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Circularly-Polarized Fabry-Perot Antenna Using a
Hybrid Leaky-Wave Mode

Antoine Calleau, Maria Garcia-Vigueras, Senior Member, IEEE, Hervé Legay, Ronan Sauleau, Fellow, IEEE and
Mauro Ettorre, Senior Member, IEEE

Abstract—A spectral Green’s function approach is developed
here to analyze Fabry-Perot antennas for the generation of circu-
lar polarization. The structure consists of a single cavity, created
between a partially reflective surface and a high impedance
surface, fed by a low directive linearly polarized source. The
elements in the antenna are characterized by tensor impedances.
This frame allows to conceive a circularly polarized antenna
supporting a single hybrid leaky-wave mode. By means of a
residue analysis, it is demonstrated that the use of a single hybrid
leaky mode is sufficient to generate circular polarization. The
tool is validated by an antenna design matched over a relative
bandwidth of 28.5% with an axial ratio lower than 3 dB.

Index Terms—Fabry-Perot antennas, leaky-wave antennas, cir-
cular polarization, spectral Green’s functions

I. INTRODUCTION

ABRY-PEROT antennas (FPAs) have been extensively
Fresearched for the past decades for their capability of
creating a large radiating aperture while keeping the antenna
simple and compact [1]. The original concept consists of a
cavity created between a partially reflective surface (PRS)
and a ground plane excited by a low directive source [1].
Since their introduction, FPAs have considerably evolved and
numerous implementations can be found in literature showing
gain enhancement capability [2], [3], beam steering [4], beam
shaping [5]-[7], or even radar cross section reduction [8].
The ground plane may be replaced by a high impedance
surface (HIS) to allow sidelobes reduction [9], profile reduc-
tion [10], [11], or higher control of the beam steering [12],
[13] for instance. In many applications that consider space
to earth links or multi-path media, circular polarization (CP)
is required. CP-FPAs have been broadly studied for the past
decade, and diverse contributions can be found in literature.
Three general strategies can be identified to generate CP. In
the first strategy the cavity is fed by a CP primary source that
can be either a patch [14], [15], a sequentially rotated slot
array [16], or even an array of patches [17]. The use of such
CP sources often implies bulky and complex feeding networks
and the use of dielectric materials. A second strategy consists
in considering a linearly polarized (LP) primary source. It
can be either a vertical [18] or a horizontal source slanted
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Fig. 1. View of the Fabry-Perot antenna under study, where the top partially
reflective and the bottom high impedance surfaces are characterized by
infinite tensor impedances T and B, respectively. (p, 6, ¢) are the cylindrical
coordinates.

by 45° in the azimuthal plane [19]-[24]. The latter launches
both a Transverse Electric (TE) and a Transverse Magnetic
(TM) mode within the cavity [25] interacting with the different
elements of the antenna to create CP. The present manuscript
is based on a third strategy that consists of a self-polarizing
cavity. This method was firstly introduced in [26] and it is
here considered from a different perspective.

In the cited references of the previous paragraph, various
analysis frames are proposed, with different levels of accuracy.
As in [19]-[21], [23], [24], [26], the antenna is seen as a
resonator where the wave number is assumed to be 8 = kg
(ko, the free space wave-number) and the field is solved using a
ray tracing method. A more accurate method that considers the
complex nature of the wave number can be found in [22], [27].
However, in the two aforementioned references, the source
(a coaxial probe, or a patch antenna) is not described in the
analysis and it is assumed to be a point source.

In the present manuscript, an analytical approach to
characterize accurately FPAs with arbitrary tensorial sheet
impedances in the stack-up and considering the effect of the
feeding source is proposed. The tool is used to analyze CP-
FPAs, with broadside radiation, fed by a linearly polarized
(LP) source parallel to the ground plane. It allows to analyze
such antennas from a leaky-wave (LW) perspective. It results
that CP can be theoretically produced by the proposed FPA
by the excitation of a single hybrid leaky-wave (HLW) mode
within the cavity. As a result, the HLW is here used to create
CP and at the same time enhances the directivity of the
elementary source. The proposed approach eases the design
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Fig. 2. Equivalent T-Line Network of the structure in Fig. 1.

of the antenna by using ideal tensorial sheet impedances for
the stack-up of the cavity. The required impedance boundaries
are then synthesized by using the full-wave commercial solver
ANSYS HFSS. The paper is organized as follows. In section
I, the spectral GFs analysis of the proposed antenna is devel-
oped. In section III, design guidelines are provided based on
the performance analysis of possible antenna configurations.
Some assumptions are made for the formulation. They are
clearly identified and justified, and their limits of validity
discussed. Section IV is dedicated to the synthesis of a single-
mode CP-FPA. A layout for the PRS and the HIS is obtained.
Full-wave results validate the proposed approach and main
conclusions. The performance of the antenna is then compared
to the state of the art. Finally, conclusions are drawn in section
V.

II. SPECTRAL GREEN’S FUNCTION FPA ANALYSIS

The structure under study is presented in Fig. 1. It consists
of a single FP cavity created between a tensorial PRS (T) on
the top, and a tensorial HIS (B) over a ground plane. Free
space is assumed between the different layers, however other
materials may be considered without affecting the formulation.
The cavity is fed by one or several LP apertures with size
a X b placed in the ground plane. Such apertures are fed by
a monomodal rectangular waveguide with the electric field
polarized along z.

Resorting to a spectral GF analysis, the structure presented
in Fig. 1 can be equivalently represented by the transmission-
line network sketched in Fig. 2, where the two transmission-
lines account for both TE and TM modal solutions. Their
corresponding modal impedances are ZI¥ = ¢kg/k,o and

ZgM = Eka.o/ko where k.o = [k} —k2 is the wave

number along z axis, k, = |/kZ + k2, and § is the free-
space impedance. For the sake of completeness, and in order
to consider any possible case where coupling could exist
between TE and TM modes, the impedances T, and B are

represented as tensors (their definitions are given in Appendix

TABLE I
DESIGN CONFIGURATIONS.
Capacitive-Inductive | Inductive | Capacitive

h (mm) 5 5 2.5

D (mm) 8.1 52 6
Th2 (Ohm) -j9000 -j9000 -j9000
T11 (Ohm) 3130 j200 j200
T2 (Ohm) 0 0 0
Bao (Ohm) -j30 7420 -j275
B11 (Ohm) j100 3950 -j675
Bi2 (Ohm) j110 3500 3500

A). Considering the general case for which Ti5, T51, Bio,
B, are non-zero and using the superposition theorem [28],
the voltages vy, and vpg at the end of the lines presented
in Fig. 2 can be defined as:

U§?4(kpv “Qv Z)

UTM/TE(kpa 2) = 1)3/4(7% 2,z) = or
032, (kp, 92, 2)

» (D

with k, = /kZ + kZ and 2 = tan(k,/k.). The details of the
calculations are given in Appendix B. As presented in Fig.2,
the v4 (vp) superscript refers to the case where a voltage
source is placed in the TM (TE) line and the one in the
TE (TM) line is replaced by a short-circuit. Following [28],
chapter 12.9.3, the total far field can be evaluated for each ¢
cut-plane, yielding:

B

koe_jkoT

I om Losl(a)] X

GEM (k,, Q,vrE,vra) My(k,, ), (2)

where k, = kosin(f), and 2 = ¢. In (2), Mt(kp,ﬂ) is
the Fourier transform of the magnetic current distribution at
z=0. éfM(k,,, 2, vrg,vrap) is the spectral dyadic Green’s
function [29], its definition is given in Appendix C. The EM
superscript indicates that GFM is associated to the electric
field due to a magnetic current distribution.

III. DISPERSION ANALYSIS

A. Uniform impedance sheets

The natural resonances of the antenna stack-up can also
be derived. Let us first consider that 7 and B are uniform.
Therefore, no coupling exists between TE and TM modes and
T and B are diagonal matrices of the form

T 0 B 0

aE(k/)a‘Q) = B

T(k,, ) = 3)

By looking at Fig. 2, two Transverse Resonant Equations
(TREs) [30] can be defined in the considered scenario by
considering the TE and TM transmission lines in Fig. 2:

Yo T I f) + vy ST (RTEIM ) =0, @)



As it is well known, the solutions of a TRE (values of kgigM)

define the modal solutions satisfying the boundary conditions

of the structure [30]. Leaky-wave modes supported by the
TE/TM

structure are therefore characterized by a &k, that is
complex and that varies with the frequency [31]
TE/TM TE/TM . TE/TM
kp,s/ol (f) = Bsol/ (f) - ]Oésol/ (f) (5)
In (5), ﬁsTf/ ™ is the phase constant and agz/ ™ the leakage

rate, both associated to the leaky-wave modal solution. Since
no coupling is considered between the TE and TM modes, the
TE and TM lines in Fig. 2 are uncoupled, and several leaky-
wave modes may be supported by the cavity. These solutions
have naturally different dispersive behavior.

B. Diagonal tensorial impedance sheets

Let consider ? and ? of the form

ﬁ(kp,rz):[}z—l(g)} 31;(0) ng(o) [R(Q)], (6)
?(k,,,n):[zrl(n)} T”O(O) TQQO(O) [R(Q)}, (7

where B1; #Z Bag, Th1 # T, and R({2) is defined in (23).
In that case, as presented in [32], TE and TM modes are
uncoupled in the principal planes ¢ = 0° and ¢ = 90°, and the
dispersion equations are the one in (4). In all the other planes,
B and T are not diagonal and TE and TM modes couple,
pertaining to hybrid modes. Therefore, equations (4) become
rigorously equivalent. As a consequence, pairs of hybrid leaky-
wave (HLW) modes may exist in the cavity as the two TREs
in (4) become identical and equal to:
Yop (ko 1) + Y& Uy,

p,sol?

2,f) =0, ®)

where the superscript hyb indicates that the solutions are con-
sistent to hybrid modes. The propagation constant associated
to the hybrid leaky-wave modes depends on the observation
plane, due the anisotropy of the PRS and the HIS.

C. Non-diagonal tensorial impedance sheets

Let’s consider now that § and ? are of the form

Bt =[] [ ) (] ©
?(kp,g):[R_l(m} TnO(O) T220(0) [R(Q)}. (10)

As discussed in [32], since ﬁ(kp,O) is non-diagonal, an
angle (2 # nm/2 with n € Z exists so that ?(k,,,()l)
is a diagonal matrix. However, since ?(kp,()) is diagonal,
?(pr7 {2) is a non-diagonal tensor. As a consequence, for any
azimuthal plane ¢, coupling exists between TE and TM modes
and the dispersion equation corresponds to equation (8). As

demonstrated in Section IV, such a mode will be used to create
CP.

IV. DESIGN GUIDELINES FOR CP-FPA

In this section, guidelines are provided to design CP-FPA,
supporting a single HLW mode radiating broadside with the
intention of identifying the most promising scenarios. The
goal is to assess the configuration maximizing the axial ratio
bandwidth (AR-BW) [28] of the antenna.

A. Single-mode operation

As illustrated in Fig. 1, the considered primary source is po-
larized along . To avoid higher-order mode excitation and for
manufacturing issues, both & and D are fixed around quarter
wavelength at the operating frequency. The tensor impedance
considered for the PRS is of the type (11) corresponding to
a classical case considered in literature [26] for which the
PRS only interacts with the z-polarized field while being
transparent to y-polarized waves. The PRS is assumed loss less
and purely reactive around the operating frequency, therefore
it can be written as:

Ty 0

?(k,,,rz)z[}z—l(rz)} . (11)

).

where T7; is purely imaginary. By inspecting (11) it can be
deduced that the PRS is inductive or capacitive when 77, is
positive or negative. The reflectivity of the PRS depends solely
on the magnitude of 77;. Higher value of T7; corresponds to
a more transparent PRS.

Since B is a tensorial impedance of the form (9), cou-
pling between TE and TM modes is introduced and only
hybrid leaky-wave modes are supported by the cavity, as
demonstrated in Section III.C . Considering that the source is
polarized along z, a single hybrid mode is excited, generating
a CP field. This avoids the need for equal dispersive behavior
for both TE and TM solutions to assure CP [18]. The HIS
and the PRS should be tuned appropriately to generate CP,
thus determining the remaining unknowns 711, B11, Bag, and
Bj5. In the following, the polarization operation is attributed
to the HIS while the gain enhancement is attributed to the PRS
[22].

B. Design of the HIS

Assuming 77, is fixed, B must be chosen by looking to the
axial ratio (AR) performance. The latter will be tuned to target
CP at broadside. Figure 3 presents the variation of the AR for
a fixed value of T7;. By tuning Bjo, an infinite number of
potential solutions can be theoretically found. Those solutions
can be divided into three groups. One for which both B;; and
Bss are positive (inductive case), a second one for which both
Bi11 and By are negative (capacitive case) and a third one for
which the impedance have opposite signs (capacitive-inductive
case). For the sake of completeness, and to benchmark the
performance of the different solutions, three different antennas
with directivity around 13 dBi at 15 GHz are synthesized, their
characteristics are given in Table L.

The impedances are assumed to be independent of the
frequency as well as the incidence in the elevation plane and
an analysis of the behavior of the three designs is carried
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out. Directivity and AR comparisons are proposed in Fig.
4 (b). The three cases show similar directivity behavior but
the capacitive-inductive design can be discarded when com-
paring the axial ratio bandwidth (AR-BW). Indeed, although
the phase difference between F4 and Fjg presented in Fig.
4(a) (left) presents similar variations, the variations of the
magnitude ratio between the two components (Fig. 4(a) (right))
for the capacitive-inductive case are much stronger that the
ones for the capacitive or the inductive cases. Regarding the
AR-BW, the capacitive and the inductive cases are therefore
the most promising solutions.

Considering the proximity between the HIS and the ground
plane for the capacitive configuration (see Table I) and the
manufacturing issues linked to it, the inductive design is
chosen. An inductive surface can be easily synthesized with a
mesh of metallic strips [33], [34]. The synthesis is proposed
in the next section.

C. Design of the PRS and impact on the LW radiation

In this section, we highlight the fact that although both the
leaky modal solutions of the cavity and the direct radiation
from the primary source contribute to the radiated fields,
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the HLW generates the component necessary to create CP.
In the following we intend to assess the impact of the LW
contribution to the total radiated field, and thus, the fact that
the LW could be the only responsible for the generation of
CP (since direct radiation from the source is LP). Following
[31], [35] the contribution of the LW to the radiated field can
be approximated by the following residue analysis

By (9,0)] _ koeior 2k (ky, )
B (0,0) 2rr k2 — kM (k. 12)
Res |:étEM(ka 2,vrg, UTM)M(kPa Q)a k,};fﬁ)l(km ‘Q) )
(12)
where  k, = kosin(f), and {2 = 0.

Res(GEM (kp, 2,075, vra) M (kp, 2), kp st (K, 2)) s
the residue of GFM(k,, 2, vre, vrar)M(k,, ) at k)%,
The superscript Alw indicates that the field is the one radiated
by the HLW. In order to illustrate the contribution of the
LW to the CP radiated far field, two examples are next
analyzed where T7; = j100 Ohm or 7200 Ohm thus implying
high/low PRS reflectivity cases. The dispersion of the two
aforementioned cases is presented in Fig. 5. As expected,
the leakage rate of the high reflectivity case is much lower
than the one of the low reflectivity case. Figure 6 presents
the comparison between the magnitude of the field radiated
by the LW, evaluated with (12), and the total field, evaluated
with (2), for both Eg and E, in the plane ¢ = 0. By looking
at the Ey component, it can be noticed that this component
of the radiated fields is only created by the LW. In Fig. 7
the normalized directivity and the AR of both designs are
presented. Thanks to the single HLW in the cavity, it is
demonstrated that the AR bandwidth is independent of the
directivity peak. Consequently, the technique is particularly
interesting for small apertures, for which the gain bandwidth
is large. Therefore, it can be deduced that the HLW not only
is responsible for the gain enhancement of the cavity but also
for the generation of CP over a wide band. Although the gain
enhancement is highly related to the leakage rate, and so to
the PRS reflectivity, in the following T%; is fixed to ;5200
Ohm to get wide 3dB directivity BW.

() (©)

Fig. 8. Fabry-Perot antenna under study. D = 5.2 mm, h = 5 mm. For
manufacturing simplicity: ws¢rip = 1 mm, and pgirip = 7 mm. Therefore,
to realize the chosen impedances: w, = 0.5 mm, wy = 4 mm, p, = 10.6
mm, py = 12.3 mm and ¢ = 59°. The slots size are « = 8 mm, b = 12
mm and are separated by a distance sep = 2 mm. Rohacell HF51 foam is
considered between the elements.

V. ANTENNA SYNTHESIS

A. Design Procedure

When synthesizing the desired values of the impedances,
it is desirable to opt for low dispersive and non-resonating
cell topologies. Both the PRS and HIS geometries in Fig. 8
are chosen to provide a constant behavior with the frequency
around the frequency of operation and with respect to angles
of incidence close to broadside. This assumption is in line
with the analytical approach proposed in the previous sections.
As presented in [37], the reflection properties of a surface
impedance can be determined by its Floquet’s harmonics
scattering matrix such as:

To synthesize the antenna, the topologies depicted in Fig. 8
have been chosen for the PRS and HIS. The PRS is made out
of periodic metallic strips aligned with = in order to provide a
T matrix of the type (11). The width of each strip is Wetrip and
the period is psirip. If Werrip ~ A/10, and Weprip \Dsirip <K
1, the strip grid can be considered as transparent for the y-
polarization [38] and the assumption made in (11) remains

valid. For the case of the HIS, both the phase of I'};(k,,0)



TABLE II
Reference | Source Polarization | Max. directivity | -10dB-S1; BW | 3dB-directivity BW | 3dB-AR BW
[24] LP 10 dBi 2.6 % >5 % 0.85 %
[20] LP 13.5 dBi 10 % >10 % 1.9 %
[23] LP 12.4 dBi 3.7 % 7.9 % 6 %
[36] CP 12 dBi 13.9 % 19 % 13 %
This work LP 13.2 dBi 23.5 % 215 % 28.5 %
and I'%,(k,,0) can be written 180
— =--rBg=0
T ooy — Fualin0) = 28106,0 N
11(]€p,0) = = " - W@Wew;;f&&;vvvv ""FE 6=10 N
Tk, 0) + Zy ™ (K, 0) (14) £ 140 2 0= 25 | ]
= m _ 7TE g -0- % —0°
[g;(k’p,()) _ ZQQ(kP’O) ZO (k‘mO)’ fé 1201 Fgﬁ 0 ]
= - ‘B . o
Taa(k,,0) + ZTE(k,,0) N e - TH6=10
100 P I5 0 =25 |
they both vary less than 5% over the frequency band.
The HIS is a mesh of inductive strips of widths w, and w, 80, 125 13 135 14 145 15 155 16

with periodicity p, and p, rotated by an angle 1) around z. This
allows to tune each parameter of the tensor B. Following the
guidelines presented in section III, the characteristics of both
surfaces to obtain left-handed circular polarisation (LHCP)
are:

— 200 0
T(kpvo) = / . ’
0 —j13000
(15)
— 7950 7500
B k,.0) = .
cucr(kp,0) L’5oo 420

T can be obtained by using a full-wave simulator considering
a unit-cell scenario with Floquet boundary conditions. The
case of Brycp is more complicated to address, since it is
not straightforward to tune independently the three desired
values of the matrix. Therefore, by considering (21) and (22)
in Appendix A, it is possible to reduce the problem to the
synthesis of only two components of the tensor and finding
the angle ¢ = 59° where the diagonal components are zero
[37].

Ethl()P((kp’ 59°) =
{R—1(59°)} [.7950 j500] [R(59°)]

4500 5420 (16)
_[j1250 0
| o j119)’

where [R(¢)} is defined in (23). The angle found to diago-
nalized the matrix corresponds to the angle of rotation v of
the HIS. As for the synthesis of the PRS, using the full-wave
solver HFSS, the HIS is easily synthesized. Similarly as in

(14), the variation of the phase of 7 (,59°) and I'5,(6,59°)
are derived and presented in Fig. 9. Both phase vary less than
5% in the considered frequency band and angles of incidence,
which valid the assumptions made in this work. As a result,
over the frequency band on interest (12-16GHz) and for a
limited scanning angle (+25°), the assumptions made for both
impedances are valid.

Frequency [GHz]

Fig. 9. Phase of the reflection coefficient of the adapted PRS.

B. Circular Polarization Orientation

As presented in Section III.C, the HIS of the form (16)
leads to LHCP. It might be of interest to realize right-handed
CP (RHCP), and this can be easily done by changing the signs
of Bys and By in (15) as

j950

17
— 4500 (1

= —§500
B k,,0) = .
RHCP( 14 ) [ j420 ]

Following the same procedure, ERHO p may be diagonalized
as

ERHCP(/‘Cm —59°) =

4950  —5500
R~(—59° R(—59°
[ ( )] [;500 4420 [ ( )} (18)
41250 0
0 j119|’

which leads to the same parameters as in (16). Consequently,
RHCP or LHCP may be chosen by considering respectively a
rotation +1 or — of the HIS.

C. Simulation Results

To avoid spurious radiation at the edge of the antenna, the
antenna is dimensioned so that the field level reaching its edges
is at least 15 dB lower than the level at the center. Following
[25], this corresponds to a radiation efficiency of the HLW of
about 98%. The antenna is extended of 2 around the source.
Therefore, the 5\ x 5A x 1 full structure is simulated using
the full-wave solver HFSS.

As presented in Fig. 8, two slots are etched on the ground
plane for matching purpose. The couple of slots in the ground
plane are fed by a waveguide transition that have been de-
signed by full-wave simulations. The waveguide transition is
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size: a=8 mm, b=12mm, gap=2 mm.
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Fig. 12. Simulated performance of the synthesized antenna. Ohmic, dielectric
and return loss are considered in the simulations. The strip grids are made of
brass with thickness 0.1mm. The spacers are made of HF51 foam (e, = 1.067
and tan(d4) = 0.0041 at 10 GHz).

depicted in Fig. 10 along with its dimensions. A comparison
between full-wave simulations and the proposed tool is pro-
vided in Fig. 11; good agreement is observed. Fig. 12 presents
the performance of the antenna in terms of directivity, AR
and matching around the central frequency f; = 14 GHz.
The antenna is matched and presents a directivity variation
smaller than 3 dB in the band 12.8-16 GHz (22.9%). Besides,
the AR is lower than 3 dB in the band 12-16 GHz (28.5%). In
Table II, a comparison between the work presented here and
some contributions in the literature is proposed, for similar
directivity peak values. For example, in [20], [23], [24], [36]
LP primary sources slanted by 45 © are utilized to feed the
cavity. As detailed in section II, two LW modes need to be
excited in the cavity to generate CP. In the work presented
here, a single HLW is excited allowing a wide AR bandwidth,
suitable for small aperture sources for a wide gain-bandwidth

product.

VI. CONCLUSION

A circularly-polarized Fabry-Perot antenna based on a hy-
brid LW mode has been presented in this paper. Based on
a spectral Green’s function approach and the definition of
a tensorial equivalent model, the antenna has been analyzed
from a LW perspective. Resorting to a residue analysis, it
has been showed that a single leaky mode is sufficient to
produce CP in a wide band. Several assumptions have been
made to derive the theoretical formulation. In particular, we
have assumed that the PRS and HIS tensor impedances do
not change with the frequency and angle of incidence around
broadside. In spite of these approximations, the proposed
tool becomes very useful to find a first theoretical design.
A full-wave analysis is then necessary to synthesize realistic
PRS and HIS structures. The simulated results agree with the
numerical results of the proposed tool, thus validating the
approach and main conclusions. A design example is also
proposed validating the approach. The proposed antenna shows
a wide band operation, 21.5% around 14 GHz, which is a
significant improvement, of about 8%, with respect to the
literature. The proposed antenna is within the state of the art
in terms of compactness. No dielectric materials are needed
to manufacture the antenna, which is very appealing for space
applications.

APPENDIX
A. Definition of the tensor impedances

The impedances T and B are represented by the following
tensors

Ty, @) = |11 €2 Tl € (19)
" b1 (kp, 2) Toa(ky, 2)]

Bk, @) — | Dl 2 Bl 21
P Bai(ky, £2)  Baa(ky, 2) '

Considering a reference value in the plane 2 = ¢ = 0 (see
Fig. 1) and normal incidence, the impedances in (19), (20) can
be written as

%(kp,ﬁ)f[Rfl(Q)} giggi gzggi [R(Q)}, @1
B(k,, ) = [R1(0)] i;gg; 2228; R @

where [37], [39]
cos(£2)
sin(§2)

—sin($2)

2
cos(f?2) @

[r(@)] =

T11(0), B11(0) are the impedances seen by the x-polarized
waves, T2(0), B22(0) are the ones affecting the y-polarized
ones, and T32(0), T51(0), Bi12(0), B21(0) account for the
coupling between both polarizations. Considering reciprocity
[40], [41] T12(0) = Tgl(O) and 312(0) = 321(0) This
synthesis method allows to obtain the tensor impedances at
any desired (2 value from a given reference.



B. Analytic derivation of the currents and voltages

The calculations to compute the voltages vrg and vrjs in
Fig. 2 are presented for the case for which the TM line is fed
and the TE line is ended by a short-circuit. The calculations
for TE line fed and TM line closed on a short-circuit are
very similar, and hence not presented in this appendix. The
superscript TM on the current and voltages indicates that a
voltage source is placed in the TM line and the one in the
TE line is short-circuited. Rigorously, due to the anisotropy
of the PRS and the HIS, all the currents and voltages depend

n (k,, £2). However, for readability purpose, this dependence
is omitted in the derivations. The equivalent transmission line
network presented in Fig. 2 can be solved as a ABCD matrix
network as presented in Fig. 13(c). All the defined voltages and
currents are presented in Fig. 13. Considering the definition
of tensors in (19), (20), and the direction of the voltages i7
and 72 in Fig. 13(c), the following expressions hold

(24)

And therefore, it can be defined B ABDC, and T ABDC as

Bi11B22—B12B2
B2y

By /Ba

T12T1 —T11T22

21
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(25)
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)

so that

(26)

Now, ﬁ and f are defined as
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Finally, solving the ABCD matrix network in Fig. 13(c), one
can define A and A as

= |An A = =
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And finally a system of four equations can be defined as
follows
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Therefore, using the expression of v in (36), we define
KTM as
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such as
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Fig. 13. (a) ABCD matrix representation of the FPA where (b) the TM line is fed and (c) the TE line is closed on a short-circuit. The superscript TM on
the currents and voltages indicates that a voltage source is placed in the TM line and the one in the TE line is short-circuited.

and in (32) by replacing v1* and iT}/ by the expressions in

(36) and (39) it follows that

-1
Z-TJW _ 4

= —— 40
4 cos(k,1h)’ (40)
where
A1y (Arg — Avo
Kiy = ( ) + Ao + 5 ZTM tan(k, h) K1

(40— An)

(41)
Now that i1 is known, vIM shall be solved by using (36)
and then with (26) vI and ™ can be calculated.

C. Spectral GF derivation

Since the GF is sampled with respect to the observation
plane ¢, the use of polar coordinates is more suitable. The
spectral dyadic GF of layered media associated with a horizon-
tal magnetic source is sampled with respect to the observation
plane ¢. By linear superposition, the GF used in (2) is defined
as

,U:?Efeed(kp’ Q) ,Ug“l\lfeed(kp7 Q)

vy Ny, ) vp Mfeed(if(i <

GFM(kpa 2, UTE,UTM) =
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