
HAL Id: hal-00357332
https://hal.science/hal-00357332

Submitted on 25 May 2022

HAL is a multi-disciplinary open access
archive for the deposit and dissemination of sci-
entific research documents, whether they are pub-
lished or not. The documents may come from
teaching and research institutions in France or
abroad, or from public or private research centers.

L’archive ouverte pluridisciplinaire HAL, est
destinée au dépôt et à la diffusion de documents
scientifiques de niveau recherche, publiés ou non,
émanant des établissements d’enseignement et de
recherche français ou étrangers, des laboratoires
publics ou privés.

Electrotunable band gaps of one- and two-dimensional
photonic crystal structures based on silicon and liquid

crystals
J. Arriaga, L. Dobrzynski, Bahram Djafari-Rouhani

To cite this version:
J. Arriaga, L. Dobrzynski, Bahram Djafari-Rouhani. Electrotunable band gaps of one- and two-
dimensional photonic crystal structures based on silicon and liquid crystals. Journal of Applied
Physics, 2008, 104, pp.063108-1-7. �10.1063/1.2975832�. �hal-00357332�

https://hal.science/hal-00357332
https://hal.archives-ouvertes.fr


J. Appl. Phys. 104, 063108 (2008); https://doi.org/10.1063/1.2975832 104, 063108

© 2008 American Institute of Physics.

Electrotunable band gaps of one- and two-
dimensional photonic crystal structures
based on silicon and liquid crystals
Cite as: J. Appl. Phys. 104, 063108 (2008); https://doi.org/10.1063/1.2975832
Submitted: 01 April 2008 • Accepted: 01 July 2008 • Published Online: 23 September 2008

J. Arriaga, L. Dobrzynski and B. Djafari-Rouhani

ARTICLES YOU MAY BE INTERESTED IN

Announcement: Focus Issue on “Bipedal Locomotion: From Robots to Humans”
Chaos: An Interdisciplinary Journal of Nonlinear Science 18, 030202 (2008); https://
doi.org/10.1063/1.2975825

Fabrication of zinc oxide nanorods based heterojunction devices using simple and economic
chemical solution method
Applied Physics Letters 93, 083124 (2008); https://doi.org/10.1063/1.2975829

Phase transformations during rapid heating of Al/Ni multilayer foils
Applied Physics Letters 93, 081903 (2008); https://doi.org/10.1063/1.2975830

https://images.scitation.org/redirect.spark?MID=176720&plid=1735779&setID=379065&channelID=0&CID=634322&banID=520641639&PID=0&textadID=0&tc=1&type=tclick&mt=1&hc=9c1ac18f5d6639d1702da7e8807e4ca243d2c309&location=
https://doi.org/10.1063/1.2975832
https://doi.org/10.1063/1.2975832
https://aip.scitation.org/author/Arriaga%2C+J
https://aip.scitation.org/author/Dobrzynski%2C+L
https://aip.scitation.org/author/Djafari-Rouhani%2C+B
https://doi.org/10.1063/1.2975832
https://aip.scitation.org/action/showCitFormats?type=show&doi=10.1063/1.2975832
https://aip.scitation.org/doi/10.1063/1.2975825
https://doi.org/10.1063/1.2975825
https://doi.org/10.1063/1.2975825
https://aip.scitation.org/doi/10.1063/1.2975829
https://aip.scitation.org/doi/10.1063/1.2975829
https://doi.org/10.1063/1.2975829
https://aip.scitation.org/doi/10.1063/1.2975830
https://doi.org/10.1063/1.2975830


Electrotunable band gaps of one- and two-dimensional photonic crystal
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One- and two-dimensional photonic crystals based on silicon with infiltrated liquid crystals are
investigated in this paper. We show that the photonic band gap can be continuously tuned changing
the orientation of the director of the liquid crystal. For the one-dimensional case, we considered
arbitrary direction of propagation of the electromagnetic waves, and we show that it is possible to
tune the photonic band gap by an adequate orientation of the liquid crystal. For the two-dimensional
case and propagation in the plane of periodicity, we show that there exists no complete photonic
band gap in the system for both polarizations. We consider two different configurations, square array
of solid Si cylinders in liquid crystal background and a triangular array of liquid crystal cylinders
surrounded by Si. We show that for the triangular array it is possible to tune the photonic band gap
only for the transversal electric modes. We used the plane wave expansion method to solve the
Maxwell equations for anisotropic systems. © 2008 American Institute of Physics.
�DOI: 10.1063/1.2975832�

I. INTRODUCTION

In the last decade photonic crystals �PCs� have attracted
a great deal of attention from the research community due to
their ability to control the propagation of light in solid
materials.1–3 Using this property, several applications and de-
vices have been proposed. For many applications, tunability
of photonic band structure through electro-optical effects
would be desirable. A promising approach is the combination
of semiconductor PCs with liquid crystals �LCs�, which al-
lows a tuning of the photonic band gap.4–11 The characteris-
tic optical anisotropy of LCs due to the molecule configura-
tion and alignment allows one to easily modify their
refractive index n and then the optical properties of the entire
PC. The infiltration of LCs has been done in opal
structures,2,3,5 macroporous silicon,4,12 one-dimensional
�1D�, two-dimensional �2D�, and three-dimensional
PCs.6–10,13–15 However, both in the 1D and 2D cases, only
particular orientations for the director of the LC have been
considered.

In this paper we study theoretically the 1D and 2D PCs
with infiltrated LCs. Using the plane wave �PW� expansion,
we solve the Maxwell equations for the propagation of elec-
tromagnetic �EM� waves in 1D and 2D periodic structures.
The PCs consist of a periodic array of two different materi-
als, a dielectric and a LC. For the 1D case we considered
arbitrary direction for propagation and for the 2D case we
considered square and triangular arrays of circular LC cylin-
ders in a dielectric matrix and propagation in the plane of
periodicity. In both 1D and 2D cases we have considered
arbitrary direction for the director of the LC. We have se-
lected Si as the dielectric due to the high technological inter-

est existing presently. We show that it is possible to tune the
photonic band gap, orientating adequately the LC.

II. THEORETICAL ASPECTS

The general wave equation for an inhomogeneous di-
electric structure is given by

� � ��−1�r� � � H�r�� = ��

c
�2

H�r� . �1�

Of course, the dielectric tensor for a periodic structure made
of anisotropic materials is periodic, ��r+R�=��r�, with R
=n1a1+n2a2+n3a3 being the lattice vectors generated by the
primitive vector ai describing the PC. Generally, LCs possess
two kinds of dielectric index. One is the ordinary dielectric
index �o and the other is the extraordinary dielectric index �e.
EM waves with the electric field parallel �perpendicular� to
the director of the LC have extraordinary �ordinary� dielec-
tric index. For the LC we can choose a coordinate system
�principal set of axes� in which the dielectric tensor is diag-
onal with principal entries �e parallel and �o perpendicular to
its director n̂, respectively,

�LC� = ��o 0 0

0 �o 0

0 0 �o
� . �2�

For PCs, we choose the coordinate system fixed with the
z-axis along the periodicity for the 1D case and along the
axis of the cylinders for the 2D case. The director n̂ of the
LC can be arbitrarily orientated with respect to these refer-
ence frames. The dielectric tensor in the coordinate system of
the PC can be computed by

a�Author to whom correspondence should be addressed. Electronic mail:
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�LC = R��,���LC� RT��,�� , �3�

where R is the rotation matrix from the LC principal set of
coordinates to the PC coordinate system. The angles � and �
describe the orientation of the director of the LC with respect
to the PC coordinate system and this is displayed in Fig. 1.
As it can be seen in Fig. 1, � is the angle between the LC
director n̂ and the z-axis, and � is the angle between the
projection of the LC director on the xy-plane and the x-axis.
Once we apply the rotation matrix according to Eq. �3�, the
elements of the LC dielectric constant tensor in the xyz co-
ordinate system are

�xx = �o + �− �o + �e�cos2 � sin2 � ,

�xy = �yx = �− �o + �e�sin � cos � sin2 � ,

�xz = �zx = �− �o + �e�cos � cos � sin � ,

�yy = �o + �− �o + �e�sin2 � sin2 � ,

�yz = �zy = �− �o + �e�sin � sin � cos � ,

�zz = �o sin2 � + �e cos2 � . �4�

If we consider a PC made of anisotropic materials, the
dielectric tensor ��r� can be expanded in a Fourier series on
G, the reciprocal vectors as

��r� = 	
G

��G�exp�iG · r� . �5�

Using the Bloch theorem we can expand the magnetic field
as

H�r� = 	
G

	
�=1

2

h��G�ê��G�exp�i�k + G� · r� , �6�

where � labels the two polarizations for any PW in such a
way that ê��G�, ��=1,2�, and ê3�G�= �k+G� / 
k+G
 form
an orthogonal triad. Inserting Eqs. �5� and �6� into Eq. �1�
results in an infinite matrix eigenvalue problem,

	
G�


k + G
� ê2�G� · �−1�G,G�� · ê2�G�� − ê2�G� · �−1�G,G�� · ê1�G��
− ê1�G� · �−1�G,G�� · ê2�G�� ê1�G� · �−1�G,G�� · ê1�G��

�
k + G�
�h1�G��
h2�G��

� = ��

c
�2�h1�G�

h2�G� � . �7�

In this equation, �−1�G ,G��=�−1�G−G��, where �−1�G� is
the Fourier transform coefficient of �−1�r�. For isotropic PCs,
the previous set of equations can be separated into two inde-
pendent equations satisfied by the two independent polariza-
tions, provided that the direction of propagation of the EM
waves is along the direction of periodicity for the 1D PC
case and in the plane of periodicity for the 2D case. How-
ever, for the anisotropic PCs this decoupling is possible only
for particular orientations of the director of LC n̂, and this
can be made only if the nondiagonal terms in Eq. �7� are
equal to zero, i.e., êi�G� ·�−1�G ,G�� · ê j�G��=0 with i� j.
For arbitrary orientations of the director, we have a system of
coupled equations and we must solve it completely. For nu-
merical purposes Eq. �7� is truncated by retaining only a
finite number of reciprocal vectors. In the case of PCs with
LC components, the dielectric tensor is real and symmetric,
and Eq. �7� is likewise a standard real symmetric eigenvalue.
The main numerical problem in obtaining the eigenvalues
from Eq. �7� is the evaluation of the Fourier coefficients of
the inverse dielectric tensor. This can be done as in the case
of isotropic materials in two different ways. One can calcu-
late the inverse dielectric tensor in real space and then com-

pute its Fourier coefficients; alternatively, one can calculate
the matrix of the Fourier coefficients of the real space tensor
and then inverse the matrix to obtain the required Fourier
coefficients.16 This last method was shown to be more effi-
cient for the isotropic tensor and it will be used throughout
this paper.

III. 1D PHOTONIC CRYSTALS

The 1D PC studied in this paper consists of alternating
layers of anisotropic �LC� and isotropic dielectric media with
the z-axis of the PC along the direction of periodicity. The
dielectric isotropic media are taken to be Si and the aniso-
tropic media are a LC with two dielectric constants �e and �o.
For arbitrary orientation of the director n̂, we can choose the
orientation of the xyz axes of the PC in such a way that the
projection of n̂ in the xy plane is along the y-axis, which
corresponds to �=� /2. Then the matrix elements different
from zero of the dielectric tensor for the anisotropic LC are

FIG. 1. Coordinate axis �xyz� for the PC and the principal set of axes
�x�y�z�� of the LC.
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�LC = ��o 0 0

0 �o cos2 � + �e sin2 � ��e − �o�sin � cos �

0 ��e − �o�sin � cos � �o sin2 � + �e cos2 �
� .

�8�

For on-axis propagation ê3�G�= �0,0 , �k+G� / 
k+G
�, ê1

= �1,0 ,0�, and ê2= �0, �k+G� / 
k+G
 ,0�, where k and G are
1D vectors along the z-direction. Then we can write the mag-
netic field as H=H1x̂+H2ŷ. When we substitute these in Eq.
�7�, the off-diagonal elements are equal to zero and noticing
that the form of �−1�G ,G�� is similar to Eq. �8�, we obtain
two independent equations similar to isotropic case,

	
G�

�k + G��yy�G,G���k + G��H1 = ��

c
�2

H1, �9�

	
G�


k + G
�xx�G,G��
k + G�
H2 = ��

c
�2

H2, �10�

where �ij =�ij
−1 is the corresponding block matrix of the in-

verse matrix dielectric tensor ��G ,G��. Therefore, we can
observe that for arbitrary orientation of the director n̂, we
obtain two equations: one equation is independent of the
orientation of the director of the LC �Eq. �10�� and one �Eq.
�9�� depending on the angle between the director n̂ and the
direction of periodicity. We can see in Eq. �9� that when the
magnetic field is along the x-axis, its corresponding electric
field is along the y-axis, and the system of equations uses
�yy, which according to Eq. �8� depends on �o, �e, and �. We
call this “extraordinary” mode. On the other hand, we see in
Eq. �10� that when the magnetic field is along the y-axis, its
corresponding electric field is along the x-axis and its asso-
ciated dielectric constant is �o �Eq. �10� uses �xx�. We call
this “ordinary” mode and it does not depend on the orienta-
tion of the director n̂. Of course if �=0 then both equations
are the same and we have the normal solution for an isotro-
pic system with �o dielectric constant. On the other hand, if
the director is perpendicular to the direction of periodicity
��=� /2�, the extraordinary mode is governed by �e as it can
be seen in Eq. �8� and the ordinary mode remains unchanged.
For conventional 1D PCs with alternating isotropic layers the
dielectric constant difference between the two alternating
layers is the same for the two components H1 and H2 of the
magnetic field for propagation along the axis of the system.
However, for 1D PCs formed by alternating layers of isotro-
pic and anisotropic materials, the dielectric constant contrast
is polarization dependent. The dielectric constant difference
for the extraordinary-called and ordinary-called polarizations
is ����−�b and �o−�b, respectively, where �b is the dielectric
constant of the isotropic material �Si in our case�. These
dielectric constant differences lead to a polarization-
dependent band gap. We have done calculations for the 1D
PC formed by alternating isotropic Si layers with an �b

=11.9025 at a wavelength of 1.55 	m and anisotropic phe-
nylacetylene LC with �o=2.5281 and �e=4.9284.5 In Fig. 2,
we show the band structure calculated for on-axis propaga-
tion using Eqs. �9� and �10� with the director perpendicular
to direction of periodicity z. The band structure displayed in

the figure corresponds to a fraction dLC /dSi=0.8 of volume
occupied by the LC, and the wavevector kz is in units of 1 /a,
a being the lattice constant. We chose this filling fraction
since for this value, and due to the dielectric contrast, the
structure possesses a photonic band gap wide enough to
stress the effect of the LC orientation. We can clearly ob-
serve the different band gaps for both polarizations. The
empty circles correspond to the ordinary mode and the solid
circles are for the extraordinary modes. Because the ordinary
mode does not depend on the orientation of the director of
the LC, both results coincide for �=0. For ��0 the bands
for the extraordinary mode move to low frequencies break-
ing the degeneracy until they reach the maximum splitting at
�=� /2. When the director points along the z-axis, the two
lowest complete photonic band gaps are observed from 

=�a /2�c=0.197 to 
=0.306 and from 
=0.4642 to
0.5618, respectively. In Fig. 3, we can see the dependence on
the gap of the director’s orientation n̂ of the extraordinary
mode, where we plot the two lowest gaps of the structure as
a function of the angle �. The shaded regions correspond to
the band gap evolution for the extraordinary mode. The solid
lines correspond to the band gaps of the ordinary mode,
which is � independent. As we can see in the figure, we can
tune the band gaps of the structure by changing the orienta-
tion of the director of the LC. When �=0 �director along the
z-axis� the band structure for both polarizations is the same.

FIG. 2. Band structure for the 1D PC formed by Si/LC periodic array. The
width of the LC is 0.8a. The band structure for ordinary �empty circles� and
extraordinary �solid circles� polarizations is presented.

FIG. 3. �Color online� Evolution of the two lowest band gaps as a function
of the angle � of the director n̂ of the LC. The solid lines correspond to the
gap for the ordinary modes, which are independent of �. Shaded regions
indicate the gaps for the extraordinary modes.
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If we increase the angle � the widths of these two band gaps
for the extraordinary mode decrease and move to lower fre-
quencies. This band shift leads to a mismatch in the band gap
for both polarizations. The complete photonic band gap for
both polarizations is given by the intersection of the shaded
areas and the straight lines. We observe that for ��650 the
structure still possesses a complete photonic band gap at low
frequencies.

For arbitrary direction of propagation, i.e., not along the
direction of periodicity, decoupling of Eq. �7� is still possible
if both the director n̂ and the propagation constant k are in
the same plane. For example, if we take the direction of
propagation in the yz plane as is schematically shown in Fig.
4, then k=kyŷ+kzẑ. In this case, ê3�G�= �0,ky / 
k+G
 , �kz

+G� / 
k+G
�, ê1= �1,0 ,0�, and ê2= �0, �kz+G� / 
k+G
 ,
−ky / 
k+G
�. Using these vectors in Eq. �7� we obtain a sys-
tem of equations for the ordinary mode still as Eq. �10�,
which depends on �o only. However, the set of equations
describing the extraordinary mode is now given by the equa-
tion

	
G�

�kz + G���yy�kz + G�� − �yzky�

+ ky�− �zy�kz + G�� + �zzky��H1 = ��

c
�2

H1, �11�

which depends on the ky and kz components of the propaga-
tion constant and includes also the other components of
��G ,G��; of course, considering that the propagation of EM
waves in arbitrary directions is more realistic in 1D systems.
It is worthwhile to observe that the ordinary modes, due to
the term 
k+G
 in Eq. �10�, also depend on the two compo-
nents of the propagation constant. We have done calculations
for different values of the ky component of the propagation
vector. In Figs. 5�a� and 5�b�, we show the band structure
with ky=0.5 �in units of 1 /a� for off-axis propagation for
�=0 and � /2, respectively. We can observe from the figures
that when we increase the parallel component �ky� of the
propagation vector, there is a variation in the band gap
widths of both modes and they move to higher frequencies
�compare Fig. 5 and Fig. 2�. This behavior can be clearly
observed in Figs. 6�a� and 6�b�, where we schematically
show the evolution of the band gaps as a function of the
parallel component of the propagation constant. Figures 6�a�
and 6�b� show the evolution of the band gaps when the di-

rector of the LC is parallel and perpendicular to the direction
of periodicity, respectively. In Fig. 6�a�, for ky =0 both modes
are degenerate and the band gaps correspond to the gaps with
�=0 of Fig. 3. The dotted and solid lines in Fig. 6 correspond
to the gaps for the ordinary modes, whereas the shaded re-
gions correspond to the extraordinary gaps. The complete
photonic band gaps for off-axis propagation are given by the
intersection between the dotted lines and shaded regions. We
observe that when we increase ky both gaps move to higher
frequencies. In the interval studied in this paper 0�ky �1
and for the two configurations considered, the width of the
lowest band gap for the ordinary modes increases when we
increase ky, whereas the second gap decreases. On the other
hand, the band gap widths of the extraordinary modes have a
different behavior depending on the orientation of the direc-
tor n̂. When the director is along the direction of periodicity,
the lowest band gap goes to zero at ky =1. For this configu-
ration and for the interval of frequencies displayed in the
figure, the structure possesses two complete photonic band
gaps for almost all the values of ky analyzed here, except for
the interval between 0.72�ky �0.8, in which we observe

FIG. 4. Coordinate axes for the PC �xyz� and the LC �x�y�z��. The direction
of propagation of the EM wave is along the ê3 direction. The vector n̂=z�
and ê3 are in the plane yz.

FIG. 5. Band structure for off-axis propagation with ky =0.5 �in units of
1 /a�. �a� �=0 and �b� �=� /2. Open circles correspond to the ordinary
modes, whereas solid circles correspond to the extraordinary modes.

FIG. 6. �Color online� Evolution of the lowest band gaps for the ordinary
�solid and dashed lines� and extraordinary �shaded regions� modes as a
function of the parallel component ky of the wavevector. �a� Director n̂
parallel to the direction of periodicity. �b� Director n̂ perpendicular to the
direction of periodicity.
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only one gap. From Fig. 6�b� we observe that because the
ordinary mode is independent of �, the widths of these bands
are the same as in Fig. 6�a�. The only difference between Fig.
6�a� and Fig. 6�b� is the evolution of the extraordinary
modes. We observe a different behavior when comparing
both figures. The lowest band gap of Fig. 6�b� moves to
higher frequencies decreasing its width until it reaches the
minimum value around ky =0.4, and from that point it in-
creases reaching its maximum value at ky =1. For this con-
figuration the structure possesses only one complete photonic
band gap because the higher bands never intersect. From all
these results we observe that the evolution of the band gaps
depends not only on the orientation of the director of the LC
but also on the direction of propagation of the EM waves.

IV. 2D PHOTONIC CRYSTALS

We have studied as well 2D PCs made of LC cylinders
in a square array embedded in a solid silicon matrix. The
cylinders run along the z-axis. They are infinitely long and
the periodic array is in the xy-plane. If the director of the LC
is along the axis of the cylinders �z-axis�, then the matrix
elements different from zero of the dielectric tensor are

�LC = ��o 0 0

0 �o 0

0 0 �e
� . �12�

On the other hand, if the director n̂ of the LC is in the
plane of periodicity xy, ��=� /2�, then the dielectric tensor
has the following expression:

�LC = � �o sin2 � + �e cos2 � �− �o + �e�sin � cos � 0

�− �o + �e�sin � cos � �o cos2 � + �e sin2 � 0

0 0 �o
� .

�13�

If we propagate the EM waves along the plane of periodicity,
and this is the only case considered in this work, then both
the G vectors and the propagation vector k are 2D vectors,
and for the two configurations mentioned before, we can still
separate Eq. �7� into two independent sets of equations for
the two independent modes. If we chose ê1= �0,0 ,1� and
taking into account that ê3�G�= �k+G� / 
k+G
 is in the plane
of periodicity, then ê2= ��ky +Gy� / 
k+G
 ,−�kx+Gx� / 
k
+G
 ,0�. Because the magnetic field is written as H=H1ê1

+H2ê2, if we insert the unitary vectors in Eq. �7�, the nondi-
agonal terms are equal to zero and we obtain the following
set of uncoupled equations,

	
G�

�ky + Gy���xx�G,G���ky + Gy��

− �xy�G,G���kx + Gx��� − �kx + Gx���yx�G,G���ky + Gy��

− �yy�G,G���kx + Gx����H1 = ��

c
�2

H1, �14�

	
G�


k + G
�zz�G,G��
k + G�
H2 = ��

c
�2

H2. �15�

In Eq. �14�, the magnetic field is along the axis of the cylin-
ders and these modes are called transversal electric �TE�
modes; on the other hand, Eq. �15� describes the modes
whose magnetic field is in the plane of periodicity and they
are called transversal magnetic �TM� modes. For the two
configurations considered here ��=0,� /2�, we observe com-
paring Eq. �15� with Eqs. �12� and �13� that the TM modes
depend only on �e when �=0 and on �o when �=� /2 since
they include the �zz matrix only. On the other hand, when
�=0 the TE modes depend on �o only; however, they depend
on the orientation of the director in the plane xy when �
=� /2. The TE modes for this case depend on �o, �e, and �.
For arbitrary orientations of the director in the plane xy, the
nondiagonal elements of the dielectric tensor are different
from zero and they must be included according to Eq. �14�.
Finally, it is not possible to obtain independent equations for
the two independent modes if we propagate the EM waves
out the plane of periodicity. In this case, the modes are
coupled and the system of Eq. �7� must be solved completely.
We have calculated the band structure for the square and
triangular lattices. For the square lattice we considered the
PC made of solid Si cylinders embedded in a LC matrix.
From Eqs. �14� and �15�, we observe that when the director
is orientated along the axis of the cylinders, we obtain a set
of equations similar to the isotropic case with the dielectric
constant of the LC equal to �e and �o for the TE and TM
modes, respectively. In Fig. 7, we show the band structure
for this configuration using the same values for �e and �o as
in the previous section. The radius of the Si cylinders is
taken as r=0.2a. The empty circles correspond to the TE
modes, whereas the solid circles correspond to the TM
modes. From our calculations we observe that there is a
small photonic band gap for the TM modes only at frequen-
cies between 0.2819 and 0.2685. This is due to the contrast
between the solid Si cylinders and the �e used in the equation
for these modes. We calculated the band structure for the
case when the director is perpendicular to the axis of the
cylinders. In Fig. 8 we show the band structure for this con-
figuration for two different orientations of the director n̂ in
the plane of periodicity; �=0 and � /2. The solid circles
correspond to the TM modes, whereas the open circles cor-

FIG. 7. Band structure for the TE �open circles� and TM �solid circles�
modes for a square lattice of solid Si cylinders embedded in a LC matrix.
The director n̂ is along the axis of the cylinders.
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respond to the TE modes. Figure 9�a� corresponds to the case
�=� /4. From Figs. 8�a� and 8�b� we observe that the band
structure for the TM modes is the same since according to
Eqs. �13� and �15� the TM modes do not depend on the
orientation of the director n̂ in the plane xy. Only the TE
modes are dependent on the � angle. We choose this system
to compare our results with those reported in Ref. 6. Cheng-
Yang et al. studied this system and they reported a
�-dependence on the band structure for the TM modes. Ob-
viously their results are incorrect. From Fig. 1 of Ref. 6 we
observe that for �=� /2 the TM modes have their corre-
sponding electric field along the axis of the cylinders and
therefore the equation, which describes these modes must
contain �o only. This is the Eq. �15� of this paper, which
depends only on �o according to Eq. �13�. On the other hand,
TE modes depend on � because Eq. �14� includes the diag-
onal and nondiagonal elements of Eq. �13�. We calculated the
photonic band structure for all the values of the radius r
corresponding to nonoverlapping Si cylinders in a LC ma-
trix, for the conjugate lattice �LC cylinders in a Si matrix�,
and for different values of the angle �. Unfortunately for this
system there is no complete photonic band gap for the TE
modes, which are the only modes that depend on the � angle.
From Figs. 8 and 9�a� we observe different irreducible Bril-
louin zones �IBZ� depending on the orientation of the direc-
tion n̂ of the LC background. This is because introducing

anisotropic materials into the structure reduces the symmetry
of the system. The correct IBZ is calculated by enumerating
the point symmetry operations, which survive in the crystal
after the infiltration of the LC. For the three cases considered
in this work, only four symmetry operations survive from the
eight symmetry operations of the C4.17 Of course the cases
�=0 and �=� /2 are equivalent and they possess the same
IBZ. Propagating an EM wave along the direction �−X
when �=0 will be equivalent to propagating along �−X�
when �=� /2. This equivalence can be observed by compar-
ing the band structure along the �−X direction of Fig. 8�a�
with the band structure of Fig. 8�b� along the �−X� direc-
tion. Of course, because the TM modes are independent of �,
the band structures displayed in Figs. 8 and 9�a� are all
equivalent. This equivalence is clearly observed if we com-
pare the band structure of half of the direction M −M� of Fig.
9�a� with the band structure of Fig. 8�a� along the M −X
direction. In Fig. 9�b� we show schematically the orienta-
tions of the director and the different IBZs used for the cal-
culations. From Fig. 8 we observe that the band structure
along the X−M and M −X� directions seems symmetric with
respect to inversion along the M point. Of course our crystal
does not possess this symmetry. A careful analysis of the
band structure confirms this statement; the frequencies ob-
tained are different. In conclusion, the band structure for the
EM waves propagating in the plane of periodicity of a square
array of solid Si cylinders embedded in a LC anisotropic
medium does not possess any complete photonic band gap
for both polarizations. There is a complete photonic band gap
for the TM modes only. However, these modes are indepen-
dent of the orientation of the LC’s director n̂. Therefore, the
photonic band gap of this system cannot be tuned by orien-
tating the director n̂.

However, it is well known that the triangular array of Si
solid cylinders embedded in air possesses a complete photo-
nic band gap for both polarizations.18 With the purpose to
have a system with tunable photonic band gap, we have done
calculations for a triangular array of LC cylinders embedded
in a Si matrix. We considered LC cylinders with radius r0

=0.48a, a being the lattice constant and the values of �e and
�o are the same as in the calculations for the square lattice
discussed in the previous paragraph. In Fig. 10�a� we show
the band structure for �=0 �director n̂ along the axis of the
cylinders� and in Figs. 11�a�–11�c� we show the band struc-
ture with the director n̂ in the plane of periodicity ��=� /2�
for �=0, �=� /3, and �=� /2, respectively. In all the fig-
ures, solid circles correspond to the TM modes and the open
circles correspond to the TE modes. As we can see in the
figures, for the values of dielectric constants used in this
work, there is no complete photonic band gap for the TM
modes. However, the TE modes exhibit a complete photonic
band gap and the value of this gap can be tuned by an ad-
equate orientation of the LC. As before, when the director n̂
is in the plane of periodicity, the band structure for the TM
modes is independent of �. Only the TE modes are depen-
dent on the orientation of the LC since the equation describ-
ing these modes is dependent on the angle � �see Eqs.
�12�–�15��. Again, we have different 2D IBZs depending on
the orientation of n̂ in the plane x−y. For the cases consid-

FIG. 8. Band structure for the square lattice of solid Si cylinders in a LC
matrix with the director n̂ in the plane of periodicity ��=� /2�. �a� �=0 and
�b� �=� /2. Solid �empty� circles are for the TM �TE� modes.

FIG. 9. �Color online� �a� Band structure for the TE �open circles� and TM
�solid circles� with �=� /4. �b� Schematic representation for the orientation
of the director n̂ in the plane of periodicity and correct IBZ used in the
calculations.
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ered in this work, from the 12 symmetry operations of the
group C3, only four symmetry operations survive after the
infiltrations of LC cylinders. The correct IBZs for the differ-
ent orientations of n̂ considered here are schematically
shown in Figs. 10�b� and 10�c�. Figure 10�b� is the IBZ for
the case �=0 and this is the same for the isotropic case.
Figure 10�c� is the IBZ for the case �=� /2 with �=0. Of
course, the case �=� /2 with �=0, �=� /3, and �=� /2 has
the same IBZ. In Figs. 10�b� and 10�c�, the high symmetry
points, along which the band structures of Figs. 10�a� and 11
were calculated, appear. From our results we can observe
that only the TE modes are sensitive to the orientation of the
director n̂ in the plane of periodicity. From our results we
observe a shift in the band gap for the TE modes from
�a /2�c=0.3152−0.3216 for �=0 to 0.3148–0.3484 for �
=� /3 and to 0.3148–0.3307 for �=� /2.

V. CONCLUSIONS

We have calculated the photonic band structure for 1D
and 2D PCs made by anisotropic LCs. Using the PW expan-

sion to solve the Maxwell equations we have demonstrated
that for the 1D case, it is possible to tune the photonic band
gap by an adequate orientation of the director n̂ of the LC.
This photonic band gap depends not only on the orientation
of the director, but also on the direction of propagation of the
EM wave. In the 2D case and for propagation in the plane of
periodicity, we have shown that for the square array of solid
Si cylinders in LC background it is not possible to tune the
gap because only the TM modes present a complete photonic
band gap and these modes are independent of the orientation
of the LC’s director n̂. However, for the triangular array of
LC cylinders surrounded by Si, this tune is possible for the
TE modes only. For 2D PCs care must be taken in order to
consider the correct IBZ. This IBZ is given by counting the
number of symmetry operations, which survive after the in-
filtration of LC.
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FIG. 11. �Color online� �a� The same as in Fig. 10 but �=� /2 and �=0. �b�
and �c� correspond to �=� /3 and �=� /2, respectively.

063108-7 Arriaga, Dobrzynski, and Djafari-Rouhani J. Appl. Phys. 104, 063108 �2008�

http://dx.doi.org/10.1103/PhysRevLett.81.2574
http://dx.doi.org/10.1103/PhysRevLett.83.967
http://dx.doi.org/10.1103/PhysRevLett.86.4052
http://dx.doi.org/10.1103/PhysRevB.61.R2389
http://dx.doi.org/10.1063/1.1516868
http://dx.doi.org/10.1103/PhysRevB.72.045133
http://dx.doi.org/10.1364/JOSAB.23.000159
http://dx.doi.org/10.1364/JOSAB.23.000159
http://dx.doi.org/10.1364/JOSAB.23.001478
http://dx.doi.org/10.1063/1.2053353
http://dx.doi.org/10.1063/1.2430626
http://dx.doi.org/10.1063/1.2430485
http://dx.doi.org/10.1109/JSTQE.2006.884083
http://dx.doi.org/10.1016/j.jlumin.2006.08.078
http://dx.doi.org/10.1063/1.2199090
http://dx.doi.org/10.1016/j.physb.2006.05.009
http://dx.doi.org/10.1103/PhysRevLett.65.3152
http://dx.doi.org/10.1364/JOSAA.23.002002
http://dx.doi.org/10.1364/JOSAA.23.002002

