H.Zhang,Z.-Y.Wang, andX.-H.Guo, Localized
direct CP violation in B�→ρ0ðωÞπ�→πþπ−π�, Eur. Phys.
J. C 75, 536 (2015).

[27] H.-Y. Cheng, C.-K. Chua, and Z.-Q. Zhang, Direct CP
violation in charmless three-body decays of B mesons,
Phys. Rev. D 94, 094015 (2016).

[28] H.-Y. Cheng, C.-K. Chua, and A. Soni, Final state inter-
actions in hadronic B decays, Phys. Rev. D 71, 014030
(2005).

[29] R. Aaij et al. (LHCb Collaboration), companion paper,
Amplitude analysis of the Bþ → πþπþπ− decay, Phys.
Rev. D 101, 012006 (2020).

[30] A. A. Alves, Jr. et al. (LHCb Collaboration), The LHCb
detector at the LHC, J. Instrum. 3, S08005 (2008).

[31] R. Aaij et al. (LHCb Collaboration), LHCb detector
performance, Int. J. Mod. Phys. A 30, 1530022 (2015).

[32] R. Aaij et al., The LHCb trigger and its performance in
2011, J. Instrum. 8, P04022 (2013).

[33] J. A. Oller, Final state interactions in hadronic D decays,
Phys. Rev. D 71, 054030 (2005).

[34] I. Bediaga, O. Lourenço, and T. Frederico, CP violation and
CPT invariance in B� decays with final state interactions,
Phys. Rev. D 89, 094013 (2014).

[35] R. H. Dalitz and S. F. Tuan, The phenomenological repre-
sentation of K-nucleon scattering and reaction amplitudes,
Ann. Phys. (Leipzig) 10, 307 (1960).

[36] I. J. R. Aitchison, K-matrix formalism for overlapping
resonances, Nucl. Phys. A189, 417 (1972).

[37] V. V. Anisovich and A. V. Sarantsev, K matrix analysis of
the (IJPC ¼ 00þþ)-wave in the mass region below
1900 MeV, Eur. Phys. J. A 16, 229 (2003).

[38] E. M. Aitala et al. (E791 Collaboration), Model independent
measurement of S-wave K−πþ systems using Dþ → Kππ
decays from Fermilab E791, Phys. Rev. D 73, 032004
(2006); Erratum, Phys. Rev. D 74, 0059901 (2016).

[39] C. Zemach, Three pion decays of unstable particles, Phys.
Rev. 133, B1201 (1964).

[40] C. Zemach, Use of angular-momentum tensors, Phys. Rev.
140, B97 (1965).

[41] J. Blatt and V. E. Weisskopf, Theoretical Nuclear Physics,
(Wiley, New York, 1952).

[42] J. Back et al., LAURA++: A Dalitz plot fitter, Comput. Phys.
Commun. 231, 198 (2018).

[43] J. Rademacker, P. d’Argent, and J. Dalseno, MINT2, https://
doi.org/10.5281/zenodo.2585535.

[44] P. E. Rensing, Single electron detection for SLD CRID and
multi-pion spectroscopy in K−p interactions at 11 GeV=c,
Ph.D. thesis, Stanford University, SLAC-421, 1993.

[45] H.-Y. Cheng and K.-C. Yang, Charmless hadronic
B decays into a tensor meson, Phys. Rev. D 83, 034001
(2011).

[46] Z.-T. Zou, X. Yu, and C.-D. Lu, Nonleptonic two-
body charmless B decays involving a tensor meson in the

PHYSICAL REVIEW LETTERS 124, 031801 (2020)

031801-6

https://doi.org/10.1103/PhysRevD.87.052009
https://doi.org/10.1103/PhysRevD.87.052009
https://doi.org/10.1103/PhysRevD.87.031103
https://doi.org/10.1103/PhysRevD.87.031103
https://doi.org/10.1103/PhysRevD.98.032004
https://doi.org/10.1103/PhysRevD.88.092003
https://doi.org/10.1103/PhysRevD.88.092003
https://doi.org/10.1080/14786441008520365
https://doi.org/10.1007/BF02781042
https://doi.org/10.1007/BF02781042
https://doi.org/10.1103/PhysRevD.72.052002
https://doi.org/10.1103/PhysRevD.72.052002
https://doi.org/10.1103/PhysRevD.79.072006
https://doi.org/10.1103/PhysRevD.79.072006
https://doi.org/10.1103/PhysRevD.90.112004
https://doi.org/10.1103/PhysRevLett.112.011801
https://doi.org/10.1016/j.physletb.2013.12.040
https://doi.org/10.1016/j.physletb.2013.08.062
https://doi.org/10.1103/PhysRevD.89.074043
https://doi.org/10.1016/j.nuclphysb.2015.08.004
https://doi.org/10.1016/j.nuclphysb.2015.08.004
https://doi.org/10.1007/JHEP10(2017)117
https://doi.org/10.1007/JHEP10(2017)117
https://doi.org/10.1103/PhysRevD.98.056019
https://doi.org/10.1103/PhysRevD.98.056019
https://doi.org/10.1103/PhysRevD.94.054028
https://doi.org/10.1103/PhysRevD.94.054028
https://doi.org/10.5506/APhysPolB.42.2013
https://doi.org/10.5506/APhysPolB.42.2013
https://doi.org/10.1103/PhysRevD.87.076007
https://doi.org/10.1103/PhysRevD.92.054010
https://doi.org/10.1103/PhysRevD.92.054010
https://arXiv.org/abs/1512.09284
https://doi.org/10.1103/PhysRevD.63.056012
https://doi.org/10.1103/PhysRevD.63.056012
https://doi.org/10.1140/epjc/s10052-015-3757-2
https://doi.org/10.1140/epjc/s10052-015-3757-2
https://doi.org/10.1103/PhysRevD.94.094015
https://doi.org/10.1103/PhysRevD.71.014030
https://doi.org/10.1103/PhysRevD.71.014030
https://doi.org/10.1103/PhysRevD.101.012006
https://doi.org/10.1103/PhysRevD.101.012006
https://doi.org/10.1088/1748-0221/3/08/S08005
https://doi.org/10.1142/S0217751X15300227
https://doi.org/10.1088/1748-0221/8/04/P04022
https://doi.org/10.1103/PhysRevD.71.054030
https://doi.org/10.1103/PhysRevD.89.094013
https://doi.org/10.1016/0003-4916(60)90001-4
https://doi.org/10.1016/0375-9474(72)90305-3
https://doi.org/10.1140/epja/i2002-10068-x
https://doi.org/10.1103/PhysRevD.73.032004
https://doi.org/10.1103/PhysRevD.73.032004
https://doi.org/10.1103/PhysRevD.74.059901
https://doi.org/10.1103/PhysRev.133.B1201
https://doi.org/10.1103/PhysRev.133.B1201
https://doi.org/10.1103/PhysRev.140.B97
https://doi.org/10.1103/PhysRev.140.B97
https://doi.org/10.1016/j.cpc.2018.04.017
https://doi.org/10.1016/j.cpc.2018.04.017
https://doi.org/10.5281/zenodo.2585535
https://doi.org/10.5281/zenodo.2585535
https://doi.org/10.5281/zenodo.2585535
https://doi.org/10.5281/zenodo.2585535
https://doi.org/10.5281/zenodo.2585535
https://doi.org/10.1103/PhysRevD.83.034001
https://doi.org/10.1103/PhysRevD.83.034001


perturbative QCD approach, Phys. Rev. D 86, 094015
(2012).

[47] M. Tanabashi et al. (Particle Data Group), Review of
particle physics, Phys. Rev. D 98, 030001 (2018).

[48] Y. Li, A.-J. Ma, W.-F. Wang, and Z.-J. Xiao, Quasi-two-
body decays BðsÞ → Pρ0ð1450Þ; Pρ00ð1700Þ → Pππ in the
perturbative QCD approach, Phys. Rev. D 96, 036014
(2017).

R. Aaij,30 C. Abellán Beteta,47 B. Adeva,44 M. Adinolfi,51 C. A. Aidala,78 Z. Ajaltouni,8 S. Akar,62 P. Albicocco,21

J. Albrecht,13 F. Alessio,45 M. Alexander,56 A. Alfonso Albero,43 G. Alkhazov,36 P. Alvarez Cartelle,58 A. A. Alves Jr.,44

S. Amato,2 Y. Amhis,10 L. An,20 L. Anderlini,20 G. Andreassi,46 M. Andreotti,19 J. E. Andrews,63 F. Archilli,21

J. Arnau Romeu,9 A. Artamonov,42 M. Artuso,65 K. Arzymatov,40 E. Aslanides,9 M. Atzeni,47 B. Audurier,25

S. Bachmann,15 J. J. Back,53 S. Baker,58 V. Balagura,10,b W. Baldini,19,45 A. Baranov,40 R. J. Barlow,59 S. Barsuk,10

W. Barter,58 M. Bartolini,22 F. Baryshnikov,74 V. Batozskaya,34 B. Batsukh,65 A. Battig,13 V. Battista,46 A. Bay,46

F. Bedeschi,27 I. Bediaga,1 A. Beiter,65 L. J. Bel,30 V. Belavin,40 S. Belin,25 N. Beliy,4 V. Bellee,46 K. Belous,42 I. Belyaev,37

G. Bencivenni,21 E. Ben-Haim,11 S. Benson,30 S. Beranek,12 A. Berezhnoy,38 R. Bernet,47 D. Berninghoff,15 E. Bertholet,11

A. Bertolin,26 C. Betancourt,47 F. Betti,18,c M. O. Bettler,52 Ia. Bezshyiko,47 S. Bhasin,51 J. Bhom,32 M. S. Bieker,13

S. Bifani,50 P. Billoir,11 A. Birnkraut,13 A. Bizzeti,20,d M. Bjørn,60 M. P. Blago,45 T. Blake,53 F. Blanc,46 S. Blusk,65

D. Bobulska,56 V. Bocci,29 O. Boente Garcia,44 T. Boettcher,61 A. Boldyrev,75 A. Bondar,41,e N. Bondar,36 S. Borghi,59,45

M. Borisyak,40 M. Borsato,15 M. Boubdir,12 T. J. V. Bowcock,57 C. Bozzi,19,45 S. Braun,15 A. Brea Rodriguez,44

M. Brodski,45 J. Brodzicka,32 A. Brossa Gonzalo,53 D. Brundu,25,45 E. Buchanan,51 A. Buonaura,47 C. Burr,59 A. Bursche,25

J. S. Butter,30 J. Buytaert,45 W. Byczynski,45 S. Cadeddu,25 H. Cai,69 R. Calabrese,19,f S. Cali,21 R. Calladine,50 M. Calvi,23,g

M. Calvo Gomez,43,h P. Camargo Magalhaes,51 A. Camboni,43,h P. Campana,21 D. H. Campora Perez,45 L. Capriotti,18,c

A. Carbone,18,c G. Carboni,28 R. Cardinale,22 A. Cardini,25 P. Carniti,23,g K. Carvalho Akiba,2 A. Casais Vidal,44 G. Casse,57

M. Cattaneo,45 G. Cavallero,22 R. Cenci,27,i M. G. Chapman,51 M. Charles,11,45 Ph. Charpentier,45 G. Chatzikonstantinidis,50

M. Chefdeville,7 V. Chekalina,40 C. Chen,3 S. Chen,25 S.-G. Chitic,45 V. Chobanova,44 M. Chrzaszcz,45 A. Chubykin,36

P. Ciambrone,21 X. Cid Vidal,44 G. Ciezarek,45 F. Cindolo,18 P. E. L. Clarke,55 M. Clemencic,45 H. V. Cliff,52 J. Closier,45

J. L. Cobbledick,59 V. Coco,45 J. A. B. Coelho,10 J. Cogan,9 E. Cogneras,8 L. Cojocariu,35 P. Collins,45 T. Colombo,45

A. Comerma-Montells,15 A. Contu,25 G. Coombs,45 S. Coquereau,43 G. Corti,45 C. M. Costa Sobral,53 B. Couturier,45

G. A. Cowan,55 D. C. Craik,61 A. Crocombe,53 M. Cruz Torres,1 R. Currie,55 C. L. Da Silva,64 E. Dall’Occo,30

J. Dalseno,44,51 C. D’Ambrosio,45 A. Danilina,37 P. d’Argent,15 A. Davis,59 O. De Aguiar Francisco,45 K. De Bruyn,45

S. De Capua,59 M. De Cian,46 J. M. De Miranda,1 L. De Paula,2 M. De Serio,17,j P. De Simone,21 J. A. de Vries,30

C. T. Dean,56 W. Dean,78 D. Decamp,7 L. Del Buono,11 B. Delaney,52 H.-P. Dembinski,14 M. Demmer,13 A. Dendek,33

D. Derkach,75 O. Deschamps,8 F. Desse,10 F. Dettori,25 B. Dey,6 A. Di Canto,45 P. Di Nezza,21 S. Didenko,74 H. Dijkstra,45

F. Dordei,25 M. Dorigo,27,k A. C. dos Reis,1 A. Dosil Suárez,44 L. Douglas,56 A. Dovbnya,48 K. Dreimanis,57 L. Dufour,45

G. Dujany,11 P. Durante,45 J. M. Durham,64 D. Dutta,59 R. Dzhelyadin,42,a M. Dziewiecki,15 A. Dziurda,32 A. Dzyuba,36

S. Easo,54 U. Egede,58 V. Egorychev,37 S. Eidelman,41,e S. Eisenhardt,55 U. Eitschberger,13 R. Ekelhof,13 S. Ek-In,46

L. Eklund,56 S. Ely,65 A. Ene,35 S. Escher,12 S. Esen,30 T. Evans,62 A. Falabella,18 C. Färber,45 N. Farley,50 S. Farry,57
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12I. Physikalisches Institut, RWTH Aachen University, Aachen, Germany
13Fakultät Physik, Technische Universität Dortmund, Dortmund, Germany

14Max-Planck-Institut für Kernphysik (MPIK), Heidelberg, Germany
15Physikalisches Institut, Ruprecht-Karls-Universität Heidelberg, Heidelberg, Germany

16School of Physics, University College Dublin, Dublin, Ireland
17INFN Sezione di Bari, Bari, Italy

18INFN Sezione di Bologna, Bologna, Italy
19INFN Sezione di Ferrara, Ferrara, Italy
20INFN Sezione di Firenze, Firenze, Italy

21INFN Laboratori Nazionali di Frascati, Frascati, Italy
22INFN Sezione di Genova, Genova, Italy

23INFN Sezione di Milano-Bicocca, Milano, Italy
24INFN Sezione di Milano, Milano, Italy

25INFN Sezione di Cagliari, Monserrato, Italy
26INFN Sezione di Padova, Padova, Italy

27INFN Sezione di Pisa, Pisa, Italy
28INFN Sezione di Roma Tor Vergata, Roma, Italy
29INFN Sezione di Roma La Sapienza, Roma, Italy

30Nikhef National Institute for Subatomic Physics, Amsterdam, Netherlands
31Nikhef National Institute for Subatomic Physics and VU University Amsterdam, Amsterdam, Netherlands

32Henryk Niewodniczanski Institute of Nuclear Physics Polish Academy of Sciences, Kraków, Poland

PHYSICAL REVIEW LETTERS 124, 031801 (2020)

031801-9



33AGH—University of Science and Technology, Faculty of Physics and Applied Computer Science, Kraków, Poland
34National Center for Nuclear Research (NCBJ), Warsaw, Poland

35Horia Hulubei National Institute of Physics and Nuclear Engineering, Bucharest-Magurele, Romania
36Petersburg Nuclear Physics Institute NRC Kurchatov Institute (PNPI NRC KI), Gatchina, Russia

37Institute of Theoretical and Experimental Physics NRC Kurchatov Institute (ITEP NRC KI), Moscow, Russia
38Institute of Nuclear Physics, Moscow State University (SINP MSU), Moscow, Russia

39Institute for Nuclear Research of the Russian Academy of Sciences (INR RAS), Moscow, Russia
40Yandex School of Data Analysis, Moscow, Russia

41Budker Institute of Nuclear Physics (SB RAS), Novosibirsk, Russia
42Institute for High Energy Physics NRC Kurchatov Institute (IHEP NRC KI), Protvino, Russia, Protvino, Russia

43ICCUB, Universitat de Barcelona, Barcelona, Spain
44Instituto Galego de Física de Altas Enerxías (IGFAE), Universidade de Santiago de Compostela, Santiago de Compostela, Spain

45European Organization for Nuclear Research (CERN), Geneva, Switzerland
46Institute of Physics, Ecole Polytechnique Fédérale de Lausanne (EPFL), Lausanne, Switzerland

47Physik-Institut, Universität Zürich, Zürich, Switzerland
48NSC Kharkiv Institute of Physics and Technology (NSC KIPT), Kharkiv, Ukraine

49Institute for Nuclear Research of the National Academy of Sciences (KINR), Kyiv, Ukraine
50University of Birmingham, Birmingham, United Kingdom

51H.H. Wills Physics Laboratory, University of Bristol, Bristol, United Kingdom
52Cavendish Laboratory, University of Cambridge, Cambridge, United Kingdom

53Department of Physics, University of Warwick, Coventry, United Kingdom
54STFC Rutherford Appleton Laboratory, Didcot, United Kingdom

55School of Physics and Astronomy, University of Edinburgh, Edinburgh, United Kingdom
56School of Physics and Astronomy, University of Glasgow, Glasgow, United Kingdom

57Oliver Lodge Laboratory, University of Liverpool, Liverpool, United Kingdom
58Imperial College London, London, United Kingdom

59School of Physics and Astronomy, University of Manchester, Manchester, United Kingdom
60Department of Physics, University of Oxford, Oxford, United Kingdom
61Massachusetts Institute of Technology, Cambridge, Massachusetts, USA

62University of Cincinnati, Cincinnati, Ohio, USA
63University of Maryland, College Park, Maryland, USA

64Los Alamos National Laboratory (LANL), Los Alamos, USA
65Syracuse University, Syracuse, New York, USA

66Laboratory of Mathematical and Subatomic Physics, Constantine, Algeria
[associated with Universidade Federal do Rio de Janeiro (UFRJ), Rio de Janeiro, Brazil]
67Pontifícia Universidade Católica do Rio de Janeiro (PUC-Rio), Rio de Janeiro, Brazil
[associated with Universidade Federal do Rio de Janeiro (UFRJ), Rio de Janeiro, Brazil]

68South China Normal University, Guangzhou, China
(associated with Center for High Energy Physics,

Tsinghua University, Beijing, China)
69School of Physics and Technology, Wuhan University, Wuhan, China

(associated with Center for High Energy Physics, Tsinghua University, Beijing, China)
70Departamento de Fisica, Universidad Nacional de Colombia, Bogota, Colombia
(associated with LPNHE, Sorbonne Université, Paris Diderot Sorbonne Paris Cité,
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