
HAL Id: hal-01206182
https://hal.science/hal-01206182v1

Submitted on 23 Mar 2020

HAL is a multi-disciplinary open access
archive for the deposit and dissemination of sci-
entific research documents, whether they are pub-
lished or not. The documents may come from
teaching and research institutions in France or
abroad, or from public or private research centers.

L’archive ouverte pluridisciplinaire HAL, est
destinée au dépôt et à la diffusion de documents
scientifiques de niveau recherche, publiés ou non,
émanant des établissements d’enseignement et de
recherche français ou étrangers, des laboratoires
publics ou privés.

Revisiting the theory and usage of junction capacitance:
Application to high efficiency amorphous/crystalline

silicon heterojunction solar cells
Jean-Paul Kleider, José Alvarez, Aurore Brézard-Oudot, Marie-Estelle

Gueunier-Farret, Olga Maslova

To cite this version:
Jean-Paul Kleider, José Alvarez, Aurore Brézard-Oudot, Marie-Estelle Gueunier-Farret, Olga Maslova.
Revisiting the theory and usage of junction capacitance: Application to high efficiency amor-
phous/crystalline silicon heterojunction solar cells. Solar Energy Materials and Solar Cells, 2015,
135, pp.8-16. �10.1016/j.solmat.2014.09.002�. �hal-01206182�

https://hal.science/hal-01206182v1
https://hal.archives-ouvertes.fr


Revisiting the theory and usage of junction capacitance: Application to
high efficiency amorphous/crystalline silicon heterojunction solar cells

Jean-Paul Kleider n, José Alvarez, Aurore Brézard-Oudot,
Marie-Estelle Gueunier-Farret, Olga Maslova
Laboratoire de Génie Electrique de Paris, CNRS UMR 8507, SUPELEC, Univ. Paris-Sud, Sorbonne Universités-UPMC Univ. Paris 06,
11 rue Joliot-Curie, Plateau de Moulon, F-91192 Gif-sur-Yvette Cedex, France

a r t i c l e i n f o

Article history:
Received 18 June 2014
Received in revised form
29 August 2014
Accepted 4 September 2014
Available online 26 September 2014

Keywords:
Capacitance spectroscopy
a-Si:H/c-Si Heterojunctions
High efficiency silicon solar cells
Depletion approximation
Strong inversion layer

a b s t r a c t

We briefly review the basic concepts of junction capacitance and the peculiarities related to amorphous
semiconductors, paying tribute to Cohen and to his pioneering work. We extend the discussion to very
high efficiency silicon heterojunction (SiHET) solar cells where both an amorphous semiconductor,
namely hydrogenated amorphous silicon, and heterojunctions are present. By presenting both modeling
and experimental results, we demonstrate that the conventional theory of junction capacitance based on
the depletion approximation in the space charge region, cannot reproduce the capacitance data obtained
on SiHET cells. The experimental temperature dependence is significantly stronger than that of the
depletion-layer capacitance, while the bias dependence yields underestimated values of the diffusion
potential, leading to strong errors if applied to the determination of band offsets using the procedure
proposed precedingly in the literature. We demonstrate that this is not related to the amorphous nature
of a-Si:H, but to the existence of a strongly inverted c-Si surface layer that requires minority carriers to
be taken into account in the analysis of the junction capacitance.

& 2014 Elsevier B.V. All rights reserved.

1. Introduction

In recent years silicon heterojunctions (HET) combining crystal-
line silicon (c-Si) wafers with thin layers of hydrogenated amorphous
silicon (a-Si:H) have received much attention in the world of
photovoltaics due to their ability to build high efficiency solar cells.
Indeed, many research groups have demonstrated cells with more
than 22% conversion efficiency [1–5], and the new world record for
silicon cells has been reached in April 2014 by Panasonic, with a
value of 25.6% based on Si-HET and rear contacting concepts [6].
Despite these impressive results there is still a lot to learn about this
kind of heterojunction cells. In particular, the assessment of the band
diagram parameters at the heterojunctions, the role of the a-Si:H
properties, the choice of the charge collection electrodes and the
characterization of interfaces need to be further investigated in order
to further improve the cell performance. This necessitates the
collection and analysis of results from various characterization
techniques. Space charge spectroscopy using capacitance and con-
ductance measurements is one of the useful techniques that can be
deployed to this purpose. Silicon HETs associate a very high quality
and almost defect free crystalline semiconductor with a defect rich

amorphous one. Space charges have different origins and different
behaviors in these two very different materials.

The theory of junction capacitance in crystalline semiconductors
can be found in textbooks on the physics of semiconductor devices
(see for instance [7]) and is usually based on the depletion approx-
imation. On the other hand, strong efforts have also been deployed
to analyze capacitance measurements of junctions formed on a-Si:H.
We want here to pay homage to the pioneering work of Cohen [8,9].
In this paper we briefly recall the fundamentals of capacitance
spectroscopy in both crystalline and amorphous semiconductors.
We then emphasize the failure of the usually accepted and almost
universally used depletion layer approximation for the junction
capacitance. This is demonstrated both for the use of the C–Vmethod
that could in principle be used to extract band offsets, and also for
the temperature dependence. We provide the physical explanation of
this failure that is not due to the amorphous nature of the emitter,
but to the existence of a strong inversion layer at the c-Si surface.

2. Samples and procedures

We measured the capacitance on high efficiency (η421%) solar
cells coming from EPFL-IMT and INES that were fabricated on
n-type crystalline silicon of similar doping density (E1015 cm!3)
[4,5]. These solar cells were not intended for bi-facial illumination
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so the non-illuminated side was metallized on the whole wafer
area (Fig. 1). Small pieces (between a few mm2 up to 0.5 cm2) were
cut inside larger area solar cells. We first measured the current–
voltage characteristics in order to check that the samples were not
affected after cutting in particular with regards to shunts from the
edges. The capacitance was then measured using Agilent 4284A
and E4980A precision LCR meters at different DC biases (from
!2 V to þ0.5 V) and frequencies (20 Hz–1 MHz). Measurements
were performed in two different cryogenic systems: one under
nitrogen gas exchange in the range 90–320 K and the other with a
cold finger chamber pumped down to 10!6 mbar in the range 90–
420 K. We verified that measurements performed in either cryo-
stat were reproducible and repeatable, crosschecked measure-
ments performed in both cryostats and found that the results
were identical within 5%.

3. Elements of junction capacitance theory

3.1. What do we really measure?

It is well known that charges of opposite sign develop at
equilibrium in each side of a p–n junction (defining the space
charge region) due to the difference in work function of the two
materials in contact. These charges are modified by an external
bias applied to the junction through an external circuit. Following
a slight positive change in applied bias δVa¼δ(φp!φn), φp and φn

being the electrochemical potential on the p- and n-side, respec-
tively, a small quantity of electrons will flow from the n-side into
the space charge region, giving a charge variation δQe (which is
thus negative for a positive change in applied bias considering the
negative charge of electrons) while a small quantity of holes will
enter the space charge region from the p-side, producing a charge
variation δQh of opposite sign, δQh¼!δQe, as depicted in Fig. 2.

The instrument used to measure the capacitance only “sees”
the flow of electrons that circulate in the external circuit, and the
capacitance is thus given by

C ¼ !
δQe

δVa
¼ þ

δQh

δVa
: ð1Þ

We emphasize that this is the general and correct definition
of the measured capacitance. It is more often used that C¼
!δQn/δVa¼þδQp/δVa, where δQn and δQp are the charge varia-
tions within the n- and p-side of the space charge region,
respectively. This only corresponds to the correct expression if

δQe¼δQn and δQh¼δQp. These equalities are true in the depletion
layer approximation that assumes that the density of both types of
carriers can be neglected compared to that of dopants within the
space charge region. Indeed, in that case after a small positive bias
change electrons entering the space charge region from the n-side
will just compensate some of the positively charged donors that
determine Qn; similarly holes entering the space charge region
from the p-side will just compensate some of the negatively
charged acceptors that determine Qp. However these equalities
do not hold for strongly asymmetrical p–n homojunctions (pþ–n
or p–nþ) or in some cases of heterojunctions. For instance, as we
will detail later, for pþ–n junctions and for the (p) a-Si:H/(n) c-Si
heterojunction solar cells the flow of holes entering the space
charge region from the p-side will also produce an increase in the
charge of holes located on the n-side of the junction, very close to
the junction interface where the density of holes may be larger
than that of donors. Noticing that δVa is equal to the variation in
total electrostatic potential drop, δVa¼δ(V(!1)!V(1)), and
integrating twice Poisson's equation, we obtain

δVa ¼ !
Z 1

!1

xδρðxÞ
εðxÞ

dx; ð2Þ

where ε(x) is the dielectric permittivity at position x, and δρ is the
change in space charge density.

We express the variation in charge density

δρðxÞ ¼ δρhðxÞþδρeðxÞ; ð3Þ

where δρh and δρe are the variations of space charge densities due
to exchanges with holes and electrons, respectively. If we assume
that the dielectric permittivity is the same in a-Si:H and in c-Si,
ε(x)¼ε, then a simple expression can be obtained for the junction
capacitance

C ¼
εA
wh i

; ð4Þ

where A is the junction area and

wh i¼ xe
! "

! xh
D E

; ð5Þ

is the separation between the first momentum of charge
variation due to exchanges with electrons and that due to
exchanges with holes

xe
! "

¼
R1
!1 xδρeðxÞdx

δQe ; ð6Þ

and

xh
D E

¼
R1
!1 xδρhðxÞdx

δQh : ð7Þ
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Fig. 1. Schematic view of the investigated silicon heterojunction solar cells
(texturing has been omitted for simplicity).
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Fig. 2. Principle and schematic circuit of the capacitance measurement. Arrows
indicate the charge flows following a small positive change in the bias applied to
the p–n junction.
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3.2. Application of the bias dependence of the capacitance in
crystalline junctions

3.2.1. Crystalline silicon homojunctions and the depletion
approximation

The illustration in case of an abrupt p–n homojunction on a
crystalline semiconductor with doping densities Na and Nd on the
p- and n-side, respectively, is shown in Fig. 3 within the depletion
approximation.

Due to the depletion of free carriers, the space charge extends
over a distance xn on the n-side and xp on the p-side, and the
charge density is constant on both sides within these regions,
equal respectively to qNd and –qNa, q being the positive unit
charge. Following a small positive change of applied bias, rechar-
ging of electrons occurs on the n-side in a very narrow region at
the edge space region, and recharging of holes occurs in the same
way in a very narrow region at the edge space region on the p-
side. Therefore, 〈w〉 is equal to the total width of the space charge
layer, 〈w〉¼xnþxp, which leads to the expression of the widely
used depletion layer capacitance

C ¼
εA

xpþxn
: ð8Þ

Relating the potential drop across the junction to the extent of
the space charge, one then obtains the dependence of the
capacitance on the applied voltage

A
C
¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2
qε

NaþNd

NaNd
Vd!

2kBT
q

!Vapp

$ %s

; ð9Þ

Vd being the total diffusion potential (also called built-in voltage), kB
the Boltzmann constant and T the temperature. The term 2kBT/q is a
small correction to the simple theory and arises when the tails of the
two majority carrier distributions near the edge of the depletion
region are taking into account [7]. These are the basic equations of
the capacitance–voltage technique or C–V method. For uniform
doping a plot of 1/C2 versus applied dc voltage yields a straight line,
the slope of which is determined by the doping densities. The
technique has been extended to derive the profile of doping density
or, more exactly, majority carrier density in non uniformly doped
semiconductors using the slope of a 1/C2!V curve (see for instance
[10] and references therein). In addition the intercept of the linear
extrapolation to the voltage axis of such a curve is Vd!2kBT/q, which
allows one to deduce the diffusion potential.

3.2.2. Heterojunctions and the depletion approximation
For heterojunctions, the same picture holds within the deple-

tion approximation; one has just to take account of the values of

permittivity, εp and εn on the p- and n-side, respectively, so that

A
C
¼
xp
εp

þ
xn
εn
; ð10Þ

and

A
C
¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2
q

εpNaþεnNd

εpεnNaNd

$ %
Vd!

2kBT
q

!Vapp

$ %s

: ð11Þ

Like for homojunctions, in case of uniform doping a plot of 1/C2

versus applied dc voltage yields a straight line, the slope of which
is determined by the doping densities (and electrical permittiv-
ities), and the intercept of the linear extrapolation to the voltage
axis yields the diffusion potential Vd.

In heterojunctions the C–V profiling method was further
extended to the determination of band offsets. This was proposed
and detailed by Kroemer for isotype n–N or p–P heterostructures
(the lower-case and upper-case letters referring to the narrow and
wide band gap semiconductors, respectively) [11,12] using the
depletion through a Schottky contact. However band offsets can
also be inferred in p–N or P–n heterojunctions from the measure-
ment of Vd as proposed by Forrest [13].

Let us consider a P–n heterojunction. From the analysis of the
band diagram at equilibrium (Fig. 4), it is found that [13]

qVd ¼ Egn!δp!δnþΔEV ; ð12Þ

δp¼(EF!EV)p and δn¼(EC!EF)n being the position of the Fermi
level in each semiconductor relative to the majority carrier band
edge, Egn the band gap of the n-type narrow gap semiconductor,
andΔEV the difference in the bottom of the valence band between
the small band gap and the wide band gap semiconductors. Since
δp and δn are in principle known from the doping of the
semiconductors (in amorphous semiconductors the position of
the Fermi level is not known directly from the doping but can be
inferred from measurements of the dark conductivity or from
photoemission spectroscopy), the measurement of Vd from the
intercept of 1/C2 versus Vapp allows one to deduce the valence
band offset from the knowledge of Egn using Eq. (12). For an N–p
heterojunction Egn andΔEV have to be replaced by Egp (band gap of
the p-type narrow gap semiconductor) and ΔEC (conduction band
offset), respectively, in Eq. (12). Thus for an N–p heterojunction the
conduction band offset can be deduced from the measurement of
Vd and from the knowledge of δp, δn, and of the band gap of the
narrow gap semiconductor.

It has to be emphasized that expressions (8)–(11) of the
capacitance are based on the depletion approximation. This
assumes that the charge of both types of free carriers is negligible
compared to that of the ionized donors or acceptors close to the
junction interface. However for highly asymmetric homojunctions
or depending on the band offsets in heterojunctions the density of

-xp

x

qNd

-qNa

x

xn

-qNd

qNa

Fig. 3. Space charge density at a p–n homojunction within the depletion approx-
imation (top) and changes following a small positive increment of the applied bias
(bottom).
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EV 

EF 

Fig. 4. Equilibrium band diagram at a P–n heterojunction (wide gap p-type
semiconductor and small gap n-type semiconductor), showing the definitions of
material and interface parameters. The band offsets are counted positively as
indicated in this figure.
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minority carriers close to the junction interface in one of the
semiconductors can be very large and even exceed that of ionized
doping atoms (i.e. that of majority carriers in the semiconductor
bulk). In that case a strong inversion layer builds up at the
interface and the charge due to these minority carriers has to be
taken into account in the calculation, as will be considered in
Section 3.4.

3.3. Specificity of a-Si:H

Compared to their crystalline counterpart amorphous semi-
conductors like a-Si:H generally contain a much higher density of
electronic defects resulting in a large density of states (DOS)
distributed across the whole band gap. Thus the space charge in
a-Si:H at the vicinity of a junction is not directly related to the
doping atoms but rather to the DOS and in particular its value at
the Fermi level. Another striking difference for the electrical
properties in a-Si:H compared to c-Si concerns the dynamic
behavior. Indeed, in defect-free crystalline semiconductors the
junction capacitance given by Eqs. (8)–(11) does not depend on
frequency in the normally used measurement frequency range (up
to a few MHz). This is because the dielectric relaxation time is
much lower than the period of the ac signal. On the contrary in
a-Si:H the capacitance can be frequency dependent. Indeed,
electrical transport is less efficient than in c-Si due to lower carrier
mobility and lower carrier densities even for doped a-Si:H, thus
yielding a much longer dielectric relaxation time. Moreover, since
the space charge is related to band gap states and to their
occupation, free carriers that flow into (or out of) the space charge
region must be captured (or released) by those gap states. These
capture/release processes also have characteristic inverse times
that may be comparable to the measurement frequency. These
phenomena have been studied by several workers in the 80's
mainly to quantify the density of states in a-Si:H from frequency
and temperature dependent capacitance measurements in
Schottky diodes using either an equivalent electrical diagram
approach [14,15] or analytic calculations [16,17]. However we
want to pay special tribute to Cohen, because he and his co-
workers have produced a pioneering work to explain the dynami-
cal behavior of junction space charges in a-Si:H and to provide
theoretical analyses of space charge spectroscopy for the determi-
nation of material properties [8,9].

Here we only briefly recall the main aspects and results by
considering the space charge region in n-type a-Si:H at a Schottky
barrier at equilibrium. The charge density in the space charge
region is mainly determined by states at and close to the bulk
Fermi level. To a first approximation it has a typical exponential
spatial dependence (this is the exact dependence if the DOS is
constant). The characteristic width of this exponential dependence
is the Debye length, LD, of the material that is given by [9,18]

L2D ¼
ε

q2gðEF Þ
; ð13Þ

where g(EF) is the DOS at the bulk Fermi level.
Regarding the dynamic behavior, since only states close to the

Fermi level may change their occupation upon a small change in
applied bias, the characteristic response time τc for charge varia-
tion reads

τcðxÞ ¼
1

2νnexp !ððEC!EF ÞðxÞ=kBTÞ
& '; ð14Þ

νn being the attempt-to-escape frequency, and EC the bottom of
the conduction band. The characteristic response time is the
inverse of the sum of capture and emission frequencies of both
electrons and holes. Since we consider here a Schottky barrier
formed on n-type a-Si:H, capture and emission frequencies of

holes are neglected compared to that of electrons. Moreover, at the
Fermi level emission and capture frequencies of electrons are
identical, which leads to the factor of 2 in the denominator in
Eq. (14) [18], that had often been omitted [9,16] with no direct
consequence since the value of the attempt-to-escape frequency is
not well known. For a Schottky barrier on p-type material, a
similar expression would hold with νp, the attempt-to-escape
frequency of holes and EF!EV instead of νn and EC!EF, respec-
tively. This response time depends on the distance to the junction
due to the band bending. Considering that the capacitance is
measured by applying a small ac voltage at a given angular
frequency ω, this leads to the definition of a cut-off abscissa xω
defined as the abscissa where the product ωτc(xω) is equal to 1. In
a simplified approach, one can assume that states at the Fermi
level located at xoxω (closer to the junction) are too deep in the
band gap and thus have a too long characteristic time to be able to
follow the ac signal while those located at x4xω are fully able to
follow the ac signal. Therefore changes in space charge occur only
at x4xω with a distribution that has a characteristic width LD. This
is schematically depicted in Fig. 5.

As a consequence, the mean position 〈xe〉 of the variation in
space charge density is 〈xe〉¼xωþLD. In p-type a-Si:H, equivalent
relations hold with exchanges of holes and 〈xh〉 instead of 〈xe〉.
Since xω depends on both frequency and temperature, the capa-
citance exhibits a temperature and frequency dependence that can
be summarized as a capacitance “step” on a C versus T plot, the
step being shifted to higher temperatures when the measurement
frequency is increased [18,19]. Regarding the variation of space
charge and capacitance with DC bias, the amorphous nature of the
material also implies a deviation from the linear dependence of
1/C2 that prevails in crystalline junctions [20].

3.4. Calculation of the a-Si:H/c-Si heterojunction capacitance

In n-type c-Si, the charge density at any point x (we take x¼0
as the a-Si:H/c-Si interface) is given by

ρðxÞ ¼ q pðxÞ!nðxÞþNd½ '; ð15Þ

where Nd is the doping density that is uniform in the high quality
c-Si wafers that are used for very high efficiency solar cells, of the
order of 1015 cm!3.

The total space charge in c-Si can be expressed as

Qc!Si ¼ Qh;c!SiþQdepl;c!Si; ð16Þ

x

LD

< x e>

x

x

Fig. 5. Static space charge density at an n-type a-Si:H Schottky barrier and changes
in space charge density following a small positive increment of the applied bias on
a timescale 1/ω.
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where Qh,c-Si is the charge due to holes and Qdepl,c-Si is the depletion
charge, given respectively by

Qh;c!Si ¼ q
Z 1

0
pðxÞdx; ð17Þ

Qdepl;c!Si ¼ q
Z 1

0
Nd!nðxÞ½ 'dx: ð18Þ

The c-Si wafer has a given thickness dc-Si (of the order of
150 mm) that is much larger than the thickness of the space charge
layer, and the back contact can be considered as having negligible
impact on the measured capacitance so we will neglect it here and
the c-Si wafer can be regarded as semi-infinite. The total charge in
(n) c-Si is balanced by a charge of opposite sign on the p-side.
However, since the thickness of a-Si:H in HET cells in only of the
order of a few nanometers, and also due to time constants that can
be much longer in a-Si:H to refill the space charge with holes, one
has to take account of the charge at the collecting electrode on the
a-Si:H, Qp-electrode, so that the global charge neutrality reads

Qc!SiþQa!Si:HþQp!electrode ¼ 0 ð19Þ

Recently we have developed a complete analytical calculation
of the a-Si:H/c-Si heterojunction capacitance [21]. We have solved
Poisson's equation in both c-Si and a-Si:H, taking into account the
overall charge neutrality from Eq. (19). It is noteworthy that this
calculation takes into account the contribution of holes in c-Si in
Eq. (15) and the charge of holes (Qh,c-Si) which are neglected in the
depletion approximation approach. Then the capacitance has been
calculated from the derivative of the charge of extracted or refilled
electrons at the n-side with respect to applied voltage as described
by Eq. (1), with δQe¼δQdepl,c-Si. This calculation of the a-Si:H/c-Si
heterojunction capacitance has been improved by adding the (i) a-
Si:H buffer layer existing in a real solar cell and by introducing the
finite thickness of the (p) a-Si:H layer. Of course, it is also possible
to suppress the contribution of holes in our calculation. We have
checked that this leads to very similar results as the simplified
depletion approximation calculation.

4. Results and discussion

4.1. Bias dependence

Since the DOS at the Fermi level of doped a-Si:H can reach very
high values (1018–1020 cm!3 eV!1), the Debye length in a-Si:H is
only a few nanometers. One can thus think the (p) a-Si:H/(n) c-Si

junction to behave like a pþ/n junction. In that case, according to the
depletion theory, the voltage drop on the pþ side is negligible
compared to that on the c-Si n-side, and the non-crystalline character
of a-Si:H should not play a significant role in the determination of the
capacitance that can thus be expected to exhibit a linear dependence
of 1/C2 versus DC voltage with almost no frequency dependence.

Such a linear dependence is indeed observed experimentally
under reverse bias and moderate direct bias in a wide temperature
range as shown in Fig. 6. However the intercept voltage, Vint, of these
linear portions appears to be quite low. As an example, at T¼300 K,
the intercept voltage is 0.56 V. The Fermi level position in bulk c-Si is
0.25 eV. The position of the Fermi level in (p) a-Si:H is estimated at
about 0.3 eV from temperature dependent conductivity measure-
ments performed on (p) a-Si:H layers deposited on glass substrates.
If one assumes that the intercept voltage is equal to the diffusion
potential (corrected by 2kBT/q) and applying Eq. (12), one then
obtains that the valence band offset is almost zero. This is much less
than values reported recently in the literature: about 0.4 eV obtained
from planar conductance measurements performed on (p) a-Si:H/
(n) c-Si interfaces coming from various institutes [22] and similar
values (or even larger for higher hydrogen content and thus larger
band gap of a-Si:H) obtained from photoelectron spectroscopy [23].
In addition, we can note that the value of Vint¼0.56 V is much lower
than the open circuit voltage measured under normalized AM1.5G
conditions, Voc¼725 mV. The low value of Vint obtained from the C–
V analysis will be explained in Section 4.3.

4.2. Temperature dependence

The temperature dependence measured at 0 V on the high
efficiency silicon heterojunction solar cell from EPFL is shown in Fig. 7.

One can see that above 300 K the capacitance exhibits a frequency
independent behavior (so-called quasistatic behavior) and increases
significantly with temperature. The small frequency dispersion of C–T
curves at low temperatures has also been observed by other authors
[24,25], and is related to hole response and collection at the p-side,
but we will not go further into these details here. The overall
capacitance increase with temperature is very similar to that pre-
viously observed on the high efficiency cell from INES [21].

4.3. Discussion

The depletion approximation does not allow one to reproduce
the large increase of capacitance observed experimentally. This is
shown in Fig. 8, where the capacitance calculated within the
depletion approximation is compared to experimental data.
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One might argue that strong temperature dependence of phy-
sical parameters like the position of the Fermi level in a-Si:H or the
valence band offset might be able to reconcile calculated and
experimental data. This is not the case and we have shown that
even with unreasonable temperature dependences of these para-
meters the calculated capacitance still exhibits weaker temperature
dependence than observed experimentally [21]. This emphasizes
the failure of the existing theory of the depletion capacitance that
neglects minority carriers in the calculation of the space charge in c-
Si. Indeed, the capacitance calculated without neglecting the term
due to holes in the space charge exhibits a stronger temperature
dependence than the one calculated by neglecting the holes’
contribution to the space charge (which was shown to coincide
with the depletion capacitance calculation) if a strong inversion
layer is present at the c-Si surface. Such a strong inversion layer
exists if the band bending in c-Si is large enough so that the hole
concentration at the silicon surface becomes larger than the doping
density. In our calculations we increased the band bending in c-Si
by increasing the valence band offset, without changing the
bandgap in a-Si:H and the position of the Fermi level in (p) a-Si:H
referred to the valence band (δa-Si:H). The results are shown in Fig. 9.

One can see the strong correlation between these curves and
the charges Qh,c-Si and Qdepl,c-Si defined by Eqs. (17) and (18) that
are shown in Fig. 10.

Indeed, for ΔEV¼0.5 eV, Qh,c-Si is larger than Qdepl,c-Si in the
whole temperature range and the two capacitances calculated
with or without including the holes in the space charge density
calculation are different. On the opposite, for ΔEV¼0.1 eV, Qh,c-Si is
smaller than Qdepl,c-Si in the whole temperature range and the two
capacitances calculated with or without including the holes are
identical. Finally, the caseΔEV¼0.3 eV is intermediate since strong
inversion occurs above 300 K, where indeed the two capacitances
are different while they coincide at low temperature where no
strong inversion exists.

In order to clarify the role of holes in the calculation of the
capacitance we refer to Section 3.1. Indeed, when no strong
inversion at the c-Si surface exists, the static charge density and
the variation in charge density following a small positive change in
applied bias are depicted in Fig. 11.

The mean position of the negative charge variation 〈xe〉 is given
by the width of space charge in c-Si, wc-Si, while the mean position
of the positive charge variation 〈xh〉 is related to the charge
response in a-Si:H, leading to a capacitance given by

C ¼
εA

wa!Si:Hþwc!Si: ð20Þ

Actually, if the thickness of a-Si:H is of the order or smaller
than LD, part of the charge is confined at the hole collecting
electrode, i.e. at the TCO/a-Si:H contact, meaning that wa-Si:H

cannot be larger than da-Si:H. Since wa-Si:H5wc-Si, a good approx-
imation of the capacitance is simply

C (
εA

wc!Si ð21Þ

However, if strong inversion exists at the c-Si surface and the
flow of holes from the p-side essentially contributes to increase
the strong hole charge located in c-Si (that is much larger than the
charge in a-Si:H), the mean position of positive charge variation
〈xh〉 is shifted into c-Si and becomes close to the strong inversion
layer extent, xinv, as depicted in Fig. 12.

The capacitance is then given by

C ¼
εA

wc!Si!xinv
: ð22Þ

So far we have demonstrated that in the presence of a strong
inversion layer the capacitance calculated without neglecting the
holes is different from the depletion capacitance calculation and
that it exhibits a stronger temperature dependence. However the
physical reason for this stronger increase is still not explained.
To explain it, let us focus on the temperature dependence for zero
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applied DC voltage. For the first case (no strong inversion) the
temperature dependence of the capacitance is given by that of
wc-Si, related to the potential drop in c-Si, namely,

wc!SiðTÞ ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2ε
qNd

Vc!Si
d ðTÞ

s

; ð23Þ

with

qVc!Si
d ðTÞ ¼ Ec!Si

g ðTÞþ ΔEV !δa!Si:H!qVa!Si:H
d

h i
ðTÞ!kBT ln

NC ðTÞ
Nd

:

ð24Þ

For the second case (with strong inversion) the capacitance
depends on wc-Si!xinv, which represents the width of the actual
depletion layer limited by the strong inversion region. This width

is thus simply related to the potential drop within this region

½wc!Si!xinv'ðTÞ ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2ε
qNd

Vc!Si;inv:limited
d ðTÞ

s

; ð25Þ

Vd
c-Si,inv.limited being designated as the strong inversion limited

depletion layer potential drop as illustrated in Fig. 13, given by [21]

qVc!Si;inv:limited
d ðTÞ ¼ Ec!Si

g ðTÞ!2kBT ln
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
NCðTÞNV ðTÞ

p

Nd
: ð26Þ

As we already mentioned above the temperature dependence
of the central term (ΔEV!δa-Si:H!Vd

a-Si:H) in Eq. (24) is weak com-
pared to that of the two other terms. Therefore, if we compare the
temperature dependencies of the two potential drops in Eqs. (24)
and (26), we can observe that the one of qVd

inv.limited is enhanced by
the factor of 2 in the last term. This enhanced temperature
dependence results in the stronger increase of capacitance with
temperature in presence of a strong inversion layer.

It is noteworthy that the presence of the (i) a-Si:H buffer layer
does not modify the explanation for the stronger temperature
dependence. The (i) a-Si:H layer modifies the total charge in a-Si:H
that includes the contributions of both (p) a-Si:H and (i) a-Si:H.
Increasing the (i) a-Si:H layer thickness will increase the weight of
a-Si:H in the charge balance and thus increase the potential drop
in a-Si:H and decrease the band bending in c-Si, resulting in a
decrease of Qh,c-Si. This is illustrated in Fig. 14 where we compare
the temperature dependence of Qh,c-Si calculated for three values
of (i) a-Si:H buffer layers (di¼0, 10, 40 nm) and for three values of
valence band offsets (ΔEV¼0.1, 0.3, 0.5 eV). Thus, for thick (i) a-Si:
H layer the strong inversion layer may disappear. However, as long
as strong inversion exists the average position of the charge
variations due to refilling of holes from the p-side and of electrons
from the n-side is as depicted in Fig. 12, with the consequence of
the stronger increase of capacitance with temperature as com-
pared to the depletion approximation.

Finally, we emphasize the link between the strong temperature
dependence of the capacitance and the low value of the intercept
voltage Vint observed in Section 4.1. Indeed, when a strong
inversion layer of holes exists at the c-Si surface, application of a
DC bias, Va, will result in a shift of Vd

c-Si,inv.limited, Eq. (24) being
modified by substracting Va in the right hand side. Thus the
intercept voltage, Vint, obtained from 1/C2 versus Va plot is not
equal to the total diffusion potential but is equal to Vd

c-Si,inv.limited. As
one can see from the band diagram in Fig. 13 this potential can be
smaller than the diffusion potential. This in turn will yield under-
estimated values of the valence band offset when Eq. (12) is
applied with Vint used as Vd. Actually, if strong inversion exists at
the surface, the intercept voltage being equal to Vd

c-Si,inv.limited does
not depend any more on the band offset as evidenced in Eq. (26).
This had already been observed on (n) a-Si:H/(p) c-Si where ΔEC
appears instead of ΔEV in Eq. (12), while computer simulations
had shown that the intercept voltage of the linear extrapolation of
1/C2 versus Va saturates at a given value when increasing ΔEC

x
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qNd
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0
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electrons

Fig. 11. Space charge density at the Si heterojunction, and the changes due to
electrons and holes flowing into the space charge region following a small positive
increment in applied bias if no strong inversion layer exists at the c-Si surface.

Fig. 12. Space charge density at the Si heterojunction, and the changes due to
electrons and holes flowing into the space charge region following a small positive
increment in applied bias if a strong inversion layer exists at the c-Si surface.

Fig. 13. Equilibrium band diagram at the (p) a-Si:H/(n) c-Si heterojunction if a
strong inversion region exists at the c-Si surface, showing the limit of the strong
inversion region and the potential drop in the depleted region that is limited by the
strong inversion region.
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instead of increasing linearly as would be expected if Vint would
follow Vd [26]. The same origin of the stronger temperature
dependence and low intercept voltage value of 1/C2 can be further
evidenced if one considers the apparent diffusion voltage, Vd

app,
obtained from capacitance data as defined in [21]:

Vapp
d ðTÞ ¼

qNdε
2

A
C

$ %2

: ð27Þ

Indeed, one can see in Fig. 15 that the temperature depen-
dences of the experimental Vint and Vd

app quantities are the same.
Moreover, we can observe that above 240 K this temperature
dependence is very well reproduced by that of Vd

c-Si,inv.limited

calculated from Eq. (26). As explained above, the slope is markedly
stronger (by about a factor of 2) than the one obtained from the
numerical calculation of the capacitance for ΔEV¼0.5 eV (where
strong inversion conditions prevail) if one neglects the contribu-
tion of holes to the space charge density in the space charge
region. Comparing our experimental data to Vd

c-Si,inv.limited we can
conclude that strong inversion conditions prevail above 240 K. At
lower temperatures there is a slight deviation indicating that the
hole inversion layer becomes weaker. As we have shown from our
calculations, such a behavior can be expected for a valence band
offset in the range 0.3–0.5 eV. However in the low temperature
range one has to take care of transport in a-Si:H and to the TCO/a-
Si:H interface that can also have an impact on the transition
temperature above which the regime fully determined by strong
inversion prevails. Note that the obtained range for the conduction
band offset agrees with the values determined in our group from
planar conductance measurements [22] and in other groups using
other techniques [23]; to pay again tribute to Cohen, we can notice
that he also published early results on the a-Si:H/c-Si band offsets
from capacitance measurements, however not directly on solar
cells and using another experimental method and procedure
(namely from a voltage filling pulse method) and he also con-
cluded that most of the band offset between a-Si:H and c-Si occurs
at the valence band [27].

The depletion layer approximation had been first criticized by
Gummel and Scharfetter from calculations on pþn step homo-
junctions where these authors showed that the intercept voltage
in highly dissymmetric junctions is not as expected from the
simple depletion approximation [28]. However only very few
papers in the literature dealt with this inversion layer related
problem [29–31], and to our best knowledge, no indication on the
temperature dependence had been published. It is amazing that
the peculiar temperature dependence could be evidenced from

measurements on solar cells combining a-Si:H and c-Si since one
could think that a-Si:H, as a very defective material could greatly
influence the capacitance behavior. As a matter of fact, the very
thin a-Si:H layer combined with the high DOS in a-Si:H make the
(p) a-Si:H/(n) c-Si junction behave as a pþn junction with a
limited influence of the a-Si:H side, except for the creation of the
strong inversion layer of holes at the c-Si surface. Moreover, the
low deposition temperature and low deposition time of a-Si:H
ensure that the junction is really abrupt and cannot suffer from
diffusion of species during the junction formation which could
modify the analysis. From this point of view one can say that the
a-Si:H/c-Si heterojunction is a deal model system to reveal the
weakness of the depletion layer capacitance theory and to empha-
size that minority carriers have to be considered in the junction
capacitance of heterostuctures where strong band bending pro-
duces a strong inversion layer.

5. Conclusions

We have reviewed the traditional depletion approximation
theory for the capacitance analysis including the ingredients
related to the continuum of gap states in amorphous semiconduc-
tors. We have shown that this theory is unable to describe the
temperature dependence observed on high efficiency (p) a-Si:H/
(n) c-Si heterojunction solar cells. Indeed, the increase of capaci-
tance observed experimentally on solar cells is much stronger than
predicted from the depletion capacitance theory. In addition, 1/C2

versus voltage plots do exhibit a linear behavior, which could
make one confident in using the depletion approximation theory
for the determination of band offsets assuming that the intercept
of the linear extrapolation of the 1/C2 data with the voltage axis
yields the diffusion voltage. However we have demonstrated that
this intercept voltage is much lower than the actual diffusion
potential, which leads to a strong underestimation of the valence
band offset. So the depletion theory fails both in describing the
temperature dependence and in determining the diffusion poten-
tial. We have shown that both failures can be attributed to the
strong inversion layer of holes that builds up in such cells at the
crystalline silicon surface, and we have detailed the physical
explanation.

Fig. 14. Influence of the (i) a-Si:H layer thickness, di, on the hole inversion charge in
c-Si: di¼0 nm (◇), di¼10 nm (○) and di¼40 nm (□), calculated for three values of
valence band offset (ΔEV¼0.1 eV, 0.3 eV, and 0.5 eV).
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